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PREFACE

MCEER is a national center of  excellence dedicated to the discovery and development of  new knowl-
edge, tools and technologies that equip communities to become more disaster resilient in the face of  
earthquakes and other extreme events. MCEER accomplishes this through a system of  multidisciplinary, 
multi-hazard research, in tandem with complimentary education and outreach initiatives. 

Headquartered at the University at Buffalo, The State University of  New York, MCEER was originally 
established by the National Science Foundation in 1986, as the fi rst National Center for Earthquake 
Engineering Research (NCEER). In 1998, it became known as the Multidisciplinary Center for Earth-
quake Engineering Research (MCEER), from which the current name, MCEER, evolved.

Comprising a consortium of  researchers and industry partners from numerous disciplines and institutions 
throughout the United States, MCEER’s mission has expanded from its original focus on earthquake 
engineering to one which addresses the technical and socio-economic impacts of  a variety of  hazards, 
both natural and man-made, on critical infrastructure, facilities, and society.

The Center derives support from several Federal agencies, including the National Science Foundation, 
Federal Highway Administration, National Institute of  Standards and Technology, Department of  
Homeland Security/Federal Emergency Management Agency, and the State of  New York, other state 
governments, academic institutions, foreign governments and private industry.  

This report provides guidance on the application of  the provisions of  the 2016 ASCE 7 Standard for the analysis and 
design of  seismically isolated buildings. These new provisions introduced a systematic approach for the determination of  
the bounding values of  the mechanical properties of  the isolators on the basis of  experimental data of  prototype isola-
tors and considerations for the effects of  the environment, aging and uncertainty.  The report presents an overview of  the 
concept of  system property modifi cation factors that is used in the establishment of  the bounding values and proceeds with 
two systematic examples, one for an elastomeric and one for a sliding isolation system.  Moreover, the new provisions are 
critically reviewed for consistency between the requirements for establishing bounding values and the prescribed acceptance 
criteria in the testing of  prototype isolators.  Changes are proposed to the standard to avoid inconsistencies.
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ABSTRACT 

The application of seismic isolation in the United States is regulated by building codes which invariably 

refer to the ASCE 7 Standard for analysis and design requirements. The Standard has evolved over the 

years to reflect the state of the art and practice in the field.  The latest evolution, ASCE 7-2016, now 

includes a systematic procedure for establishing upper and lower bound values of isolator properties with 

due consideration for three categories of effects, namely: a) aging effects and environmental conditions, 

b) hysteretic heating and history of loading effects, and c) manufacturing variations. 

 

This report provides commentary to practicing engineers on the basis and implementation of ASCE 7-

2016 (the Standard), with respect to the property modification (lambda or λ) factors. These factors are 

used to define the upper and lower bound properties for analysis and design. It is emphasized, however, 

that this report does not strictly follow all provisions of ASCE 7-2016. Rather, it includes an evaluation 

and a critique of the provisions on the procedures of obtaining data on the bounding values of mechanical 

properties, and recommendations for changes. The report starts with discussion on the mechanical 

properties of isolators, their force-displacement models and the concept of property modification factors. 

Next there is clarification on the types of property modifications mentioned in the Standard with guidance 

on the magnitude of various effects. An interpretation of the Standards testing requirements is presented, 

with direction given on how to decide on the lower bound values of mechanical properties for analysis.  

 

The determination of property modification factors is illustrated for a elastomeric and a sliding isolation 

system which are made up of lead-rubber and low-damping natural rubber isolators and triple Friction 

Pendulum
TM

 isolators, respectively. For each system, the following design scenarios are reported: (a) 

assuming there is no qualification test data available, and (b) using prototype test data of two isolators. A 

third option (c) of having complete production test data available for the analysis and design is also 

discussed. These factors are project-specific, manufacturer-specific and also dependent on the material 

used, therefore cannot be simply adopted for other designs. Finally, nonlinear response history analyses 

are undertaken for each design scenario (i.e. each range of isolation system properties) to show the effects 

of bounding.   
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SECTION 1 

INTRODUCTION 

1.1 Scope of Report 

Seismically isolated buildings in the United States are designed in accordance with the requirements of 

Chapter 17 of the American Society of Civil Engineers Standard ASCE-7. Currently the 2010 edition of 

the Standard (ASCE 7, 2010) is being revised with a number of alterations proposed for Chapter 17 of the 

2016 edition (ASCE 7, 2016). Appendices D and E at the end of this report present the revised Chapter 17 

during the balloting period that started in late 2014 and was still ongoing  at the conclusion of the writing 

of this report in February 2015.  One major amendment, which is the focus of this report, is the addition 

of a new section titled “Isolation System Properties”. This section consolidates and clarifies previous 

provisions and provides new provisions for the explicit development of property modification (lambda or 

λ) factors. These lambda factors are used to determine the upper and lower bound force-displacement 

behavior of isolation system components on a project-specific and product-specific basis. 

 

The aim of this report is to provide guidance to practicing engineers on the basis and implementation of 

the Standard ASCE 7-2016, with respect to the lambda factors. This is first developed through discussion 

on the mechanical properties of isolators, their force-displacement models and how different factors affect 

behavior. Next there is clarification of parameters mentioned in ASCE 7-2016 and an interpretation on the 

testing requirements, which is complemented with design examples. For each system, the following 

design scenarios are investigated: (a) assuming there is no qualification test data available, and (b) using 

prototype test data of two isolators. A third option (c) of having complete production test data available 

for the analysis and design is also discussed.  The lambda factors are calculated for lead-rubber, low-

damping natural rubber and sliding isolators. Finally, nonlinear response history analyses are undertaken 

for each design scenario (i.e. each range of isolation system properties) to show the effects of bounding. 

 

The building used in the examples presented in this report is taken from the Structural Engineers 

Association of California 2012 Seismic Design Manual, Volume 5 (“SEAOC Manual”). The SEAOC 

Manual is specific to the ASCE 7-10 provisions. This report gives insight on how the latest ASCE 7-2016 

provisions may affect the design and gives commentary on meeting the intent of ASCE 7-2016 with 

regard to bounding analysis. It is noted that an author of this report was a member of the Standards 

committee, and therefore has first-hand accounts of how the ASCE 7-2016 revisions came to fruition.   
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1.2 Intent of Seismic Isolation Provisions 

Seismic isolation is arguably the most effective way to protect a building, its occupants and its contents 

from the damaging effects of major earthquakes. The application of the technology in the United States is 

regulated by building codes which invariably refer to the ASCE 7 (“the Standard”) for requirements for 

the analysis and design of structures with seismic isolation.  The Standard has evolved over the years to 

reflect the state of the art and practice in the field.  The latest evolution (ASCE 7-2016) includes a 

systematic procedure of establishing upper and lower bound values of isolator properties with due 

consideration for uncertainties, testing tolerances, aging, environmental effects and history of loading.  

The following paragraphs give a perspective of the intent as well as rationale for the Standard’s 

provisions. 

 

The ASCE Standard describes the minimum requirements to provide reasonable assurance of a seismic 

performance for buildings and other structures that will: 

1. Avoid serious injury and loss of life due to: 

a. Structural collapse 

b. Failure of nonstructural components or systems 

c. Release of hazardous materials 

2. Preserve means of egress 

3. Avoid loss of function in critical facilities, and 

4. Reduce structural and nonstructural repair costs where practicable to do so. 

These performance objectives do not have the same likelihood of being achieved and depend on a number 

of factors. These include structural framing type, building configuration, structural and nonstructural 

materials and details, and the overall quality of design and construction. In addition, there are large 

uncertainties in the intensity and duration of shaking, which will affect performance. 

 

The key point to note is that seismic isolation is a high-performance system which is not on a level 

playing field to other systems. That is, a seismically isolated building and a conventional fixed-base 

building, designed to their respective minimum requirements of ASCE 7 will not perform the same in a 

major earthquake. A seismically isolated building is expected to have a considerably better performance, 

with no significant damage or downtime whereas a conventional building may be damaged to the point 

where it is uneconomical to rehabilitate. This is due to the inherent nature of isolation (i.e. reduces both 

displacements and accelerations in the superstructure) as well as the minimum requirements of the 

Standard. The minimum requirements of ASCE 7-2016 (Chapter 17), although not explicitly seeking 
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damage control as an objective, indirectly will give limited damage as a consequence of ensuring that 

proper isolation is achieved. For example, the Standard limits the amount of inelastic action and drift that 

may occur in the superstructure in order to avoid detrimental coupling with the isolation system. 

Moreover, the Standard requires that the isolators be designed and tested for the effects of the Maximum 

Considered Earthquake (MCE). 

 

Seismic isolation can be likened to introducing an engineered soft-story in the structure. All inelastic 

action and displacement is concentrated in a single level of the building. Therefore the global response of 

the building hinges on the performance of the isolation system, and special care must be taken to ensure it 

is reliable. The materials used for isolator units differ somewhat from conventional construction 

materials, in that their properties may vary considerably due to temperature, aging, contamination, history 

of loading, among other factors (see Section 3). There are no standards which govern how an isolator 

must be produced and assembled. These details vary by manufacturer and are usually proprietary. 

Furthermore there is no official certification required of manufacturers before they can start supplying 

isolators. Consequently, there can be a considerable difference in the quality and performance of isolators, 

even for identical isolator types produced by different manufacturers. 

 

Given the importance of the isolation system, and considerable uncertainty in the quality of different 

manufacturers, ASCE 7-2016 has taken the approach of requiring the Registered Design Professional 

(RDP) to determine (in consultation with the manufacturer) the nominal isolator properties and to account 

for the likely variation in those properties on a project-specific and product-specific basis. This is 

achieved through a combination of test data and engineering judgment and is now explicitly required in 

the Standard through the use of upper bound and lower bound analysis. The intent is that this will give 

reasonable assurance of the isolation systems performance throughout the life of the building. 

 

1.3 Analysis Procedures for Seismically Isolated Structures 

There are three methods used to analyze and design seismically isolated buildings. These are the 

Equivalent Lateral Force (ELF) method, which is a static procedure, the Response Spectrum method and 

Response History Analysis, both of which are dynamic procedures. The practice in the United States has 

evolved such that most isolated buildings are designed using Nonlinear Response History Analysis 

(NLRHA) with an ELF analysis used to evaluate the results of the dynamic analysis and obtain minima 

for response quantities. NLRHA gives the most realistic prediction of response and can be used for all 

building types. Conversely, ASCE 7 puts limitations on when the ELF and Response Spectrum methods 
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can be used.  Also, ASCE 7-2016 expanded the range of applicability of the ELF procedure relative to 

earlier versions of the Standard in an attempt to simplify the application of seismic isolation. 

 

All structural analyses require a mathematical model of the isolator’s lateral force-displacement behavior. 

The adopted nonlinear model can be implemented directly for NLRHA, or it can be linearized using an 

effective stiffness and effective damping for the ELF and Response Spectrum procedures. Section 2 gives 

common models used for elastomeric and sliding seismic isolators, with detail on which properties govern 

the force-displacement behavior. These simple models assume that the mechanical properties of the 

isolator remain constant during the earthquake motion as well as during the entire design life. In reality 

the properties will vary, perhaps significantly, from the adopted nominal values due to a number of 

different effects as discussed in Section 3.  

 

To account for this variation, ASCE 7-2016 takes the approach of performing parallel analyses, one using 

the isolation system’s upper bound force-displacement properties and one using the lower bound force-

displacement properties. The upper and lower bound values of mechanical properties are determined from 

nominal values of properties and the use of property modification (lambda) factors. Even with the most 

complex models, which can explicitly account for some property variations (i.e. instantaneous 

temperature, velocity, axial load, etc.), there will likely always be a need to perform bounding analysis in 

order to account for the effects of aging and specification tolerance, since these factors are not captured 

by mathematical models. 

 

The governing case for each response parameter, whether from the upper or lower bound analysis, is then 

used for design. Typically the maximum structural forces are from the upper bound analysis and the 

maximum isolator displacements are from the lower bound analysis. This approach is similar to capacity-

design, whereby the probable properties of the ductile mechanism are used to design and detail structural 

elements. This ensures that (1) a majority of the inelastic deformation and energy dissipation is confined 

to the isolation system, and (2) the design can sustain and accommodate the maximum displacement.  
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SECTION 2 

FORCE-DISPLACEMENT MODELS OF ISOLATORS 

2.1 Introduction 

The analysis of seismically isolated buildings requires a mathematical model of the isolator’s lateral 

force-displacement behavior. The true behavior of an isolator is nonlinear and complex, therefore 

different analysis models exist with varying sophistication. This section gives examples of simple models 

used to characterize the force-displacement behavior of elastomeric and sliding isolators, and specifically, 

what properties/parameters govern the force-displacement behavior. The concept of using property 

modification (lambda) factors to envelope the likely isolator’s behavior is introduced in Section 2.4.  

 

The low-damping natural rubber and lead-rubber elastomeric isolators and the Friction Pendulum
TM 

sliding isolators are the predominant types of seismic isolators used in practice. The desirable features of 

these isolators is that laterally they have low stiffness, with good energy dissipation and re-centering 

ability, and vertically they remain stable under the weight of the building and large displacements. The 

force-displacement behavior is nonlinear, hysteretic and can be idealized by either a rigid-linear, bilinear 

or tri-linear model as identified in this section. These types of isolators have been extensively tested and 

implemented in practice for the past 30 years, with design based on the models that follow.  

 

It is noted that new isolator concepts cannot be used unless they have verified and validated models. This 

involves two parts, (1) the isolators behavior must be verified by dynamic qualification testing in a rig, 

and (2) the mathematical model of the isolator used for structural analysis must be validated by 

experimental testing (e.g. shake table testing) by showing stability and generation of comparable 

analytical and experimental results (i.e. displacements, shear forces, etc.). 

 

2.2 Modeling Elastomeric Isolator Units 

The lateral force-displacement behavior of a lead-rubber isolator can be idealized by the bilinear 

hysteretic loop shown in Figure 2-1 (Constantinou et al. 2011). 
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Figure 2-1 Idealized Bilinear Force-Displacement Relation of a Lead-Rubber Isolator  

 

For this basic nonlinear model, the mechanical behavior of the lead-rubber isolator is characterized by the 

following three parameters: 

a) Characteristic strength, Qd. The characteristic strength is the strength of the isolator at zero 

displacement. It is related to the area of lead AL and the effective yield stress of lead σL as follows: 

d L L
Q A        (2 - 1) 

Note that equation (2-1) implies any contribution to the strength from rubber is included in the 

effective yield strength of lead.  This is a simplification as rubber has a small quantifiable 

contribution to strength.  The reader is referred to Kalpakidis et al (2008) for a procedure to 

account for the contribution of rubber, although the procedure is mostly of academic interest in 

advanced modeling of the behavior of lead-rubber isolators.   

b) Post-elastic stiffness, Kd. The stiffness is related to the shear modulus of rubber G, the bonded 

rubber area Ar and the total thickness of rubber layers Tr as follows: 

r
d L

r

GA
K f

T
       (2 - 2) 

The parameter fL accounts for the effect of the lead core on the post-elastic stiffness and ranges in 

value from 1.0 to about 1.2. Only after repeated cycling is the value of fL close to unity.  Within 

the context of bounding analysis, factor fL is set equal to unity and any uncertainty is incorporated 

in the value of G (and by relation in stiffness Kd) by use of the testing lambda factor λtest. 

c) Yield displacement, Y. This parameter dictates the unloading elastic stiffness of the isolator, and 

is used in calculating the effective damping. Typically it is in the range of 6 to 25mm (0.25 to 1 

inch) and is either assumed or estimated based on a visual fit of test data. Although the in-
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structure accelerations and the isolator residual displacements can be sensitive to the value of Y, it 

is not an important parameter in calculating the global response. Typically only Qd and Kd are 

subject to property modification factors.   

 

The bilinear hysteretic model can be linearized by calculating the effective stiffness Keff and the effective 

damping βeff. Keff  is calculated by dividing the maximum force by the maximum displacement DM and βeff 

is calculated as: 

 
2

2 d M

eff

eff M

Q D Y

K D





       (2 - 3) 

Low-damping natural rubber isolators are defined as having an effective damping of less than 5%.  The 

mechanical behavior of the isolator can be characterized simply as a linear-elastic element with a stiffness 

obtained using equation (2 - 2) with fL set to unity. A single linear viscous damping element may be added 

in each principal direction (and in torsion) to represent the damping capability of all isolators. 

Alternatively, each isolator may be modeled as a hysteretic element with post-elastic stiffness given by 

equation (2 - 2) with fL set to unity, yield displacement determined by the procedures for lead-rubber 

isolators and strength Qd  approximately given by: 

    0.065
2

eff d M

d d M

K D
Q K D


           (2 - 4) 

where DM is the displacement in the maximum earthquake and βeff is the effective damping.  Note that the 

simplification in equation (2-4), 0.065KdDM, is based on arbitrarily taking the effective damping as 0.04.  

Also, the value of Qd  may be deduced from the test loops. 

 

2.3 Modeling Sliding Isolator Units 

Spherically shaped sliding isolators come in a variety of configurations, with behavior dictated by the 

different combinations of surfaces upon which sliding occurs. The formulation, implementation and 

validation of models for multi-spherical sliding isolators can be found in Fenz and Constantinou (2008). 

Double and triple Friction Pendulum
TM

 (FP) configurations offer many benefits over the single FP 

configuration. For example, more compact isolators, increased displacement capacity, decreased sliding 

velocities (approximately halved) and therefore reduced frictional heating and associated problems with 

wear and variability in friction. This report focuses on a “special” type of triple FP isolator (defined in 

this section), which is commonly used in practice. 

 

The rigid-linear model (Figure 2-2), is a simple but valuable model that can be used for all types of FP 

isolators. The two parameters that govern performance are the characteristic strength at zero displacement 
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Qd and the post-elastic stiffness Kd.  Qd is a function of the friction coefficient μ and the weight W, 

whereas Kd is a function of the effective radius of curvature of the concave plates Reff and the weight W. It 

is an accurate representation for a single FP isolator and for a double FP isolator where the upper and 

lower concave plates have the same radius of curvature and same coefficient of friction. For a triple FP 

isolator it slightly under-predicts the friction coefficient at zero displacement, however the effect is minor 

on the structures global response. Kd is equal to W/(2R1,eff) for double and triple FP isolators when the 

upper and lower concave surfaces have an identical radius of curvature. 

 

For this model only the strength needs to be determined from testing, since the stiffness is calculated from 

theory. The friction coefficient at zero displacement, μ, is determined directly from the measured energy 

dissipated per cycle (normalized by the weight) divided by the distance travelled. Therefore there is no 

interpretation/fitting of test data required. This model was used for the preliminary design of the triple FP 

isolation system and also when comparing the nominal properties from production isolators. 

 

Figure 2-2 Rigid-Linear Force-Displacement Behavior of FP Isolators 

 

The rigid-linear model, or use of a bilinear model in Figure 2-1, will give a reasonable estimate of the 

global response of the structure. If in-structure accelerations and residual displacement are of interest to 

the Registered Design Professional (RDP) then it is appropriate to adopt a more sophisticated model of 

the triple FP isolator, such as the tri-linear model described in the following.  

 

The triple FP isolator has a complex behavior with various force-displacement regimes. As the 

displacement increases, there are multiple changes in stiffness and strength. Typically at low levels of 

force/displacement the system is very stiff, compared to a design level event where there is a lower 

stiffness and increased damping, and then different behavior again at the maximum considered event 
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where there is a higher stiffness to control displacements. This gives rise to an adaptive system which can 

be optimized for various performance levels.  

 

There are 12 geometric parameters and 4 frictional parameters which define the force-displacement 

behavior of the triple friction pendulum isolator, outlined in Figure 2-3.  Here the parameters are 

numbered from 1 to 4 from the bottom up.  

 

Figure 2-3 Triple Friction Pendulum Cross Section, Definition of Parameters 

The three types of geometric parameters are the radius of the concave surface/plate Ri, the height of 

various components hi and the distance di which is related to the displacement capacity. The stiffness of 

friction pendulum isolators is entirely dependent on the weight and some combination of the effective 

radius of curvature of the concave plates. The effective radius for each surface is the distance to the pivot 

point which, for a double and triple friction pendulum isolator, is always less than the geometric radius 

and calculated as: 

, , 1, 2, 3, 4i eff i iR R h for i      (2 - 5) 

This is then used to calculate the actual displacement capacity of each sliding surface, given by: 

,* , 1, 2, 3, 4
i eff

i i

i

R
d d for i

R
     (2 - 6) 

The characteristics of the “special” type of friction pendulum isolator, used in this report and commonly 

used in practice, are as follows: 

 R1 = R4 >> R2 = R3 

 μ2 = μ3 < μ1 = μ4 

 d1 = d4 and d2 = d3 

 h1 = h4 and h2 = h3 
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Essentially the properties of the isolator are a mirror image about the mid-height of the isolator. This 

reduces the number of variables from 16 to 6 geometric parameters and 2 frictional parameters. By 

adopting these parameters the force-displacement behavior is reduced to three regimes. A description of 

these regimes and force-displacement relationships is given in Table 2-1 and 2-2. 

 

Table 2-1 Force-Displacement Behavior for a “Special” Triple FPR Isolator  

Regime Description Force-Displacement Relationship 

I 
Sliding on surfaces 2 and 3 

only 

2

2,2 eff

W
F u µ W

R
   

Valid for displacement, u: 
*0  u u   

Where:  *

1 2 2,2  effu µ µ R   

II 

Motion stopped on surfaces 2  

and 3; 

Sliding on surfaces 1 and 4 

 *

1

,1

     
2 eff

W
F u u µW

R
    

Valid for displacement, u: 
* **      u u u   

Where:
** * *

12u u d   

III 

Slider bears on 

restrainer of surfaces 1 and 4;  

Sliding on surfaces 2 and 3 

 ** ** *

1

2, 1,

  (   )
2 2eff eff

W W
F u u u u µW

R R
      

Valid for displacement, u:  
**   capu u u   

Where:
* *

1 22 2capu d d   
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Table 2-2 Schematics of Force-Displacement Behavior for “Special” Triple FP Isolator 

Regime Schematic of Isolator Force-Displacement Behavior 

I 

 

 

II 

 

 

 

III 
 

 

 

Assuming that the isolator does not reach Regime III for MCE displacements, the force-displacement can 

be modeled by that shown in Figure 2-4. The force at zero displacement is given by: 

  2,

1 1 2

1,

      
eff

eff

R
µW µ µ µ W

R

 
   
  

    (2 - 7) 
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Figure 2-4 Tri-linear Force-Displacement Behavior of Special Triple FP up to Regime II  

 

This model requires two friction coefficients to be determined from testing. As shown in Section 7, these 

parameters should be used with care given the uncertainty in predicting them. The stiffness can be 

determined based on theory. 

 

Sarlis and Constantinou (2010) present guidelines on how to model triple friction pendulum isolators in 

the program SAP2000. For this report the simpler, parallel model is adopted for analysis as it can 

accurately capture the behavior as illustrated in Figure 2-4. This model is described in more detail in 

Section 9.  It is based on the use of two single FP elements.  Program SAP2000 also has a new triple FP 

element which is not used in this report.   

 

2.4 Property Modification Factors 

The concept of using property modification (lambda) factors to bound the likely isolator response was 

originally presented in by Constantinou et al (1999) together with information on the lifetime behavior of 

isolators and recommended lambda factors.  Shortly after Thompson et al (2000) presented additional 

data to better understand the behavior of elastomeric isolators and the related lambda factors. The 

concept was first implemented in the AASHTO Guide Specification for Seismic Isolation Design (1999) 

and later in the European Standard (2005). It is noted that both of these Standards are for bridges, and that 

ASCE 41-2013 and ASCE 7-2016 are the first formal application to existing and new buildings, 

respectively. This is because bridge isolators are typically exposed to much more severe environmental 

and loading conditions (i.e. cumulative movement) than building isolators, and therefore have a larger 

variation from the tested nominal properties. The latest knowledge on lambda factors is now presented in 

Constantinou et al (2007), which is a revision of the original 1999 document. 
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The actual mechanical properties of an isolation system during an earthquake will be different to the 

nominal values assumed in analysis. Some reasons for this difference may be because: 

1) The exact time of an earthquake is unknown and so too is the exact state of the isolator and the 

effects of aging, contamination, ambient temperature, and the like. 

2) The force-displacement model adopted for analysis may assume that the nominal values remain 

constant during seismic motion (as in this report), whereas in reality the properties are changing 

instantaneously due to the effects of heating, rate of loading, scragging, etc.  

3) The nominal values used for analysis may be based on testing of two prototype isolators, which 

will have a different average nominal value to that of all production isolators due to the effects of 

manufacturing variation. 

 

Section 3 gives an overview of the effects that have an impact on the isolator properties. To account for 

these effects, a rational procedure is to form probable maximum and minimum values of the isolator’s 

mechanical properties which envelope the likely response. One approach is to conduct a statistical 

analysis of the distribution of the properties and consideration of the likelihood of occurrence of relevant 

events, including the design seismic event. However, a simpler and more practical approach is to assess 

the impact of a particular effect (i.e. heating, aging, velocity of loading, vertical load, etc.) on the isolators 

properties through testing, rational analysis and engineering judgment (Constantinou et al 2007). If these 

effects are appreciable at influencing an isolators force-displacement behavior (i.e. properties Kd and/or 

Qd), then it is then quantified in the form of a property modification (lambda, λ) factor. 

 

The product of the lambda factors and the nominal properties of the isolator give the upper or lower 

bound of what is expected over the isolator’s design life (including during earthquake excitation). ASCE 

7-2016 defines the nominal design properties as the average properties over three cycles of motion and 

categorizes the lambda factors into three types (see Section 3), which are: 

 λae which accounts for aging and environmental effects. 

 λtest which accounts for heating, rate of loading, and scragging. 

 λspec which accounts for permissible manufacturing variations. 

 

The three categories above are then divided into the maximum and minimum values, which may be made 

up of one or a series of lambda factors. For the aging and environmental lambda factor, this is shown 

indicatively as follows: 
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,max ,1 ,2 , ae max max max n          (2 - 8) 

,min ,1 ,2 , ae min min min n          (2 - 9) 

Each of the individual values of λmax,i (i = 1 to n) is greater than or equal to 1.0, whereas each of the 

individual values of λmin,i (i = 1 to n) is less than or equal to 1.0.  

 

A set of six lambda factors λae,max, λae,min, λtest,max, λtest,min, λspec,max and λspec,min are determined for each 

parameter which defines the force-displacement behavior of the isolator. For example, two sets for a lead-

rubber isolator bilinear model are needed: one set of six for the post-elastic stiffness Kd and one set of six 

for the characteristic strength Qd. The three “max” lambda factors are then combined to obtain the 

maximum system factor λmax, whereas the three “min” lambda factors are combined to obtain the 

minimum system factor λmin. The simple multiplication of the respective three lambda factors might result 

in a system factor that is overly conservative. That is, the probability that several additive effects (i.e. 

lowest temperature, maximum aging, etc.) occur simultaneously with the maximum considered 

earthquake is considered very small. Therefore the system factor should be adjusted based on a statistical 

analysis of the variations in mechanical properties with time, the probability of occurrence of joint events 

and the significance of the structure. Constantinou et al 1999 proposed a simple procedure for routine 

implementation which uses an adjustment factor fa which is adopted in ASCE 7 as follows: 

max ,max ,max ,max(1 ( 1))a ae test specf                (2 - 10) 

min ,min ,min ,min(1 (1 ))a ae test specf           (2 - 11) 

The value of fa is based on the significance of the project and engineering judgment. Values range from 

0.66 for a typical structure to 1.0 for a critical facility. ASCE 7-2016 uses a default value of 0.75 which is 

only applied to the aging lambda factor, λae. The rationale for use of the adjustment factor is that the full 

aging and contamination effects over the lifetime of the structure will likely not be realized when the 

structure is subjected to the controlling earthquake event.  However, the RDP may choose to adjust the 

value, say to 1.0 for significant structures. 

 

The upper and lower bound is then the product of the system lambda factor and its respective nominal 

property. For the post-elastic stiffness Kd that is: 

,max max, , mindd K d no alK K      (2 - 12) 

,min min, , mindd K d no alK K      (2 - 13) 
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The same process is followed for the characteristic strength Qd. This process may be applied to other 

parameters of the model used in response history analysis when that model is more complex than the 

rigid-linear or bilinear hysteretic model.  The upper and lower bound force-displacement characteristics 

using a bilinear analysis model are illustrated indicatively in Figure 2-5. The effective stiffness is denoted 

by KM. 

 

 

Figure 2-5: Upper and Lower Bound Isolator Force-Displacement Properties 
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SECTION 3 

TYPES OF PROPERTY MODIFICATIONS 

3.1 Introduction 

The properties of seismic isolators will vary over the design life due to the effects of aging and 

contamination; will vary during seismic motion due to the effects of heating, history of loading, and 

scragging; and will vary between isolator units due to manufacturing differences. Some of these effects 

will increase the isolators stiffness and strength (or by relation, the effecting period and effective 

damping), whereas others will decrease these parameters. This section presents the procedure to calculate 

nominal properties (Section 3.3.1) and gives an overview of how the mechanical properties of low-

damping rubber and lead-rubber elastomeric isolators and Friction Pendulum
TM

 sliding isolators are 

influenced by different effects. 

 

The Standard ASCE 7-2016 has categorized the varieties of property modifications (lambda, λ factors) 

into three types: aging and environmental, testing and the specification lambda factors- λae., λtest and λspec, 

respectively. The sections that follow are titled according to these three categories of lambda factors, 

specifically: 

 Aging and Environmental Effects- λae.max and λae.min (Section 3.2) 

 Hysteretic Heating and History of Loading Effects- λtest,max and λtest,min (Section 3.3) 

 Permissible Manufacturing Variation- λspec,max and λspec,min (Section 3.4) 

 

These lambda factors are determined from a combination of qualification, prototype and production test 

data, where the description of each of these testing regimes is given in Section 4. 

 

3.2 Aging and Environmental Effects: λae,max and λae,min 

The aging and environmental lambda factors λae.max and λae.min account for the change in properties that 

occur over the isolator’s design life. The effects cannot be quantified by prototype or production testing, 

but are developed by a combination of qualification testing, theory and analysis. The aging and 

environmental lambda factors account for, but are not limited to, aging, creep, contamination, fatigue, 

effects of ambient temperature and cumulative travel. For buildings (and only the types of isolator used in 

this report), aging and contamination are the relevant considerations. This is assuming there is little/no 

movement in the isolators due to service loads (i.e. wind) and that the isolators are not exposed to extreme 

temperatures or damaging substances, which is generally the case. The effects of aging and contamination 

are typically always greater than unity (that is λae.max >1.0 and λae.min = 1.0). Cumulative travel, fatigue 
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and low temperatures are an issue for bridges and are not considered further. Creep may be an issue for 

improperly designed isolators - an issue not addressed in this report.  The interested reader may see 

Constantinou et al (2007) for a discussion. 

 

3.2.1 Elastomeric Isolator Considerations 

Aging in elastomeric isolators depends on the rubber compound and the quality of vulcanization and 

curing of the rubber, therefore it is manufacturer specific. Over time the elastomers harden due to 

continued vulcanization of the rubber matrix, causing both an increase in the post-elastic stiffness Kd and 

in the characteristic strength Qd (i.e. both the effective stiffness and effective damping increase). The 

increase is expected to be of the order of 10 to 20% over a 30 year period for low-damping, high shear 

modulus rubber compounds (0.5-1.0MPa or 72-145psi) according to Buckle et al (2006). For both natural 

rubber and lead-rubber isolators, which have low-damping rubber (i.e.   5% damping), the increase in 

strength (or damping) of the rubber due to aging, in proportion to the isolation systems strength (i.e. from 

lead), is minor. However the effects of strength may warrant consideration if the isolation system has a 

large number of natural rubber isolators compared to lead-rubber isolators. 

 

For lower shear modulus rubbers (  0.5MPa or   72psi) and for inexperienced manufacturers, the aging 

can be significant since low shear modulus rubber can be produced by incomplete curing. This can 

perhaps be detected in prototype and/or production testing by observing large scragging effects. This is 

because scragging is believed to also be a result of incomplete curing and hence is associated with aging 

and continuing chemical processes in the rubber.  In the ASCE 7-2016 commentary, a default aging 

lambda factor λa,max of 1.3 is applied to the post-elastic stiffness of low-damping elastomeric and lead-

rubber isolators over the life of the structure. As discussed, this may not be conservative in some cases. 

Conversely, some experienced manufacturers are able to produce low-damping, low shear modulus 

rubbers with an aging factor as little as 10%, i.e. λa,max=1.1 (Constantinou et al, 2007).  

 

Lead in quality isolators is specified with 99.99% purity and does not experience aging over the design 

life of the structure, therefore the aging lambda factors associated with the characteristic strength Qd are 

set to unity. Furthermore, contamination is not a concern for elastomeric isolators and the contamination 

lambda factors are taken as λc,max= λc,min=1.0. 

 

Table 3-1 gives the maximum and minimum aging and environmental lambda factors used for the three 

design scenarios described in this report (Section 5.4). The lambda factors for Case B and C are based on 

the isolators being supplied by a reputable manufacturer. The prototype and production test data is not 
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required to determine the λae factors, however is noted in Table 3-1 for consistency with the “design 

scenarios/cases” listed in Section 5.4. 

 

 Table 3-1 Aging and Environmental Lambda Factors for Elastomeric Isolators 

Case Description 
Lambda 

Factor 

Low-Damping  

Elastomeric Isolator 
Lead-Rubber Isolator 

Kd Kd Qd 

A 
No Qualification  

Test Data – Default Values 

λae,max 1.3 1.3 1.0 

λae,min 1.0 1.0 1.0 

B 
Qualification Data and  

Prototype Test Data Available 

λae,max 1.1 1.1 1.0 

λae,min 1.0 1.0 1.0 

C 
Qualification Data and  

Production Test Data Available  

λae,max 1.1 1.1 1.0 

λae,min 1.0 1.0 1.0 

Note: λae,max = λa,max   λc,max and λae,min = λa,min   λc,min 

 

Later, when multiplying all the lambda factors it is noted that λae is adjusted by a factor (see equations 2-

10, 2-11) to account for the conservative assumption of having full aging and environmental effects when 

the governing earthquake occurs. For example, the adjusted λae,max for the Kd of both the elastomeric and 

lead-rubber isolators, using an adjustment factor of 0.75, is 1.23 for default values and 1.08 for the case 

where qualification data are available. 

 

3.2.2 Sliding Isolator Considerations 

The aging and environmental lambda factors listed herein are determined for a particular type of sliding 

interface. Specifically, a sliding interface with unlubricated highly polished austenitic stainless steel in 

contact with PTFE (polytetrafluoroethylene) or similar composite materials, which is sealed and placed in 

a normal environment (refer to Constantinou et al, 2007 for details). 

 

The lambda factors for other sliding interfaces (lubricated, bimetallic), installation methods (unsealed) 

and environments (severe) will generally be greater, sometimes significantly. The reader is referred to 

Constantinou et al (2007) for guidance. In ASCE 7-2016 commentary, the default lambda factors are 

given for two types of interfaces, unlubricated and lubricated. Bimetallic interfaces are discouraged.  

Given that there is considerable uncertainty in the lifetime behavior of generic sliding surfaces, the default 

lambda factors result in a large range of property modification values. 
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Aging results in increases in the characteristic strength/coefficient of friction. It is a complicated 

phenomenon, but primarily is due to corrosion of the stainless steel surface in properly designed isolators. 

Here the maximum aging lambda factor λa,max is taken as 1.1 with λa,min equal to unity. This is for an 

exposure time of 30 years and for Type 304 austenitic stainless steel, where a lower value might be 

justified if Type 316 is used since it has a higher resistance to corrosion. The ASCE 7-2016 commentary 

specifies a default value for λa,max of 1.3 for unlubricated interfaces. 

 

Contamination also gives an increase in characteristic strength /coefficient of friction. It is complex and 

apparently caused by third body effects and abrasion of the stainless steel (see Constantinou et al, 2007). 

The maximum contamination lambda factor λc,max also depends on whether the concave sliding plate is 

positioned so it is facing down (i.e. on the top) or facing up (i.e. on the bottom). For a single friction 

pendulum (FP) isolator the contamination lambda factor λc,max is taken as 1.0 if facing down, and 1.1 if 

configured to face up. For double and triple FP isolators there are multiple sliding interfaces facing up and 

down. Fenz and Constantinou (2006) give an equation to calculate the composite factor when there are 

two sliding interfaces. When the radius of curvature and coefficient of friction are equal on the top and 

bottom concave surface, the equation reduces to λc,max= (λc,upper + λc,lower)/2 = 1.05. ASCE 7-2016 

commentary gives a default λc,max of 1.2 and is not specific on whether the sliding surface is facing up or 

down. For all cases λa,min is equal to unity.  

 

For the triple FP it is also assumed that the same stainless steel overlay is used for the inner and outer 

surfaces (i.e. surfaces 1 and 4, and surfaces 2 and 3, respectively-see Figure 2-3) and therefore the lambda 

factors above are applicable for both the inner and outer surfaces friction coefficients. Since the majority 

of the motion occurs on the outer surfaces, a different material may be used on the inner surfaces for ease 

in manufacturing which could affect the aging and contamination lambda factors. 

 

Table 3-2 gives the maximum aging and environmental lambda factors associated with the isolator 

characteristic strength Qd (or by relation, the friction coefficient). The post-elastic stiffness Kd of sliding 

isolators is based on the geometry of the isolator and is not effected by aging and environmental factors, 

hence the λae,max = λae,min = 1.0. The prototype and production test data is not required to determine the 

λae factors, however is noted in Table 3-2 for consistency with the design scenarios in Section 5.4. 
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Table 3-2 Aging and Environmental Lambda Factors for Sliding Isolators with Unlubricated 

Stainless Steel-PTFE Interfaces 

Case Description 
Lambda 

Factor 

Single FP Double and Triple  

FP (Composite) Face Up Face Down 

Qd or μ Qd or μ 

A 

No Qualification  

Test Data Available – 

 Default Values 

λa.max 1.3 1.3 1.3 

λc.max 1.2 1.2 1.2 

λae,max 1.56 1.56 1.56 

λae,min 1.0 1.0 1.0 

B 
Qualification and Prototype 

Test Data Available 

λa.max 1.1 1.1 1.1 

λc.max 1.1 1.0 1.05 

λae,max 1.21 1.1 1.16 

λae,min 1.0 1.0 1.0 

C 

Qualification and  

Production Test Data  

Available 

λa.max 1.1 1.1 1.1 

λc.max 1.1 1.0 1.05 

λae,max 1.21 1.1 1.16 

λae,min 1.0 1.0 1.0 

Note: For brevity, the minimum lambda factors for aging λa,min and contamination λc.min are not shown as 

they are all equal to 1.0. 

 

As before, when multiplying all the lambda factors it is noted that λae is adjusted by a factor (see 

equations 2-10, 2-11) to account for the conservative assumption of having full aging and environmental 

effects when the governing earthquake occurs. For example the adjusted λae,max for the triple FP isolator, 

using an adjustment factor of 0.75, is 1.42 and 1.12 based on the default and qualification data, 

respectively. 

 

3.3 Hysteretic Heating and History of Loading Effects: λtest,max and λtest,min 

The testing lambda factors λtest,max and λtest,min are specific to the adopted nominal properties and account 

for the instantaneous change in properties that occur during an earthquake. The effects are best 

determined based on dynamic testing at relevant high velocity conditions. If quasi-static testing is 

undertaken, then a correction shall be applied for the testing velocity, in which qualification test data may 

be used to quantify the difference between quasi-static and true dynamic properties. However, the 

correction for dynamics effects may be too complex and with uncertainties and so dynamic testing is 
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preferred.  The testing lambda factor accounts for, but is not limited to, heating produced during motion, 

velocity and strain effects, scragging of virgin rubber and variation in vertical load.  

 

Before discussing how elastomeric and sliding isolators are affected by hysteretic heating and history of 

loading effects, it is important to address the issue of bounding.  

 

3.3.1 Nominal Properties and Bounding  

The nominal properties are not used for analysis directly- it is the nominal property multiplied by λmax or 

λmin factor which is used for analysis. An important part of factors λmax and λmin are the components λtest,max 

and λtest,min which are determined in the testing of prototype isolators.  These two factors intend to capture 

scragging, and variability and degradation in properties due to the effects of heating and speed of motion.  

 

The bounding is required because the typical models used for analysis (described in Section 2) assume 

that the properties are constant, whereas in reality the properties  instantaneously change as shown by the 

test data in Figure 3-1(a). The change in properties depend on the earthquake and isolation systems 

characteristics. For a near-fault, pulse-like earthquake there may be only a small reduction in properties 

when the isolation system and/or superstructure experience its peak response. In contrast, for a large 

magnitude soft-site scenario there may be a substantial reduction in the isolation system properties when 

peak responses occur. Simply adopting the nominal properties for analysis may be a conservative lower 

bound (and not conservative for the upper bound) in the former case, whereas in the latter case the 

nominal properties may not be conservative for the lower bound. Hence bounding is required through the 

use of lambda-test factors to adjust the (somewhat arbitrarily defined) nominal properties to a 

representative upper and lower bound. 

 

An interpretation on ASCE 7-2016 is as follows: 

1) The nominal properties are defined as the average of three cycles of motion at the maximum 

displacement DM.  

2) The λtest,max value is defined as the ratio of the first cycle value of the property to the nominal 

value.  Thus, effectively the first cycle value is utilized in the upper bound analysis.  

3) It is implied that the λtest,min value is the ratio of the third cycle value of the property to the 

nominal value.  Thus, effectively the third cycle value is utilized in the lower bound analysis.  

The authors of this report believe this to be unduly conservative for most cases and that the 

number of cycles considered for determining λtest,min should be based on rational analysis with due 
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consideration for the properties of the isolation system, the site conditions and the ground motion 

characteristics, including information on proximity to the fault.  

 

Further to bullet point 3) above, ASCE 7-2016 gives test specimen adequacy criteria which may 

arbitrarily dictate the selection of the λtest,max or λtest,min used for analysis. These requirements are 

discussed in Sections 6.5 and 7.4 where they are compared to actual test data from two reputable 

manufacturers. 

 

Figure 3-1 illustrates the concept of bounding the hysteretic heating and history of loading effects for a 

lead-rubber isolator. The philosophy is the same for Friction Pendulum (FP) isolators. Figure 3-1(a) gives 

prototype test data where there are three cycles of motion under relevant high-speed conditions and 

amplitude corresponding to the MCE displacement DM. Using the procedures described in Section 6, the 

measured properties per cycle can be used to plot a bilinear representation (per Section 2.2) for each 

cycle, as shown in Figure 3-1(b). This data can then be used to calculate the nominal properties, defined 

as the average among the three cycles, and can be used as a basis to determine the bounds for analysis. 

Figure 3-1(b) also shows schematically the upper and lower bounds for analysis (i.e. range in properties 

during seismic motion) set as the 1
st
 cycle and 2

nd
 cycle properties, respectively. A rational approach to 

determine these bounds is explained in the following. 

 

 

(a) Prototype Test Data and Bilinear Model of Nominal Properties 
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(b) Bilinear Model of Each Cycle of Motion with Representative Bounds 

Figure 3-1 Concept of Bounding the Hysteretic Heating and History of Loading Effects 

 

The λtest,max value intends to capture effects during the first cycle of motion (i.e. the upper bound) which 

will certainly be experienced during an earthquake and is thus defined as the ratio of the first cycle value 

of the property divided by the nominal value. The λtest,min value is meant to provide a lower bound value 

of the property related to the expected number of cycles.  Typically the expected number of cycles is 

small and is dependent on the properties of the isolation system and the seismic excitation.  

Representative results are provided in Warn and Whittaker (2004, 2007) from where the Figures 3-2 (a), 

(b) and (c) are adopted. The three figures are for three types of ground motion: (a) near-fault, (b) large-

magnitude, small distance and (c) large magnitude, soft-site.   

 

Figure 3-2 shows the average number of equivalent cycles (or normalized energy dissipated- NED) at the 

maximum displacement to have the same energy dissipated as in the actual history of bi-directional 

motion determined in response history analysis. It is calculated as follows: 

      
Fdu

NED
EDC




                                                          (3 - 1) 

where EDC is the energy dissipated from one fully reversed cycle at the maximum displacement and F is 

the isolator lateral force corresponding to an increment of displacement du. Integration of F.du over the 

duration of motion gives the cumulative energy dissipated by the seismic isolation system as obtained 
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from the nonlinear response history analysis. Quantity Qd/W is the characteristic strength divided by the 

weight and quantity Td is the period calculated on the basis of the post-elastic stiffness Kd: 

     2d

d

W
T

K g
                     (3 - 2) 

Consider for example the case of the analyzed friction pendulum isolation system in this report.  The 

nominal values of Qd/W and Td are 0.055 (weighted average of coefficient µB, Tables 7-3 and 7-4) and 

4.1sec, respectively. Note that these are the nominal properties, not the lower bound values of Qd/W and 

Td which are stated in the preliminary design (Section 5).  Considering that for the site of the structure the 

motions will be near-fault or large magnitude, short distance, the expected number of cycles is two (see 

Figure 3-2 a) and b)). Therefore at the conclusion of the event, the isolation system is expected to have 

undergone the equivalent of two fully reversed cycles at the MCE displacement amplitude, and the 

second-cycle properties are appropriate (and somehow conservative-to be demonstrated in the sequel) for 

the lower bound. For this case, the λtest,min should be defined as equal to the second-cycle value divided by 

the nominal value for each property of interest. If the site is such that soft soil conditions prevail, the 

expected number of cycles is about three (see Figure 3-2 c)), thus the RDP may choose to set λtest,min equal 

to the third-cycle value divided by the nominal value.  

 

For the analyzed elastomeric isolation system, the nominal values of Qd/W and Td are 0.10 and 2.6sec, 

respectively. Considering again that for the site of the structure the motions will be near-fault or large 

magnitude, short distance, the expected number of cycles is again two. In this case the expected number 

of cycles is also two for the soft-site case.   

 

     

      (a) Near-Fault Ground Motions (Bin 1)        (b) Large Magnitude, Small Distance Motions  

                               (Bin 2M) 
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(c) Large Magnitude Soft-Site Motions (Bin 7) 

Note:  Bin numbers refer to the set of ground motions used in response history analysis  

Figure 3-2 Number of Equivalent Cycles at Maximum Displacement for Various Isolation System 

Properties based on Bi-Directional Response History Analysis (Warn and Whittaker 2004) 

 

It is noted that Constantinou et al (2011) recommend adopting the nominal values, which are the average 

of three cycles, as the lower bound (i.e. λtest,min set equal to 1.0). This is considered a reasonable approach 

because: 

a) The expected number of cycles for typical isolation systems is about two and therefore the three-

cycle average is representative of the lower bound (i.e. second cycle values). Two cycles appears 

to be a reasonable single value for all isolation systems cases based on Figure 3-2 and considering 

that typical building isolation systems have a Qd/W of around 0.06 or larger and Td of 2.5 seconds 

or greater. 

b) The second-cycle values and nominal values are similar as shown in Figure 3-1(a). From test data 

in this report the difference was 9% or less. 

c) Studies by Kalpakidis et al (2010) which show that adopting the three-cycle average value as the 

lower bound provides conservative estimates of demands. This last point is explained in summary 

below. 

 

To illustrate the conservatism of the bounding analysis when accounting for the properties of lead-rubber 

isolators over three cycles of motion at the MCE displacement, Kalpakidis et al (2010) utilized a validated 

mathematical model which accounts for the instantaneous heating effects on the lead core strength to 

compute the response of seismically isolated structures.  They were then compared to results obtained by 
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using bilinear hysteretic modeling of the isolators and performing bounding analysis with due 

consideration to only the heating effects. The upper bound value of the strength was based on the first 

cycle results and the lower bound value was based on the three-cycle average of tests results of actual 

isolators at the amplitude of 500mm.  Thus, effectively λtest,min=1.0. The results of the study demonstrated 

that bounding analysis produces conservative results for the prediction of isolation system displacement 

demand, isolation system peak shear force and peak structural responses. The conservatism was 

particularly pronounced for ground motions with strong near-fault pulses. 

 

Table 3-3 presents a summary of the results as assembled from Kalpakidis et al (2010).  In this table, W is 

the weight of the analyzed structure supported by the isolation system and Ws is the weight of the 

superstructure (W minus the basemat weight).  The analyzed structure was a simplified model of an actual 

isolated structure - the Erzurum Hospital in Turkey. The period, based on the post-elastic stiffness, and 

strength to weight ratio of the isolated structure in the lower bound condition and at amplitude of 500mm 

are 4.54sec and 0.07, respectively. 
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Table 3-3 Peak Response of Analyzed Isolated Structure 

Motion 
Model 

Resultant 

Isolator 

Displ. 

(mm) 

Resultant 

Isolation 

Shear/  

Resultant 

Structura

l Shear/

 

Drift 

(mm) 

Accel. 

(g) 

Lead 

Core 

Temp. 

Increase 

(°C) X Y X Y X Y 

NF17 

Kobe, 

Japan 

1995 

- 

Upper 466 0.21 0.26 16 - 0.27 - - 

Lower 553 0.18 0.20 12 - 0.20 - - 

Heating 

effects 
539 0.19 0.23 15 - 0.24 - 87 

BOL000 

Ducze,  

Turkey 

1999 

BOL090 

Ducze, 

Turkey 

1999 

Upper 177 0.15 0.19 10 12 0.16 0.19 - 

Lower 210 0.10 0.12 6 7 0.10 0.11 - 

Heating 

effects 
180 0.14 0.16 9 10 0.15 0.16 59 

NF02 

Tabas,  

Iran 

1978 

- 

Upper 355 0.19 0.20 12 - 0.20 - - 

Lower 455 0.16 0.16 10 - 0.16 - - 

Heating 

effects 
399 0.17 0.17 11 - 0.17 - 66 

NF13 

North-

ridge 

1994 

- 

Upper 376 0.20 0.20 13 - 0.20 - - 

Lower 484 0.17 0.17 11 - 0.17 - - 

Heating 

effects 
381 0.19 0.19 12 - 0.19 - 54 

TCU065 

N 

Chi-Chi,  

Taiwan 

1999 

TCU065 

W 

Chi-Chi, 

Taiwan 

1999 

Upper 707 0.24 0.25 10 15 0.17 0.23 - 

Lower 1048 0.25 0.25 9 15 0.15 0.24 - 

Heating 

effects 
1017 0.24 0.25 9 14 0.14 0.23 207 

 
Of interest in Table 3-3 is the case of the Chi-Chi motion for which the amplitude of motion is much 

larger (twice) than the amplitude of motion in the testing of the isolators and the resulting heating of the 

isolators causes a lead core temperature increase of 207 °C (this is a hypothetical case as the actual 

isolators would have experienced instability at this displacement). At the end of the motion, the effective 

yield stress of lead has dropped to 25% of its initial value (from a starting value of 16.9MPa to 4.2MPa), 

which is much less than the value in the lower bound analysis (10MPa). Intuitively in such conditions it 

may be thought that bounding analysis will not provide a conservative estimate of the response and 

importantly, the isolator displacement demands may be underestimated due to the use of an incorrectly 

high value for the characteristic strength. However interestingly, this does not happen because the 

maximum displacement demand of the isolation system occurs early in the history of excitation when the 

W
sW
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isolators still have high characteristic strength. Effectively, the number of cycles at 500mm amplitude was 

about 2 so that the average three-cycle characteristic strength of the isolation system was a representative 

lower bound value.   This example demonstrates the complexity in selecting the bounding values.  

Nevertheless, the use of the three-cycle average for the lower bound value provides systematically 

conservative estimates of displacement demands and is consistent with the results of Warn and Whittaker 

(2004) on the equivalent number of cycles.  Accordingly, the value of λtest,min=1.0 is an appropriate single 

value for building isolation systems, with lower than unity values typically reserved for cases of 

uncertainty in the test results (e.g. cases of similar isolators per  ASCE 7-2016 §17.8.2.7).   

 

Although adopting the nominal value (λtest,min=1.0) would be appropriate for the examples in this report, it 

was decided to use the second cycle properties instead. This is to be consistent with the intent of basing 

the lower bound on the expected number of cycles, which can be determined on a case by case basis. 

Furthermore the second cycle properties were slightly less than the nominal properties. This is typical 

because the first cycle has a greater weighting for strength and stiffness than the second and third cycles 

due to heating effects and scragging of rubber. Later calculations show that the λtest,min values for the 

sliding and elastomeric isolation systems were between 0.93-1.0, so are slightly more conservative than 

taking the nominal value as the lower bound.  

 

3.3.2 Elastomeric Isolator Considerations 

Within the context of bounding of properties of isolators made of low damping rubber in building 

applications, there are two major considerations for the history of loading effects. These are the scragging 

of virgin rubber and the heating during cyclic motion. Scragging is applicable for both low-damping 

natural rubber (NR) isolators and lead-rubber (LR) isolators, whereas heating effects are only significant 

in lead-rubber isolators. 

 

In NR isolators (i.e. without a lead core), heat is produced throughout the entire volume of rubber. 

Constantinou et al (2007) have shown that the temperature rise is less than 1°C per cycle in large shear 

strain motion, and therefore too small to have any effects to warrant consideration in design. For lead-

rubber isolators the lead core has substantial heating during cyclic motion which causes a reduction in the 

effective strength of lead (and to effective damping). A validated theory exists to predict this reduction in 

strength and is described in this section with examples of its application in Section 6.2. 

 

The rubber shear modulus (or equivalently the post-elastic stiffness) of elastomeric isolators is not 

significantly affected by changes in axial compression load (that is the average axial load on isolators of 



30 

 

the same type and not the load on an individual isolator under conditions approaching instability). 

Nevertheless, testing at a range of axial load is required by ASCE 7-2016 to corroborate this assumption.  

 

a) Scragging of Virgin Rubber 

When rubber isolators are tested for the first time, they typically exhibit a higher stiffness and strength in 

the initial cycle which tends to stabilize after subsequent cycling (see Figure 3-3). This phenomenon is 

termed scragging of the virgin rubber. During the initial cycles of deformation the elastomer molecules 

stretch and fracture to give a scragged state with stable properties. In the past it was believed that the 

rubber cannot recover its virgin state, and therefore the isolators were routinely scragged before 

testing/installation, with this initial higher stiffness and strength being disregarded in analysis. However, 

more recent understanding of the behavior of elastomers (Thompson et al 2000, Constantinou et al 2007) 

claims that it is highly likely that full recovery of virgin properties occur with time, since chemical 

processes continue in the rubber following (incomplete) vulcanization. Therefore it is essential that 

isolators be tested in their virgin state so that both the unscragged and the scragged properties can be 

determined for use in the analysis and design of the isolation system. 

 

Figure 3-3 Effects of Scragging in a Rubber Isolator (Thompson et al, 2000) 

 

Thompson et al (2000) found that scragging effects are typically greatest for high-damping and low shear 

modulus isolators, which often have a greater volume of filler materials (i.e. carbon black, synthetic 

elastomers, oils and resins). This is of particular interest as it is known that some unscrupulous 

manufacturers have been using increased proportions of filler materials to replace natural rubber in order 

to reduce the cost of elastomeric bearings/isolators.   
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As shown in Figure 3-4, the scragging factor varied between about 1.4 and 2.1 for a range of rubber 

compounds. The scragging factor in Figure 3-4 is defined as the ratio of effective stiffness in the 1
st
 cycle 

(virgin or unscragged conditions) to the effective stiffness in the 3
rd

 cycle (scragged condition), whereas 

bounding in this report is taken as the ratio of the first cycle post-elastic stiffness to the average post-

elastic stiffness over three cycles of motion. Hence the value of the scragging lambda factor per ASCE 7 

definition is less than that of Figure 3-4. The default lambda factor for scragging λscrag in low-damping 

rubber isolators is stated as 1.3 in the ASCE 7-2016 commentary, which is roughly equivalent to a 1.5 

scragging factor in Figure 3-4. This factor is applied to the post-elastic stiffness Kd for low-damping 

natural rubber isolators and for lead-rubber isolators.   

 

Figure 3-4 Scragging Effects for a Range of Elastomeric Isolator Types, 1000psi=6.9MPa  

(Thompson et al, 2000) 

It is noted that test data in Figure 3-4 is primarily for high-damping rubbers (damping > 9%). Although 

low-damping, low modulus rubbers contain fillers, there is a reduced percentage of carbon black (added 

to increase damping) compared to high-damping rubber isolators, therefore the scragging effects are 

likely to be smaller. Nevertheless, the scragging effects need to be determined explicitly from prototype 

or similar isolator test data. 

 

For lead-rubber isolators, the scragging effects cannot be determined directly from prototype test data. 

This is because of the effects of heating of the lead core which completely masks the scragging behavior. 

The proper procedure is to request additional data from the manufacturer. It is preferable to test additional 
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isolators without the lead core. Pushing out the lead core and testing after the completion of the lead-

rubber isolator prototype testing program is not recommended as the rubber has been scragged and 

therefore it will not be possible to observe the behavior the test seeks to reveal. 

 

Data may also be obtained from testing of coupons of the actual rubber used, although this test data 

should be viewed with great caution. This is because there may be differences in the behavior obtained 

from testing of coupons (typically of dimensions 25mm by 25mm by 6mm) and the actual isolator (e.g. in 

this report an isolator of 850mm diameter is considered). The difference is due to differences in the curing 

of the rubber, with the small specimen typically completely cured and the isolator (depending on size) not 

fully cured, particularly in the interior and depending on the processes used and the experience of the 

manufacturer. Therefore the results from coupon testing should be viewed and used with extreme caution 

and with conservative adjustments due to the inevitable differences in the curing of small specimens of 

rubber and of large rubber isolators.   

 

Moreover, it is noted that coupon tests should not be used for measuring the shear modulus of rubber. 

This is because the coupon tests usually have a very low shape factor (typically 1.0) and when they are 

displaced laterally there is both shear and bending deformations. In contrast, a building’s isolators have a 

shape factor typically larger than 10 and often larger than 20 so that they deform purely in shear. Hence 

the coupon tests will underestimate the rubber shear modulus.   In contrast, the scragging factor can be 

quantified from these coupon tests (but for the uncertainty due to the curing process) because it is the ratio 

of the stiffness in the first and subsequent cycles and it is presumed that scragging affects equally the 

shear and bending behavior of rubber.  

 

b) Effective Yield Stress of Lead and Heating Effects 

The characteristic strength Qd and damping of a lead-rubber isolator is primarily due to the lead core. 

Using equation 2-1, the effective yield stress of lead σL can be calculated as Qd divided by the area of lead 

AL. This is a common simplification which implies that the small contribution to strength from rubber is 

included in the effective yield stress of lead. 

 

An important concept is that the effective yield stress of lead at the initiation of motion varies from 

isolator to isolator, even within a single building. This is because the effective yield stress depends on a 

variety of parameters, including the compression axial load (i.e. confinement of lead), size of lead core, 

velocity of loading and manufacturer details. Therefore only dynamic testing of the actual isolator can 

provide the exact initial value of the effective yield stress of lead. 
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Furthermore there is a reduction in the effective yield stress of lead from cycle to cycle due to hysteretic 

heating effects. While testing of actual isolators will capture these effects, a validated theory from 

Kalpakidis et al (2008) can be used to quantify these heating effects, thus reducing the need for extensive 

testing.  The effects of heating on a lead-rubber isolator (bearing) are illustrated in Figure 3-5. The data in 

this figure show a significant reduction in the effective yield stress of lead (expressed in the figure by the 

energy dissipated per cycle) in the first few cycles of high-velocity motion which tends to stabilize when 

the number of cycles is large. This is because the lead core tends to reach a constant temperature when the 

heat generation is equal to the heat lost by conduction through the isolator steel components. A brief 

interruption in testing resulted in nearly a full recovery of the effective yield stress of lead, which shows 

that (a) the reduction in energy dissipated per cycle is a result of the heating of the lead core, and (b) the 

heat conduction is significant. 

 

Figure 3-5 Effect of Hysteretic Heating on the Energy Dissipated per Cycle for Lead-Rubber 

Isolators (Constantinou et al, 2007) 
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The heating theory by Kalpakidis et al (2008) can be used to calculate the instantaneous reduction in the 

effective yield stress of lead σL. Performing heating calculations is complex and requires the solution of a 

differential equation. However if heat conduction through the shim and end steel plates are neglected 

(valid for the first few cycles of high-speed motion), the temperature rise in the lead core TL and 

corresponding effective yield stress can be obtained by: 
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In equation (3-5), σL0 is the effective yield stress at initiation of motion (at time t = 0), S is the distance 

travelled, ρL is the density of lead (11,300 kg/m
3
), cL is the specific heat of lead (130 Joule/(kg °C)), hL is 

the height of the lead core, and E2 is a material property of lead (0.0069/°C). Equation 3-5 shows that the 

instantaneous yield stress of lead is related to the ratio of the distance travelled to height of lead core and 

the initial value σL0 in a complex nonlinear relationship.  This relationship may be used to adjust results 

obtained from testing of similar isolators to results valid for the actual isolators based on rational 

considerations. Specifically, the lower bound value of σL can be determined for different ground motion 

characteristics (i.e. amplitude of motion and number of cycles). The only constraint is that both the 

similar and actual isolators shall have a similar axial compression load/confinement so that the effective 

yield stress of lead at the initiation of motion σL0 is the same.  Actually it may be different and hence 

some uncertainty in its value has to be considered.  The utility of this theory is shown in examples that 

follow in Section 6.2. 

 

The default lambda factors from ASCE 7-2016 commentary are presented in Case A in Table 3-4 together 

with information on other cases. Constantinou et al (2011) recommend taking an upper bound of the yield 

stress of lead σL (or by relation Qd) as 1.35 times the nominal 3-cycle value, whereas ASCE 7-2016 

adopts further conservatism by using a factor of 1.6 given the uncertainty in products that lack 

qualification data.  
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Table 3-4 Testing Lambda Factors for Elastomeric Isolators 

Case Description 
Lambda  

Factor 

Low-Damping  

Elastomeric Isolator 
Lead-Rubber Isolator 

Kd Kd Qd 

A 

No Qualification  

Test Data Available-  

Default Values 

λscrag 1.3 1.3 - 

λlead - - 1.6 

λtest,max 1.3 1.3 1.6 

λtest,min 0.9 0.9 0.9 

B 
Qualification and Prototype  

Test Data Available 

λtest,max Section 6.3 Section 6.2 Section 6.2 

λtest,min Section 6.3 Section 6.2 Section 6.2 

C 
Qualification and Production 

Test Data Available 

λtest,max Section 6.3 Section 6.2 Section 6.2 

λtest,min Section 6.3 Section 6.2 Section 6.2 

 

3.3.3 Sliding Isolator Considerations 

The stiffness of sliding isolators is dictated by the geometry, whereas the strength and damping is dictated 

by the coefficient of friction (friction force divided by normal load). Typically sliding isolators, whether 

flat or spherically shaped, can be manufactured with a high degree of geometric precision leaving only the 

coefficient of friction as the parameter that varies during seismic excitation. Friction is an extremely 

complex phenomenon of which the exact mechanism is not known. Rather, several mechanisms are 

believed to contribute in the generation of friction. The current state of knowledge is provided in 

Constantinou et al (2007). Some key concepts are provided here for an interface of PTFE or similarly 

behaving composites in contact with highly polished stainless steel, which are used in Friction 

Pendulum
TM

 isolators. 

 

The coefficient of friction for PTFE-stainless steel interfaces is affected by a number of factors, of which 

sliding velocity, bearing pressure and temperature are the most important.  

 

Sliding velocity influences the friction coefficient due to a) the friction coefficient being dependent on 

velocity and b) frictional heating during motion. At the initiation of motion, there is a higher value for the 

friction coefficient (termed the breakaway or static friction μB) which then reduces to a minimum value 

fmin at very low velocities, as shown in Figure 3-6. At high velocity the friction coefficient increases to 

attain a maximum value fmax, at velocities above 25 to 100 mm/s. The friction coefficient tends to be 

invariable once fmax is reached but for the effect of heating which is dependent on the duration of motion. 
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Figure 3-6 Effect of Sliding Velocity and Axial Compression Load on the Coefficient of Friction for 

PTFE-Stainless Steel Interfaces 

 

Increases in the bearing pressure, or equivalently, increases in the axial compression/normal load result in 

decreases in the friction coefficient as shown schematically in Figure 3-6, or more explicitly in Figure 3-

7. Figure 3-7 includes a measure of the breakaway friction μB and maximum and minimum friction 

coefficients, fmin and fmax (defined in Figure 3-6) from FP isolators in four different test programs. Under 

high bearing pressures the value of friction tends to reach a constant value as shown in Figure 3-7. The 

mechanism by which this occurs is discussed in Constantinou et al (2007). 

 

Figure 3-7 Effect of Axial Compression Load on the Coefficient of Friction in Friction Pendulum 

Isolators (Mokha et al, 1996) 

 

25 to 100 mm/s 
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Low ambient temperature can have a significant effect on the breakaway and minimum friction 

coefficients, but only a mild effect on the friction coefficient at high velocity (fmax). This is due to the 

significant frictional heating occurring at the interface which moderates the effects of low temperature. 

This along with the assumption that building isolators are located in normal environments, mean that 

ambient temperature is not considered herein.  

 

The increase in temperature through frictional heating is of importance as it causes wear and a reduction 

in the friction coefficient. Since frictional heating occurs at the contact surface, which is very small in 

volume, the temperature increase is substantial, however diffuses quickly into the surrounding medium. 

The temperature increase at the interface is proportional to the heat flux.  The heat flux (energy per unit of 

area per unit of time) at the interface is proportional to the coefficient of friction, the average pressure and 

the velocity of sliding. Therefore the similar unit requirements in ASCE 7-2016 require that the isolators 

be tested at a velocity and bearing pressure no less than that required in design to capture the hysteretic 

heating effects. Moreover the heating generated during high-velocity motion may also affect the bond 

strength of the material sliding against the stainless steel surface (typically proprietary materials in several 

layers glued to form a 1mm to 2mm thick liner), thus real time testing of production isolators is 

important.  

 

The above effects justify why it is necessary to carry out high-velocity dynamic testing under design 

specific conditions to get an accurate estimate of the friction coefficient, as well as to validate 

workmanship. Ideally this is at full-scale as the size (of the slider) can also affect behavior. When this is 

not possible, complicated scaling and similarity principles must be satisfied for testing (see Constantinou 

et al 2007 for an example of application of principles of similarity in the testing of reduced size bearings). 

 

Table 3-5 lists the default values recommended in ASCE 7-2016 commentary for cases where 

qualification data are unavailable and for other cases. Given the uncertainty of the sliding interface and 

mechanism of friction, the range of λtest,max and λtest,min is large. Theory predicts the stiffness of isolators 

based on geometry, which is invariable with the hysteretic heating and history of loading hence the 

λtest,max and λtest,min factors on Kd are 1.0. 
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Table 3-5 Testing Lambda Factors for Sliding Isolators with Unlubricated PTFE-Stainless Steel 

Sliding Interfaces 

Case Description 
Lambda  

Factor 

Friction Pendulum  

Isolators 

Kd Qd 

A 
No Qualification  

Test Data – Default Values 

λtest,max 1.0 1.3 

λtest,min 1.0 0.7 

B 
Qualification Data and  

Prototype Test Data Available 

λtest,max 1.0 Section 7.2 

λtest,min 1.0 Section 7.2 

C 
Qualification Data and Production 

Test Data Available 

λtest,max 1.0 Section 7.2 

λtest,min 1.0 Section 7.2 

 

3.4 Permissible Manufacturing Variations: λspec ,max and λspec,min 

The specification lambda factors λspec,max and λspec,min are a manufacturing tolerance assumed for design 

and written into specifications. These factors are determined by the RDP, in consultation with the 

manufacturer. The specification lambda factors account for, but are not limited to, the natural variability 

in properties, manufacturing variations and other uncertainties or contingencies.  

 

The nominal properties of each and every prototype and production isolator unit will be different from the 

average properties of all production isolators of a common type, with the extent of this variation 

depending on the quality and reliability of a supplier’s manufacturing methods. Since the Standard 

requires testing of every isolator that is used in construction, the data can be used to determine the mean 

isolation system properties and ensure that the as-built average nominal properties are consistent with the 

design assumptions. However, this is not the main reason for carrying out production testing on 100% of 

the production isolators. Other important concerns are discussed in Section 4.4. 

 

Typically the nominal property values used for analysis are based on test data from only two prototype 

isolators (instead of production data) and the design accounts for manufacturing variations by 

incorporating a range of values defined by λspec,max and  λspec,min. These lambda factors therefore set a 

range that the average values from production testing must fall within. In the unusual case where 

production test data is available for use in the analysis, then the exact nominal properties for the isolation 

system are known and λspec,max and  λspec,min are both set to unity. 
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The specification tolerance is explained in Figure 3-8 for a hypothetical sliding isolation system which 

requires 12 isolators. Two prototype isolators are assembled at the beginning of the project to determine 

nominal properties for analysis. Here the prototype isolators are not used in construction, however this is 

up to the RDP’s discretion. The nominal coefficient of friction for analysis is taken as the average 

nominal value of the prototype isolators, numbered 1 and 2 in Figure 3-8, which is (0.063 + 0.062)/2 = 

0.0625. The RDP then assumes a λspec,max and  λspec,min of 1.15 and 0.85, respectively, for analysis and 

design and specifies a ±15% tolerance for manufacturing variations. This gives a range (see grey solid 

line) of 0.053 to 0.072 which the average nominal value of all production isolators must fall within.  As 

shown in Figure 3-8, the average of the nominal values for production isolators is 0.057, therefore the 

manufacturer has met the specification requirement. It is noted that this is an imaginary scenario. If a 

project required only 12 isolators then there may be savings in constructing and testing all isolators so that 

λspec,max and  λspec,min can be set equal to unity.  

 

Individual isolators may be permitted to have a wider variation from the nominal properties used in 

design. This second tolerance may have been specified as ±20% as shown in Figure 3-8. Here two 

isolators fall slightly outside this range, yet the average of all production isolators is within the ±15% 

tolerance. The RDP has the option to reject or accept these two isolators.  Given that the average behavior 

of the isolators is important and not that of the individual isolators, the tolerance for individual isolators 

could be larger than the ±15% in ASCE 7 or the ±20% mentioned above. However, it is noted that the 

maximum individual isolator properties are typically used for local design of connections and the 

supporting structure. 
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Figure 3-8 Hypothetical Illustration of Specification Tolerances 

 

It is assumed that the production test data in Figure 3-8 is from dynamic testing at relevant loading 

conditions, so is identical to the prototype testing conditions and the nominal values can be compared 

directly. If quasi-static production testing is undertaken, assumed to be common practice for most 

manufacturers at present, then there has to be a relationship established between quasi-static and dynamic 

conditions in order to check the manufacturing tolerance. This is discussed further in Section 4.4. 

 

The most common condition for calculating nominal properties is expected to be as follows: Test data for 

two prototype isolators (or similar units per ASCE 7-2016 criteria) per type are available under relevant 

conditions of load, amplitude of motion, velocity and number of cycles. Production test data are available 

from other projects to use in verifying property modification factors for specifications. In this case the 

RDP may adopt a ±15% tolerance, as recommended in the ASCE 7-2016 commentary. Specifying a 

smaller tolerance is acceptable however overly tight tolerances have the potential to delay projects. An 

uncommon but ideal situation is having all production isolators tested and using the actual nominal 

properties for design. The three design scenarios for this report are given in Table 3-6. The lambda-test 

factors are applied to both Qd and Kd for lead-rubber isolators and to Qd for sliding isolators.  
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Table 3-6 Specification Lambda Factors 

Case Description 
Lambda  

Factor 
Any Nominal Property

 

A 
No Qualification  

Test Data – Default Values 

λspec,max  1.15 

λspec,min  0.85 

B 
Qualification Data and Prototype 

Test Data Available
 

λspec,max 1.15 

λspec,min 0.85 

C Production Test Data Available
 

λspec,max 1.0 

λspec,min 1.0 

Exception: The post-elastic stiffness Kd of sliding isolators is based on the geometry of the isolator which 

can be manufactured with a high degree of accuracy, hence λspec,max = λspec,min =1.0 for all cases. 
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SECTION 4 

TESTING REQUIREMENTS 

4.1 Introduction 

The testing requirements in ASCE 7-2016 are extensive and, in the authors view, complex. This section 

describes the key requirements of testing which is based on recommendations by Constantinou et al 

(2007) and Buckle et al (2006).  

 

The Standard ASCE 7-2016 mandates qualification, prototype and production testing of the isolation 

systems hardware. This testing has multiple objectives, such as validating the stability and robustness of 

isolator components and as a means to establish and validate properties used in analysis and design. Such 

testing is necessary due to: 

a) The importance of the isolation system, since it is the chief mechanism that reduces the structural 

seismic response. 

b) Most isolators being custom designed and constructed. 

c) Isolators being manufactured using non-traditional civil engineering materials (i.e. composites, 

lead and elastomers). 

d) Some isolators being mechanical systems which involve moving parts. 

 

The sections that follow elaborate on the three types of tests mentioned in ASCE 7-2016, namely 

qualification, prototype and production testing. Within the context of property modification (lambda) 

factors, the former two are used in establishing the force-displacement properties and property 

modification factors for analysis, with production testing usually used for validation of these properties 

and to reveal any problems with individual production isolators. 

 

4.2 Qualification Testing 

Qualification testing is a new clause in ASCE 7-2016, which complements the formal requirement to 

undertake bounding analysis of the isolator’s force-displacement behavior. Clause 17.8.1.1 states: 

Isolation device manufacturers shall submit for approval by the Registered Design Professional the 

results of qualification tests, analysis of test data and supporting scientific studies that are permitted to 

be used to quantify the effects of heating due to cyclic dynamic motion, loading rate, scragging, 

variability and uncertainty in production bearing properties, temperature, aging, environmental 

exposure, and contamination.  The qualification testing shall be applicable to the component types, 

models, materials and sizes to be used in the construction.  The qualification testing shall have been 
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performed on components manufactured by the same manufacturer supplying the components to be 

used in the construction.  When scaled specimens are used in the qualification testing, principles of 

scaling and similarity shall be used in the interpretation of the data. 

 

The RDP has flexibility and authority to determine what data qualifies as qualification test data. However 

it is generally the responsibility of the manufacturer to conduct qualification testing. These tests may be 

used to aid in the establishment of nominal properties and lambda factors, to characterize the longevity of 

the isolator, and to develop models of the isolators for analysis. 

 

In practice it is assumed that manufacturers have comprehensive databases of properties, based on 

research projects and past prototype and production testing. This is already the case for two suppliers in 

the United States which have compiled large databases. With regard to the nominal properties and lambda 

factors, the following comments are made: 

a) The aging and environmental lambda factors λae,max and λae,min generally can only be determined 

with the use of qualification test data and theoretical considerations. 

b) It is expected that the practice will evolve such that similar units test data (per ASCE 7-2016 

criteria) will be the common basis for determining nominal properties and lambda-test factors 

λtest,max and λtest,min. This is instead of performing prototype testing on every project. In this case, 

production testing may be used to corroborate analysis and design assumptions. 

c) Past production test data is useful in determining the specification tolerance, λspec,max and λspec,min, 

for manufacturing variations. 

 

4.3 Prototype Testing 

The testing protocols (sequence and cycles) outlined in ASCE 7-2016 can be traced back to historical 

documents where testing was performed quasi-statically. Nowadays it is recognized that the dynamic 

force-displacement behavior of isolators can be significantly different to the quasi-static behavior. 

Therefore dynamic testing is necessary to quantify the velocity and strain-rate effects.  

 

The different tests in ASCE 7-2016 §17.8.2.2 are seeking multiple objectives. The opinion of the authors 

is that only one characterization test is required to determine the isolation systems properties for analysis. 

This is the test with three fully reversed cycles of loading at the maximum (MCE) displacement DM 

performed dynamically at high speed. This test is item 3 of §17.8.2.2. The procedure for this prototype 

testing is described in Constantinou et al (2007) as follows: 
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 Supply a virgin (unscragged) isolator to the test facility and install it in the test machine. Apply an 

axial compressive load equal to 100% of the gravity load plus 50% of live load (load combination 

1 of ASCE 7-2016 §17.2.7.1, take the average for all isolators of a common type). Test at an 

ambient and bearing temperature of 20  8 °C. Apply three cycles of sinusoidal loading to a 

lateral displacement amplitude DM, at a loading frequency (or velocity) which is calculated from 

the effective frequency (inverse of effective period TM) of the isolated building. The displacement 

amplitude should be the calculated displacement in the maximum earthquake DM without the 

effect of torsion. Continuously record and report the vertical and lateral force and displacement 

histories for the duration of the test. Plot the lateral-force-versus lateral displacement relationship 

for the test. Record and report the ambient temperature at the start of the test. 

 

Constantinou et al (2007) states that this test provides benchmark data on the force-displacement response 

of the virgin seismic isolator. The test isolator unit must not have been tested previously by the 

manufacturer regardless of whether it is the practice of the manufacturer to conduct such tests as part of a 

quality control program. Three cycles of displacement are specified based on the studies of Warn and 

Whittaker (2004), who demonstrated that less than three fully-reversed cycles at the maximum 

displacement are expected for isolation systems with strength-to-supported weight ratio (Qd/W) of 0.06 or 

larger and period based on a post-elastic stiffness associated with a period of 2.5 seconds or greater (see 

Section 3.3.1).  

 

The Standard ASCE 7-2016 §17.2.8.2 requires that the isolator properties are determined using three 

axial/vertical load combinations consisting of: 

1. Average vertical load: D + 0.5L 

2. Maximum vertical load: (1.2 + 0.2SMS)D + ρQE + L + 0.2S 

3. Minimum vertical load: (0.9 - 0.2SMS)D + ρQE 

where D =  dead load, L = live load, S= snow load (if applicable), 0.2SMS=vertical seismic effects, and 

ρQE=horizontal seismic effects with a redundancy factor. The Standard allows the properties determined 

from each load combination to be averaged to give a single representative deformation cycle at each 

displacement level of the test regime. If the properties (i.e. effective stiffness and effective damping) from 

load combination 1 differ by less than 15% than the average of the properties from the three load 

combinations, then the properties are permitted to be computed for load combination 1 only. For this 

report it is declared (but should be corroborated on an actual project) that the lead-rubber, low-damping 

rubber and triple Friction Pendulum isolators meet this requirement. Therefore the range of lambda-test 

values is not further increased to incorporate a variation in properties from lower and higher axial loads 
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than D + 0.5L (see Section 6 and 7).  This requirement acknowledges that the mechanical properties of 

the isolation system are not (materially) affected by fluctuations in the axial load on individual isolators.  

Rather, the behavior is determined by the average load on the isolators, which is D+0.5L.  However, the 

effect of varying axial load on the properties of individual isolators is of interest as it affects the design of 

the isolator and of the structure in the vicinity of the isolator.    

 

The purpose of other testing may be to check that the measured force or displacement are within specified 

limits (i.e. wind test), to verify the stability of isolators in the maximum considered event, or to verify the 

isolator performance following several design earthquake events. These other tests are not intended for 

calculating properties, and may underestimate the upper bound and overestimate the lower bound. This is 

because the isolator has been scragged and perhaps there is not sufficient idle time between test sequences 

to let the heating effects dissipate.  

 

For large aftershocks, such as those experienced in Christchurch New Zealand in 2010/2011, although the 

isolator may be scragged, it is expected to have its characteristic strength restored and therefore the lower 

bound properties used in analysis are still appropriate. This is because heating effects take in the order of 

minutes to dissipate as shown in Figure 3-4 and in Constantinou et al (1999).  

 

ASCE 7-2016 also specifies “test specimen adequacy” criteria, which may dictate the bounds, particularly 

the lower bound, of the properties used for analysis if the testing is performed dynamically. These 

requirements are checked in Section 6.5 for actual prototype test data of lead-rubber isolators and Section 

7.4 for sliding isolators. It is the opinion of the authors that the requirements (specific to the lambda-test 

factors) are arbitrary since they do not take into account the project-specific isolation systems 

characteristics (i.e. Qd and Td) or the earthquake excitation. Furthermore as described in Section 3.3.1, 

bounding analysis using simplified bilinear hysteretic models, where the lower bound heating effects are 

based on the nominal 3-cycle values, have been shown to give a conservative estimate of response 

compared to more realistic validated models which account for the instantaneous heating effects 

(Kalpakidis et al 2010). 

 

It is essential that prototype testing is undertaken using full-scale specimens. If testing of reduced scale 

specimens is the only option (based on capacity of testing equipment) then application of principles of 

scaling and similarity is required. This requires the development and verification of theories to predict the 

degrading behavior of the isolation hardware. Often complete similarity cannot be achieved with the 

available testing equipment and therefore incomplete similarity may be employed, however its limitations 
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need to be understood (Constantinou et al, 2007, Kalpakidis and Constantinou, 2010). Finally it is noted 

that as displacement, velocity and force demands increase for seismic isolation applications in demanding 

environments, dynamic testing at full scale becomes increasingly difficult, time consuming and 

expensive, and occasionally impossible. 

 

4.4 Production Testing 

Production testing intends to verify the quality of the individual production isolators and is commonly 

referred to as quality control testing. Furthermore it is used to check that the isolation system properties 

are within the tolerance (specification lambda factor, λspec) assumed for analysis and design. Buckle et al 

(2006) state that under certain circumstances it may be acceptable to test only a portion of the isolators 

(say 50%) and implement a rigorous inspection program. However, ASCE 7-2016 mandates that 100% of 

the project’s isolators are tested, and gives the RDP flexibility to determine the acceptance criteria and 

manufacturing quality control test program.  The requirement for production testing of all isolation 

hardware has been the result of recent observation of failures or unacceptable behavior of hardware that 

has not been tested with two notable examples being: 

1) Elastomeric isolators for the Kunming Airport in China were installed in 2011 without 

testing.  As construction progressed and loads increased on the isolators, several showed 

signs of delamination.  Hundreds of isolators were removed and replaced. 

2) The California State Buildings 8 and 9 in Oakland, CA were fitted in 2007 with viscous 

damping devices of which 75% were installed without testing and with the remaining 25% to 

be tested prior to installation.  Several tested devices showed abnormal behavior that 

necessitated the removal, testing and re-building of the installed dampers. 

 

Quasi-static production testing is assumed to be the common practice for most manufacturers at present. 

Therefore to evaluate the consistency of the nominal values measured from production testing, there must 

be a relationship established between properties determined under quasi-static and to behavior under 

dynamic conditions. Typically, this requires that the prototype isolators are tested under the same 

conditions as the production testing to establish the criteria for acceptance of the production isolators, and 

to be tested under dynamic conditions for obtaining the nominal values and related property modification 

factors for analysis.  Nevertheless, the quality of production isolators may not be adequately demonstrated 

when tested quasi-statically and this may be a concern for products of inexperienced manufacturers.   
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SECTION 5 

PRELIMINARY DESIGN AND DESIGN SCENARIOS 

5.1 Introduction 

The building selected as a basis for the subsequent examples is the six story steel framed building used in 

the SEAOC Volume 5 Seismic Design Manual (“SEAOC Manual”) (2014), with details reproduced in 

Appendix A. However, the preliminary design of the isolation systems in this report deviates from those 

in the SEAOC Manual. The building is located in San Francisco, California (Latitude 37.783°, Longitude 

-122.392°) with spectral acceleration values of SMS=1.50g and SM1=0.90g to ASCE 7-10 site class D. 

There are examples for two types of isolation systems, namely the elastomeric isolation system consisting 

of low-damping natural rubber and lead-rubber isolators, and a sliding isolation system consisting of 

triple Friction Pendulum
TM

 isolators. 

 

The preliminary design of the elastomeric and sliding isolation systems is summarized in Section 5.2 and 

5.3, respectively. These details provide a basis to systematically determine the nominal properties and 

lambda-test factors for detailed analysis, as illustrated in Sections 6 and 7. A detailed analysis, such as the 

nonlinear response history analysis (NLRHA) in Section 9, can then be used to assess the adequacy of the 

design and to confirm the isolator’s specifications. For illustration, the lambda factors are determined for 

three different design scenarios/cases. These cases are described in Section 5.4 

 

The preliminary designs in this report are based on the approach presented in the Constantinou et al. 

(2011) Appendix C and D examples. The method utilizes simplified calculations based on the equivalent 

lateral force (ELF) procedure of ASCE 7, and does not require NLRHA analysis.  It is noted that 

preliminary design will vary, perhaps considerably between engineers, which is expected. Furthermore 

the preliminary design is an iterative process, and is based on the test data available as shown in 

Appendix B and C of this report. The analysis only considers the lower bound isolation properties, which 

is critical in assessing adequacy related to stability and displacement capacity. The upper bound analysis 

is typically also conducted in preliminary design as it may result in the maximum forces for the 

assessment of adequacy of the structure.  This is not done in this report as the work concentrates on the 

isolation system. 

 

The seismic weight of the building is 53090kN (11930kip) which consists of the dead load of 47795kN 

(10740kip) including the weight of the isolators, plus a partition live load of 5295kN (1190kip). The 

reduced live load is about 20196kN (4538kip). Further information on the buildings weights is given in 
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Appendix A.2. The live load does not contribute to seismic weight in this example (but for the partitions) 

but are needed for isolator stability checks, and for the load combinations in ASCE 7-2016 §17.2.7.1. It is 

noted that the seismic weight of 53090kN used for analysis is slightly different from the ASCE 7-2016 

load combination of D+0.5L = 57893kN. A mathematical model was used to calculate the distribution of 

axial compression loads, which are given in Tables 5-2 and 5-3 for the elastomeric and sliding isolation 

systems, respectively. 

 

5.2 Preliminary Design for Elastomeric Isolation System 

A description of the preliminary design procedure is presented in Appendix B. The design incorporates 

data from the tested isolators presented in Section 6. The nominal properties (average over three cycles of 

motion) were: 

 Lead-rubber (LR) isolator rubber shear modulus, G = 0.40MPa (58 psi) 

 Natural rubber (NR) isolator rubber shear modulus, G = 0.49MPa (71 psi) 

 Effective yield stress of lead, σL = 11.6MPa (1.68 ksi) 

A different type of rubber was used for the LR and NR isolators, and this is to be kept consistent for the 

final design. The details of the elastomeric isolation system are given in Table 5-1. The required isolator 

dimensions determined in the preliminary design are smaller than the tested isolators and are checked to 

see if they meet the similar unit requirements of ASCE 7-2106 in Section 6.4. 

 

Table 5-1 Rubber and Natural Rubber Isolator Dimensions obtained from Appendix B 

Isolator Type 
Number of  

Isolators 

Bonded  

Diameter, 

DB, mm (in) 

Total Rubber 

Thickness, 

Tr, mm (in) 

Lead Plug 

Diameter 

DL, mm (in) 

Center Hole 

Dhole, 

mm (in) 

Lead-rubber 

(LR) Isolator 
12 800 (31.5) 203 (8.0) 220 (8.66) N/A 

Low-damping Natural 

Rubber (NR) Isolators 
20 750 (29.5) 203 (8.0) N/A 70 (2.76) 

 

The lower bound properties, which are taken as the nominal properties multiplied by a factor of 0.85, 

were used to determine the maximum displacement using the ELF procedure. The isolation systems key 

parameters from preliminary analysis are: 

 MCE Displacement  DM = 350mm  (13.7inch) 

 Effective Stiffness  KM = 40.2kN/mm  (229kip/in) 

 Effective Period   TM = 2.3 seconds 
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 Effective Damping  βM = 20% 

 Total Post-Elastic Stiffness Kd, total = 27.2kN/mm (155kip/in) 

 Total Characteristic Strength   Qd, total = 4497 kN (1011kip) 

 

As explained in Appendix B, the elastomeric isolators were sized based on the minimum required rubber 

thickness to maintain stability. For the lower bound isolation system properties, the characteristic strength 

is 8.5% of the seismic weight, and structural shear at the maximum displacement is 26% of the seismic 

weight. The design velocity based on the effective period and the calculated maximum displacement is 

about 950 mm/s (37.4 in/s).  Note that the design velocity was calculated as the pseudo-velocity (effective 

frequency times amplitude of displacement = 2πDM/TM), which is known to be a rough approximation to 

the peak velocity.  The latter may be better estimated by multiplying the pseudo-velocity by a correction 

factor based on the values of effective period (2.3sec) and effective damping (0.20) per procedures in 

Ramirez et al (2000) to calculate a peak velocity of about 1050 mm/sec (41.3in/sec). 

 

Preliminary design revealed that the corner isolators (i.e. Grid 1/E) experience large tension loads due to 

the isolator having the lightest gravity loading combined with the maximum overturning effects from the 

structure above. Tension stresses in elastomeric isolators are discouraged as the capacity in tension is very 

limited and is dependent on the manufacturing quality. Furthermore, the necessary production testing of 

the isolator in tension (to verify the behavior) may result in damage to the isolator and therefore it will not 

be fit for use.  Various options to address this issue are discussed in Appendix B. Herein it is assumed the 

isolators are bolted at the bottom and slotted at the top, therefore allowing uplift to occur but checking 

that displacements (calculated using NLRHA) are within acceptable limits. This uplift is not modeled in 

the NLRHA in Section 9 as it is outside the scope of this report and is expected to have minimal effect on 

the lateral behavior of the isolators.  However, uplift will have some effect on the distribution of vertical 

load on the isolators. 

 

The configuration of the isolation system is illustrated in Figure 5-1. This configuration parallels the one 

in SEAOC Design Manual but the lead-rubber isolators have been re-located from the corners to the 

perimeter so as to increase the compression load on them and thus achieve better confinement of the lead 

core and improve their expected behavior.  The configuration is still resistant to torsional motion.  Four 

additional lead-rubber isolators have been placed at the reentrant corners to further improve performance 

of the isolation system. 
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Figure 5-1: Schematic of Isolator Layout for Lead-Rubber Isolation System 

 

The isolation system is divided into two components of a common type, namely LR and NR isolators. 

The average compression load for these two categories for ASCE 7-2016 §17.2.7.1 load combination 1, is 

given in Table 5.2. 

Table 5-2: Elastomeric Isolation System Compression Loads 

Load 

Combination
 Combination Lead-Rubber Isolator Natural-Rubber Isolator 

1. Average 

vertical load  

kN (kip) 

D + 0.5L 
1724 kN 1860 kN 

387 kip 418 kip 

 

5.3 Preliminary Design for Sliding Isolation System 

The preliminary design of the special triple Friction Pendulum (FP) isolator is presented in Appendix C 

and follows the procedure of Constantinou et al. Appendix C (2011). Of the 8 parameters used to define 

the force-displacement behavior of a “special” triple FP isolator (defined in Section 2.3), typically only 

the outer surfaces friction μ1 (or μ, the friction at zero displacement) and outer surfaces radius R1 are 

determined by the Registered Design Professional (RDP) since they govern the structures global seismic 

response. Other details of the triple FP isolator can be determined based on recommendations from the 

manufacturer. The best strategy is to contact the manufacturer of triple FP isolators and request proposals 

for isolator configurations that are most suitable for the application (i.e. trial designs) that can then be 
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evaluated by the RDP. By using standard isolator components and configurations the design will be more 

economical and have a more reliable performance compared to theoretical optimization studies. 

 

For this report, it is assumed the manufacturer recommended an isolator used on a past project with the 

dimensions given in Figure 7-1 and prototype test data presented in Section 7.2. The preliminary design 

in Appendix C also explores other scenarios, namely: 

a) The scope for altering the recommended isolator geometry (i.e. the isolator’s post-elastic stiffness 

parameter R1 and the displacement capacity d1). 

b) Calculating the friction coefficients based on qualification test data, in the case where the 

prototype test data does not meet the similarity requirements of ASCE 7-2016. 

 

Scenario b) is a hypothetical and involved process which gives insight into how the friction coefficient 

varies due to isolator pressure, velocity and frictional heating. Sometimes the RDP simply specifies a 

friction coefficient, with a range, and then the manufacturer uses their proprietary construction methods 

and/or alters the isolator’s dimensions to actually achieve this friction value.  Alternatively, the 

manufacturer provides information on what friction properties can be achieved in standardized isolator 

designs, which results in reduced manufacturing costs and expedited delivery of the isolators. 

 

For the preliminary analysis (See Section C.3 in Appendix C), the nominal coefficient of friction at zero 

displacement μ is taken as 0.048. This value is based on the test data available (Table 7-3). The maximum 

displacement is calculated using the ELF procedure using the rigid-linear and assuming lower bound 

properties of μ = 0.85 0.048 = 0.040 for all isolators. The isolation systems key parameters from 

preliminary analysis are: 

 MCE Displacement  DM = 627mm  (24.7inch) 

 Effective Stiffness  KM = 15.9kN/mm  (91kip/in) 

 Effective Period   TM = 3.7 seconds 

 Effective Damping  βM = 14% 

 Total Post-Elastic Stiffness Kd, total = 12.5kN/mm (71kip/in) 

 Total Characteristic Strength   Qd, total = 2134 kN (480kip) 

 

The total maximum displacement is taken as 1.2 DM to account for torsion and bi-directional effects, or 

DTM=752mm (29.6inch). The isolators displacement capacity is 828mm (32.6 inch) with stiffening (i.e. 

force-displacement response enters regime III as specified in Tables 2-1 and 2-2) at around 762mm (30 

inch). Therefore the prototype isolator is adequate and the tri-linear model in Figure 2-4 is applicable.  
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The required design velocity for testing, based on this preliminary design, can then be determined. 

Assuming a sinusoidal displacement and a period of oscillation using the stiffness of the outer concave 

plates radius R1 = 2235mm (88inch), not the effective stiffness as would be the case for an elastomeric 

system, the design velocity is calculated as 2πDM/Td = 2π 627mm/4.14sec = 950mm/sec (37.5 inch/sec). 

Note that the design velocity was calculated as the pseudo-velocity (frequency times amplitude of 

displacement = 2πD/Td), which is known to be a rough approximation to the peak velocity.  The latter 

may be better estimated by multiplying the pseudo-velocity by a correction factor based on the values of 

the effective period (about 3.7sec which is less than the post-elastic period of 4.14sec) and effective 

damping (0.14) per procedures in Ramirez et al (2000) to calculate a peak velocity of about 1025mm/sec 

(40.4in/sec).  

 

Figure 5-2: Schematic of Isolator Terminology for Sliding Isolation System 

 

The friction coefficient and frictional heating are dependent on the compression load (or bearing pressure) 

and therefore the FP isolators are categorized in two types for design, namely “interior” isolators and 

“exterior” isolators. These two types of isolators will have different sets of nominal values and/or lambda 

test factors as illustrated in Section 7. The average compression load on the interior and exterior isolators, 

for ASCE 7-2016 §17.2.7.1 load combination 1, is given in Table 5.3. 
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Table 5-3: Sliding Isolation System Compression Loads 

Load 

Combination
 Combination Interior Isolator Exterior Isolator 

1. Average 

vertical load  

kN (kip) 

D + 0.5L 
2351 kN 1267 kN 

528 kip 285 kip 

 

5.4 Design Scenarios for Detailed Analysis  

There are three main design scenarios investigated in this report, these are: 

 Case A: No Qualification Test Data/Manufacturer Unknown (Default Lambda Factors) 

It is assumed that there is no qualification test data from a reputable manufacturer to review and 

establish lambda factors.  The default values of ASCE 7-2016 are used, as discussed in Section 3 

and summarized in Section 8.  Nominal values are assumed based on generic information. The 

assumed nominal values must be verified in prototype testing (as required by ASCE 7-2016 

§17.8.2), however detailed design commences before this testing.  This is an undesirable situation 

and will result in the largest difference between response computed based on upper and lower 

bound properties, which will have an influence on maximum displacements (and hence isolator 

size) and maximum forces. 

 

 Case B: Prototype or Similar Unit Test Data Available 

It is assumed that there is qualification data from a reputable manufacturer to review and establish 

lambda factors. The establishment of the nominal values and lambda factors is based on 

recommendations of the manufacturer, analysis by the Registered Design Professional (RDP) and 

review by the Peer Review Panel (PRP).  In this report, the nominal values and associated testing 

lambda factors are established from past prototype testing of similar isolators (assumed to meet 

the similarity requirements of ASCE 7-2016 §17.8.2.7).  No further prototype testing is 

conducted. This is expected to be a common case as manufacturers develop large databases of test 

results in past projects. Since the analysis is based on test data from similar but not the actual 

isolators, still some uncertainty exists and some adjustment of data may be needed.  This is 

illustrated in the examples that follow.  Herein, the approach is taken to establish the nominal 

values of properties on the basis of the available data from the similar isolators and then adjusting 

the system property modification factors to reflect the uncertainty.  Moreover, the examples that 

follow show how data obtained in the testing of one isolator may be adjusted on the basis of 
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validated theory to apply to different conditions of motion that are relevant to the application for 

which the isolators are considered.  

 

 Case C: Production Test Data Available 

In the case where there is comprehensive qualification data from a reputable manufacturer to 

review and establish lambda factors.  Also, it is assumed that the isolators have been 

manufactured and tested so that the nominal values are available based on the production test 

data. This is an ideal scenario as there is no uncertainty on manufacturing variation (i.e. λspec,max = 

λspec,min = 1.0), therefore it will have the smallest difference between response computed based on 

upper and lower bound properties. This case is uncommon at present because it requires all 

isolators to be constructed and tested prior to the analysis.  

 

The quantity and quality of test information available to determine an isolation system’s nominal 

properties and associated lambda factors has been categorized as specific cases above, yet it is better 

described by the continuum in Figure 5-3 below. At one end of the range there is limited test data, with 

the most uncertainty in the isolator system performance, compared to full production data from dynamic 

testing which is the ideal but uncommon scenario. The three cases considered above fall somewhere 

between these district cases along the continuum of possibilities.  

 

 

Figure 5-3 Indicative Continuum of Quantity and Quality of Test Data vs. Range in Isolation 

System Properties  
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SECTION 6 

COMPUTING PROPERTIES FOR ELASTOMERIC ISOLATORS 

6.1 Introduction 

This section presents examples of how to calculate nominal properties and the associated testing lambda 

factors λtest,max and λtest,min. Dynamic test data is presented for two lead-rubber isolators and two low-

damping natural rubber isolators (i.e. Case B: Prototype or Similar Unit Test Data of Section 5.4). The 

rubber shear modulus G and the effective yield stress of lead σL nominal values are calculated for the 

bilinear analysis model discussed in Section 2.2. These are the material parameters which are used to 

calculate the post-elastic stiffness Kd and the characteristic strength Qd, respectively.  

 

In this report the axial compression load used to calculate the nominal properties and associated lambda-

test values only considers the average vertical load (§17.2.7.1 load combination 1), for reasons discussed 

in Section 4.3. 

 

6.2 Lead-Rubber Isolators 

6.2.1 Prototype Isolators 

Two full scale lead-rubber prototype isolators of a past project were subjected to high speed testing with 

three fully reversed cycles. The details of the two isolators are illustrated in Figure 6-1. The isolator has a 

total rubber thickness Tr = 203 mm (8.0 in), a bonded rubber area including half the rubber cover 

thickness Ar = 505528 mm
2
 (822 in

2
), a lead core area AL = 38013 mm

2 
(59 in

2
), and a shape factor 

(loaded area divided by the area free to bulge) of S = 28.4.  
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Figure 6-1 Tested Lead-Rubber Isolator Unit Details 

 

The identical isolators were tested at an average axial load of 3683 kN (828 kip) with a sinusoidal 

displacement of 483mm (19.0 in) amplitude, corresponding to a peak shear strain of 238 %. The tests 

were conducted dynamically at high speed with a peak velocity of 1012 mm/s (39.8 in/s). This 

corresponds to a frequency of 0.33Hz or period of oscillation of 3.0 seconds.  Figures 6-2 and 6-3 give the 

lateral force-displacement loops for Isolator No. 1 and Isolator No. 2, respectively, which fortuitously 

have nearly identical behavior. 

 

Figure 6-2 Lateral Force-Displacement Loops of Isolator No. 1 
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Figure 6-3 Lateral Force-Displacement Loops of Isolator No. 2 

 

An initial comparison of the tested isolators to the preliminary design requirements shows a peak 

displacement of 483mm compared to 350mm, a peak velocity of 1012mm/s compared to 1050mm/s, and 

a compression load of 3683kN compared to 1724kN. Therefore the tested isolators above appear 

appropriate but the properties may require adjustment, as discussed later. 

 

There are three fundamental properties for the lead-rubber isolator bilinear model. These are the shear 

modulus of rubber G, the effective yield stress of lead σL and the yield displacement Y. The mechanical 

properties of the two tested isolators are given in Table 6-1. 
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Table 6-1 Mechanical Properties of Two Prototype Lead-Rubber Isolators  

Cycle/Loop 

Shear 

Modulus  

of Rubber, G 

MPa 

Energy  

Dissipated per  

Cycle, Eloop   

kN-mm 

Characteristic  

Strength of  

Lead, Qd 

kN 

Effective Yield 

Stress of Lead, 

σL  

MPa 

Isolator No. 1 

1 Discard  1120677 599 15.7 

2 0.41 768538 411 10.8 

3 0.37 610929 326 8.6 

Average 0.39 833381 445 11.7 

Isolator No. 2 

1 Discard 1109697 593 15.6 

2 0.43 761081 407 10.7 

3 0.40 606266 324 8.5 

Average 0.41 825681 441 11.6 

Average of 

two isolators 

0.40 MPa 

(58 psi) 

829531 kN-mm 

(7339 kip-in) 

443 kN 

(100 kip) 

11.65 MPa 

(1688 psi) 

 

The calculation of each of these parameters is outlined as follows: 

1. Shear Modulus of Rubber, G 

The shear modulus of rubber is calculated from the post-elastic stiffness Kd using equation (2-2). This 

equation includes a factor (greater than unity) which is used to account for the stiffening effect of the lead 

core. This factor is assumed to be equal to unity in cycles 2 and beyond owing to the heating effects of the 

lead core that diminish its contribution to the stiffness.  For this reason the first cycle is discarded for the 

calculation of the post-elastic stiffness.  The higher stiffness seen in the ascending branch of the first cycle 

is accounted for in the model for analysis by using a combined upper bound value of stiffness (accounting 

for uncertainty in properties and scragging effects) and upper bound value of strength (accounting for 

heating effects).    

 

The value of Kd is calculated graphically by finding the slope of the loops as shown in Figure 6-4. This is 

an example for the second loop of Isolator No. 1. The slopes are fitted to the data up to a displacement of 

around 75% of the maximum displacement in each direction (corresponding to 180% shear strain). Care is 
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taken to determine slopes that have equal values for the ascending and the descending branches of the 

loop.   This results in the calculation of stiffness Kd, which is taken as 1.03 kN/mm for this loop.  

 

 

Figure 6-4 Graphical Calculation of the Post-Elastic Stiffness, Loop 2 Isolator No. 1 

 

The shear modulus or rubber is then calculated by rearranging equation 2-2. Assuming after one loop that 

there is a negligible stiffening effect from the lead core and rubber scragging, the shear modulus of rubber 

for the second loop of Isolator No. 1 is calculated as follows: 

 
 

1.03 1000 203
  0.41    59 

1.0 505,528

d r

L r

K T
G MPa psi

f A

 
  


 

The nominal value of the shear modulus of rubber is the average over three cycles. Herein, only two 

cycles are available but as seen in Table 6-1 there is small difference in post-elastic stiffness after the first 

cycle, part of which is real and part the result of the method of processing of the data by selecting a “best 

fit” straight line to represent the stiffness. Accordingly, the average value of the two cycles is used as the 

nominal value for the shear modulus.  Any presumed uncertainty related to the effect of a third cycle 

motion will have to be incorporated in the property modification factors. Taking the average for the two 

prototype isolators gives a nominal shear modulus of rubber of 0.40MPa.  

 

Based on an expected number of cycles of two (determined in Section 3.3.1) the minimum lambda-test 

factor λtest,min is taken as 1.0. The corresponding maximum lambda-test factor λtest,max, which is 

accounting for the effect of scragging, cannot be calculated accurately from the available test data on 
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lead-rubber isolators. This is because of the effects of heating on the lead core, which completely masks 

the scragging behavior. If the same rubber has been used for both the lead-rubber and the low-damping 

natural rubber isolators, the scragging factor may be obtained from the low-damping natural rubber 

isolator test data. However in the scenario where all the project’s isolators are lead-rubber or a different 

rubber is used (as is the case here), then the proper process is to request additional information from the 

manufacturer. Further discussion on this matter is provided in Section 3.3.2. 

 

Based on actual prototype data, the nominal value and associated testing lambda factors for the 

calculation of the lead-rubber isolator’s post-elastic stiffness is: 

 Nominal shear modulus of rubber, Gnominal = 0.40 MPa (58 psi) 

 Maximum testing lambda factor, λtest,max = more data required 

 Minimum testing lambda factor, λtest,min = 1.0 

 

2. Effective Yield Stress of Lead, σL 

The characteristic strength Qd (force at the zero displacement) for each cycle can be calculated from test 

data using: 

 4

loop

d

E
Q

D Y



      (6 - 1) 

In equation 6-1, Eloop is the measured energy dissipated per cycle, D is the displacement and Y is the yield 

displacement. The energy dissipated per cycle is the area within the loop and can be measured by 

numerical methods using the recorded test data of force and displacement. The yield displacement is 

taken as 15mm (0.6inch) based on a visual fit of data, and the displacement D is the maximum 

displacement, assumed to be the same in each direction. The effective yield stress of lead σL is then 

calculated using equation (2-1) by dividing the characteristic strength by the area of the lead core 

(AL=38013mm
2
). It is noted that the rubber also contributes a small amount to this characteristic strength, 

however for simplicity it is assumed that all the strength is contributed by the lead core. The effective 

yield stress of lead for each cycle of the tested isolators is provided in Table 6-1. 

 

The nominal effective yield stress of lead is taken as the average over three cycles of motion, and then 

averaged for the two prototype isolators, which is equal to 11.65 MPa, and rounded to 11.6 MPa for use 

in calculations. Note that velocity effects are directly accounted for in the test which is dynamic, so that 

only heating effects are reflected in the values of λtest. For the calculation of the upper bound properties, 

the average of the σL in the first cycle from the two prototype isolators is needed, which is 15.65 MPa. 
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Therefore the λtest, max value is the ratio of the first cycle σL to the average of three cycles, giving 

15.65/11.6 = 1.35. Based on the isolation systems properties and site ground motions, the expected 

number of cycles is two cycles (see Section 3.3.1 for details). Since the second cycle properties are less 

than three-cycle average (nominal properties), the lower bound is set to the second cycle properties with 

λtest,min  equal to ½(10.7+10.8)/11.6 = 0.93. Therefore the nominal value and associated lambda factors for 

these prototype isolators is: 

 Nominal yield strength of lead, σL,nominal = 11.6 MPa 

 Maximum testing lambda factor, λtest,max = 1.35 

 Minimum testing lambda factor, λtest,min = 0.93 

 

6.2.2 Adjustments for Heating Effects  

The two lambda-test factors λtest,max and λtest,min above assume that the testing conditions are identical to 

what is required in design, which they are not. The “similar” isolators above are tested to a displacement 

of 483mm with a compression load of 3683kN, whereas the preliminary design resulted in a maximum 

displacement (without torsion) of 350mm and compression load of 1724kN (D + 0.5L). Therefore some 

adjustment is necessary. As introduced in Section 3.3.2, a validated theory from Kalpakidis et al (2008) 

can be used to calculate the heating effects in lead-rubber isolators. The general theory is first discussed 

below before undertaking adjustments of the lambda-test factors for the design conditions. 

 

Depending on the nature of the earthquake source and proximity to faults, the RDP may decide to utilize a 

number of cycles less or more than two, which will result in different values of λtest,. The established 

nominal value of the effective yield stress of lead and of λtest, only apply for the tested pair of isolators 

and for the conditions of load and motion in the test.  In the following we describe how the data obtained 

in the testing of these two isolators may be adjusted to apply to different conditions. 

 

The effective yield stress of lead at initiation of motion varies from isolator to isolator. This is because it 

depends on a variety of parameters, including axial compression load on the isolator (i.e. confinement of 

lead), amplitude of motion, size of lead core, and isolator manufacturer details. Furthermore there is a 

reduction in the strength of lead from cycle to cycle due to heating effects, which can be significant in the 

first few cycles of high-speed motion. A problem with using data from the testing of similar (but not the 

actual) isolators is that the value of the effective yield strength of lead needs to be adjusted for the 

conditions of testing of the actual isolators, which are related to the expected response of the actual 

isolators (amplitude of motion and number of cycles).   
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Simplified heating calculations (Kalpakidis et al, 2008) can be used to calculate the reduction in the 

effective yield stress of lead, which are presented in Section 3.3.2. This theory is applicable for the first 

few cycles of high speed motion as it neglects heat conduction through the shim and end steel plates. 

 

The implementation of this theory is illustrated as follows: 

1. Calculate the effective yield stress of lead for each cycle, as shown in Table 6-1. This effective 

yield of lead is an “average” over the full cycle, i.e. if the characteristic strength was held 

constant at this value over the full loop then the energy dissipated per cycle will be equal to that 

obtained from the test data. In reality the yield stress of lead is continually reducing during 

motion due to heating effects. 

2. Plot the data for the effective yield stress of lead measured from testing for each loop, as shown 

in Figure 6-5. For a displacement D of 483mm, the travel S completed for one full loop is 4   

0.483 =1.932m. As discussed earlier, the effective yield stress calculated in Step 1 is an “average” 

value representative of a full cycle, hence is plotted as a stepped line (see grey dotted line Figure 

6-5). 

3. Extrapolate the data points back to the vertical axis to obtain the reference effective yield stress of 

lead at zero time σL0, before motion begins. Using the simplified heating calculations (Kalpakidis 

2008), with an estimate of σL0 (may require iteration) and travel S (based on the calculated DM), 

one can plot the reduction in the effective yield stress of lead as a function of travel or number of 

cycles (see Simplified Analytical line in Figure 6-5). The fitting of the “simplified analytical” 

curve to the measured data should be made at mid-cycle. 

 

For the first cycle, the temperature increase and corresponding reduced effective yield stress for each 

cycle is calculated using equations (3-3) and (3-4) as follows using a height of lead hL= 428 – 2 x (31.8 + 

38.1) = 0.288 m, an estimate of σL0=20.5 MPa and the travel at mid-cycle for the first cycle is S = 

0.966m, giving:  

61 0.0069 20.5 10 0.966
1 40.6

0.0069 11,300 130 0.288
LT ln C

   
    

  

 

 20.5 exp 0.0069 40.6 15.5    
L

MPa       

It is important to note that the temperature increase is calculated based on travel at mid-cycle (i.e. 0.966m, 

2.898m, and 4.83m for the 1
st
, 2

nd
 and 3

rd
 cycles, respectively). 
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Figure 6-5 Measured and Calculated Effective Yield Stress of Lead 

 

In Figure 6-5 the analytical calculation slightly over-predicts the temperature increase (and thus under-

predicts the yield stress for the third cycle). This is because the simplified theory ignores heat conduction 

through the steel shims and steel end plates, which is a conservative assumption as it over-predicts the 

temperature increase.  The theory explains and quantifies the substantial reduction in energy dissipated 

per cycle in the initial cycles.  More accurate calculation is possible (Kalpakidis et al, 2008) but the 

numerical solution of a differential equation will then be needed. 

 

This theory may be applied for this design, where the maximum displacement required by preliminary 

design is 350mm, whereas for the tested isolators the amplitude is 483mm. The initial value of the 

effective yield stress of lead σL0 is 20.5 MPa, obtained as shown above. Calculations using equation 3-5 

give the following:  σL1=16.6MPa (at S=0.7m), σL2=12.05MPa (at S=2.1m) and σL3=9.45MPa (at 

S=3.4m).  The average of the three cycles is the nominal value σL,nominal = 12.7 MPa, and the ratio of  σL1 

to σL,nominal is λtest,max = 16.6/12.7=1.30, whereas  λtest,min = 1.0, or 0.95 based on the second cycle 

properties. 

 

Conversely, if the nominal value calculated from the prototype isolators above (11.6MPa) is maintained, 

the corresponding lambda-test factors would be adjusted to λtest,max = 16.6/11.6=1.4 whereas, unusually, 

λtest,min = 12.05/11.6 = 1.04. However since the tested compression load is 3683kN, which is more than 

twice the average design load, there is uncertainty in the initial value σL0 and some adjustment is 
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necessary. The compression load provides confinement to the lead core, and therefore the lower 

compression load will correspond to a lower effective yield stress of lead. Therefore the lower bound is 

reduced by 10% (i.e. λtest,min = 1.04 - 0.1   0.95) and the upper bound value is maintained 

conservatively. Hence the nominal value with the adjusted lambda factors, specific for the preliminary 

design case, based on similar isolators is: 

 Nominal yield strength of lead, σL,nominal = 11.6 MPa 

 Maximum testing lambda factor, λtest,max = 1.40 

 Minimum testing lambda factor, λtest,min = 0.95 

This range (1.4/0.95=1.47) in the lambda-test factors is slightly more than the range based on prototype 

isolators (1.35/0.93=1.45), even though the heating effects are greater for the prototype isolators since 

they have greater travel. This is because of the uncertainty in the initial value of the effective yield stress 

of lead, which was accounted for by increasing the range of the λtest values. 

 

To further illustrate the utility of the theory consider a lead-rubber isolator having a lead core height 

hL=0.2 m and calculated amplitude of motion in the maximum earthquake (excluding torsion) equal to 

0.24m (this will be the amplitude of motion for which the prototype isolators should have been tested).  

Let us assume the initial value of the effective yield stress of lead σL0 is 20.5 MPa, as obtained in the 

testing of the similar isolators.  (In reality it will not be the same so some adjustment will be needed).   

Calculations using equation (3-5) give the following:  σL1=16.7MPa (at S=0.48m), σL2=12.1MPa (at 

S=1.44m) and σL3=9.5MPa (at S=2.4m).  The average of the three cycles is the nominal value σL,nominal = 

12.8 MPa and the ratio of  σL1 to σL,nominal is λtest,max = 16.7/12.8=1.30, whereas  λtest,min = 1.0 (this is a 

representative value as explained in Section 3.3.1).  However, due to uncertainty in the initial value of the 

yield strength of lead it is appropriate to further adjust the lambda factors to say λtest,max = 1.35 and  

λtest,min = 0.95. 

 

In another example, consider the case in which the RDP has determined (and the Peer Review Panel 

approved) that for the same isolator with lead core height hL=0.2 m the amplitude of motion is 0.5m and 

only two cycles at this amplitude are expected due to the nature of the fault and the proximity of the 

structure to the fault.  Assuming a value of σL0=20.5 MPa, calculations using equation (3-5) give the 

following:  σL1=13.8MPa (at S=1m) and σL2=8.4MPa (at S=3m).  The average of the two cycles is now 

defined as the nominal value σL,nominal = 11.1 MPa and the ratio of  σL1 to σL,nominal is λtest,max = 

13.8/11.1=1.24, whereas  λtest,min = 1.0.  However, due to uncertainty in the initial value of the yield 
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strength of lead it is appropriate to further adjust the lambda factors to say λtest,max = 1.30 and  λtest,min = 

0.95. 

 

6.3 Low-Damping Rubber Isolators 

Two low-damping natural rubber prototype isolators of a past project were subjected to high speed testing 

with three fully reversed cycles. The details of the two isolators are illustrated in Figure 6-6. The isolator 

has a total rubber thickness Tr = 203 mm (8.0 in), a bonded rubber area including half the rubber cover 

thickness Ar = 539692mm
2 
(875 in

2
), a hole/mandrel diameter of 70mm (2.756 in), and a shape factor of S 

= 27. The isolators were made using the same manufacturing methods used for the two lead-rubber 

isolators but the rubber was different as its shear modulus was slightly higher.  

 

 

 

Figure 6-6 Tested Low-Damping Natural Rubber Isolator Details 
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The identical isolators were tested at an average axial compression load of 1779 kN (400 kip) with a 

sinusoidal displacement of 483mm (19.0 in) amplitude and peak shear strain of 238 %. The tests were 

conducted dynamically at high speed with a peak velocity of 1012 mm/s (39.8 in/s). This corresponds to a 

frequency of 0.33Hz or period of oscillation of 3.0 seconds.  Figures 6-7 and 6-8 present the recorded 

lateral force-displacement loops for Isolator No. 3 and Isolator No. 4, respectively. 

 

Figure 6-7 Lateral Force-Displacement Loops of Isolator No. 3 

 

 

Figure 6-8 Lateral Force-Displacement Loops of Isolator No. 4 
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An initial comparison of the tested isolators to the preliminary design requirements shows a peak test 

displacement of 483mm compared to 350mm, a test peak velocity of 1012mm/s compared to 1050mm/s, 

and a test compression load of 1779kN compared to 1860kN. Therefore the tested isolators may be 

judged as not meeting the similarity requirements based on the observation that the actual load is higher 

than the test load and size the preliminary design size of the isolator is smaller. This is checked in Section 

6.4. 

 

Figures 6-7 and 6-8 both show the first cycle having a higher stiffness than the second and third cycles. 

This is due to scragging of the virgin rubber. The post-elastic stiffness for each loop is calculated 

graphically as illustrated in Figures 6-9 and 6-10.  Note that the calculation of the scragging factor is 

based on the post-elastic stiffness as that is the quantity used in the analysis.  In this case, however, the 

use of the effective stiffness (which is easier to obtain) would provide a very close result to the calculated 

value of the scragging factor due to the low-damping in the isolator.  

 

Figure 6-9 Graphical Calculation of the Post-Elastic Stiffness, Loop 1 Isolator No. 3 
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Figure 6-10 Graphical Calculation of the Post-Elastic Stiffness, Loop 3 Isolator No. 3 

 

The slope is calculated by carefully drawing a line that best fits the slope to the loading branches (in the 

positive and negative displacement directions) over a strain from around +180% shear strain to -180% 

shear strain. From the illustrations in Figures 6-9 and 6-10, the scragging factor for Isolator No. 3 is as 

follows: 

   1

   3

1.49
    1.24

1.20

d loop

d loop

K
Scragging Factor

K
       (6 - 2) 

However, the scragging factor as calculated above is not directly used per ASCE 7-2016 procedures.  

Rather, the scragging effects are included in the property modification factor λtest,max defined as the ratio 

of the property in the first cycle to the average 3-cycle value of the property in a test under dynamic 

conditions so that heating and rate of loading effects are also accounted for.  The value is calculated 

herein to provide the reader a better insight into the behavior of the isolators.  This would allow the RDP 

to make decisions on the adjustments of factors for uncertainties.   

 

The same process is carried out for Isolator No. 4 with the same scragging factor calculated. This low 

scragging factor corroborates the selection of a low aging lambda factor, since both effects are thought to 

be related to chemical processes occurring in the rubber. The mechanical properties for the two prototype 

isolators are summarized in Table 6-2. 
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Table 6-2 Mechanical Properties of Two Prototype Low-Damping Rubber Isolators 

Cycle 

Post-Elastic 

Stiffness, Kd 

kN/mm 

Effective 

Stiffness, Keff 

kN/mm 

Shear Modulus 

of Rubber, G 

MPa 

Energy 

Dissipated per 

Cycle, Eloop 

kN-mm 

Effective 

Damping, 

βeff % 

Isolator No. 3 

1 1.49 1.73 0.56 150312 5.9 

2 1.22 1.50 0.46 109348 4.9 

3 1.20 1.46 0.45 98549 4.6 

Average 1.30 1.56 0.49 119403 5.1 

Isolator No. 4 

1 1.48 1.85 0.56 173705 6.3 

2 1.20 1.59 0.45 122993 5.2 

3 1.19 1.53 0.45 112508 4.9 

Average 1.29 1.66 0.49 136402 5.5 

Average of 

two isolators 

1.30 

(7.4 kip/in) 

1.61 

(9.2 kip/in) 

0.49 

(71 psi) 

127903 

(1132 kip-in) 
5.3 

 

The nominal shear modulus of rubber is calculated from the average post-elastic stiffness over the three 

cycles of motion. The λtest,max is not equal to the scragging factor of 1.24, since the scragging factor is the 

ratio of the first cycle to the third cycle post-elastic stiffness. The value of λtest,max is the ratio of the first 

cycle to the nominal post-elastic stiffness, giving a value of 0.56/0.49 = 1.15. The λtest,min value calculated 

as 0.455/0.49 = 0.93 based on two cycles, as determined in Section 3.3.1. 

In summary, the nominal value for the shear modulus and associated lambda factors to account for 

scragging effects are: 

 Nominal shear modulus of rubber, Gnominal = 0.49 MPa (71 psi) 

 Maximum testing lambda factor, λtest,max = 1.15  

 Minimum testing lambda factor, λtest,min = 0.93 

 

These values of properties apply for the particular rubber compound used in the tested isolators.  They do 

not apply for the rubber used in the lead-rubber isolators discussed earlier.  The proper procedure is to 

request additional data from the supplier of the isolators.  As discussed in Section 3.3.2, coupon test data 

should be viewed with great caution. 
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An option available to the RDP is to use the data obtained from the testing of the natural rubber (NR) 

isolators, even when the material is not exactly the same, on the assumption that the behavior cannot be 

very different between the tested material of G=0.49MPa and the material in the lead-rubber isolators of 

G=0.40MPa.  However, some adjustment of properties will be needed.  It is appropriate to utilize generic 

results like those in Thompson et al (2000) (see Section 3.3.2) on the rubber scragging factor which 

demonstrate a general increase in the scragging factor with reduction of the shear modulus.   

 

It is important to recognize that the nominal value of the shear modulus calculated for the lead-rubber 

(LR) isolators is the average over the last two cycles and does not include the first cycle which would 

have scragging effects, and hence result in an increase in the 3-cycle nominal value. Therefore λtest,max  

should be increased accordingly. For the LR isolator, the average rubber shear modulus G for the two 

isolators is 0.42MPa for the 2
nd

 cycle and 0.385MPa for the 3
rd

 cycle (i.e. the nominal value was based on 

2 cycles, calculated as 0.40MPa). If the scragging factor was the same for the NR and LR isolators (i.e. 

1.24), then back-calculating will give a 3-cycle nominal value of the LR isolator of 

(1.24 0.385+0.42+0.385)/3 = 0.43MPa, with λtest,max =1.15 as above. However since the nominal value 

for the LR isolators is stated as G=0.40MPa, then λtest,max would have to be increased to 

(0.43/0.40) 1.15=1.24 to give the same upper bound value. But the rubber for the LR and NR isolators is 

not the same, therefore some further adjustment is needed. Based on Thompson et al (2000) the lambda 

factors are adjusted as follows given that for the lead-rubber isolators the shear modulus is slightly less 

than the NR isolators.  That is, for the lead-rubber isolators: 

 λtest,max  = 1.3 and λtest,min = 1.0  

 

Both the isolators are of low-damping type since the effective damping is about 5%. The modeling of 

these types of isolators is discussed in Section 2.2. 

 

6.4 Similar Unit Criteria 

There are two parts to the similarity criteria in ASCE 7-2016 Section 17.8.2.7: 

1. Items 1 to 6 need to be met in order to avoid conducting project-specific prototype testing. In this 

case, production testing may be used to corroborate nominal properties and bounding values used 

in analysis. The prior prototype testing may have been conducted quasi-statically (slow-speed) or 

dynamically at high-speed. 

2. Only Items 2, 4, 7 and 8 need to be satisfied when the prior prototype testing, which is conducted 

dynamically, is used to establish λtest,max and λtest,min factors. This gives greater flexibility on the 
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size of the previously tested bearings, however the RDP must use “principles of scaling and 

similarity” to interpret the test data. 

 

Differences between the prototype test data and the parameters obtained in preliminary design (as per 

Table 5-1 and 5-2) result in further uncertainties which must be taken into account. This is dealt with by 

using further adjustment factors when computing the final λtest,max and λtest,min.  

 

In order to avoid project-specific prototype testing and to be able to use past prototype test data as a basis 

for developing nominal properties and lambda factors, the new project’s isolators must be of the same 

type and material and manufactured by the same manufacturer using the same processes and quality as the 

past prototype isolator. Furthermore, the following criteria must be satisfied according to ASCE 7-2016 

§17.8.2.7 Testing Similar Units: 

1. The isolator design is not more than 15% larger nor more than 30% smaller than the previously 

tested prototype, in terms of governing device dimensions; and 

The governing isolator dimensions are outlined in Table 6-4. The prototype isolators are within the 

specified limits for all governing dimensions. 

Table 6-3 Comparison of Governing Dimensions 

Parameter 
Tested Prototype 

Isolator 

Preliminary Design 

Isolator Table 5-1 

Difference 

to Design 

Lead-rubber Isolators 

Diameter of rubber (mm) 851
 

800 -6% 

Total rubber thickness (mm) 203 203 0% 

Lead core diameter (mm) 220 220 0% 

Low-damping Natural Rubber Isolators 

Diameter of rubber (mm) 851 750 -13% 

Total rubber thickness (mm) 203 203 0% 

 

2. Is of the same type and materials; and 

It is assumed that the same type and materials as the prototype isolators will be used for the actual 

isolators. While not stated in ASCE 7-2016, it is presumed that the RDP may accept small variations in 

materials with assumptions for a larger tolerance on the λspec factors. 
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3. Has an energy dissipated per cycle, Eloop, that is not less than 85% of the previously tested unit, 

and 

The energy dissipated per cycle in the “Preliminary Design” column of Table 6-5 is calculated using the 

tested isolator’s displacement, 483mm (19in), and the nominal yield stress of lead. It is noted that the 

calculated displacement from preliminary design is 350mm (13.7 in) at the center of mass.  

 

The average energy dissipated over three cycles of motion for the prototype isolator is 93762 kN-mm 

(829.5 kip-in), which is only 6 % larger than the preliminary design nominal value. This is not surprising 

since the effective yield stress of lead used in the preliminary design is based on the prototype isolator test 

data, and the lead core diameters were identical.  Evidently, the similarity criteria on Eloop are satisfied. 

 

Table 6-4 Comparison of Energy Dissipated per Cycle (kN-mm) 

 

Tested Prototype Isolators Preliminary 

Design Isolator 

Table 5-1
 

Ratio of  

Design/Test 

Values 
Cycle Isolator 1 Isolator 2 Average 

1 1120677 1109697 1115187 825466
1
 0.74 

2 768538 761081 764810 825466 1.08 

3 610929 606266 608598 825466 1.36 

Average of 3 833381 825681 829531 825466 1.06 

1. Based on nominal yield stress of lead, 11.6 MPa (1,681 psi), same displacement as tested isolator- 

483mm (19 in), and 15 mm (0.6 in) yield displacement. 

 

4. Is fabricated by the same manufacturer using the same or more stringent documented 

manufacturing and quality control procedures.  

It is assumed that identical processes will be followed to that used in the production of the prototype 

isolator. This is an issue of particular concern as it is known that some manufacturers utilize different 

processes and even different manufacturing facilities for the production isolators.  In general, any 

deviation should be rejected. 
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5. For elastomeric type isolators, the design shall not be subject to a greater shear strain nor greater 

vertical stress than that of the previously tested prototype.  

Based on the preliminary design displacement of 350mm (13.7in), the design shear strain is less than that 

achieved in testing for both the lead-rubber and the natural rubber isolator (see Table 6-6). 

 

The vertical stress, however, is less for the tested natural rubber isolator than the actual isolator. Table 6-6 

presents the vertical stress for the tested and actual isolators, where for the latter it is based on load 

combination 1 of Section 17.2.7.1- the average vertical load D + 0.5L. Other vertical load combinations 

are not considered, for reasons discussed in Section 4.3.  

 

For the lead-rubber isolators, the tested compression stress is about 88% less than the preliminary design 

compression stress, therefore acceptable. Adjustments for uncertainties are incorporated as discussed in 

Section 6.2.2. 

 

The tested low-damping natural rubber (NR) isolators have a compression stress 23% less than that in 

design, hence the design NR isolators (as per Table 5-1) are subjected to a greater (average) compression 

stress and do not meet the similarity requirements of ASCE 7-2016.  Nevertheless, the compression stress 

has small effect on the stiffness and damping of low damping natural rubber bearings (Constantinou et al, 

2007) and the RDP may choose to use the data together with an adjustment factor in order to progress 

with analysis, which can later be verified by prototype (or production) testing. Herein an adjustment of 

±5% to the upper and lower bounds of the NR isolator’s rubber shear modulus is used. The term “similar” 

isolators is still used for illustration purposes for the NR isolators, however it is noted that the similarity 

requirements of ASCE 7-2016 are not met in every respect and prototype testing, or other similar units, 

are required. 

Adjustment factors to natural rubber isolator’s G (or Kd) based on uncertainty due to higher vertical stress 

are:  

 Maximum adjustment = 1.05 and Minimum adjustment = 0.95 
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Table 6-5 Comparison of Shear Strain and Compression Stress 

Parameter 

Tested 

Prototype 

Isolator 

Preliminary 

Design Isolator  

(Table 5-2) 

Difference to 

Preliminary 

Design 

Lead-Rubber Isolators 

Rubber shear strain 238% 172%
1 

-38% 

Compression stress (MPa)
3 

7.7
 

4.1
2 

-88% 

Low-Damping Natural Rubber Isolators 

Rubber shear strain 238% 172%
1
 -38% 

Compression stress (MPa) 3.5 4.5
2 

23% 

1. Based on preliminary design value of displacement DM for lower bound properties 

2. Based on a vertical load of D + 0.5L and average of all NR or LR isolator locations.  

3. Calculated as the vertical load divided by the bonded rubber area (the rubber cover and lead 

core area were excluded).  

 

  



77 

 

6.5 Test Specimen Adequacy Criteria 

The discussion that follows relates to the adequacy criteria for the prototype isolators.  It does not directly 

relate to the work in this report as a complete set of prototype test results per Section 17.8.2 of ASCE 7-

2016 does not exist.  Rather, this report presents procedures of how to obtain the data on bounding values 

of mechanical properties for use in analysis and design.  Nevertheless, this section of the report attempts 

to provide some commentary on the ASCE 7-2016 adequacy criteria based on the limited available results 

used in obtaining the nominal and lambda values.  

 

Section 17.8.4 of ASCE 7-2016 lists the test specimen adequacy criteria for the prototype isolators. It is 

not clear whether the requirements are specific for quasi-static or dynamic testing. Since the requirements 

may influence the bounds of the lambda factors, particularly the lambda-test factor, the testing is assumed 

to be dynamic. Furthermore the requirements are checked for the lambda factors of individual prototype 

isolators of each type, and not a composite for the overall isolation system. The parameters Kd and Eloop 

(referenced in the checks) are a function of the size of the isolator, that is- the bonded rubber area of the 

isolator and the area of lead (and travel), respectively, whereas the rubber shear modulus G and effective 

yield stress of lead σL are material parameters and allow direct comparison. The requirements are checked 

in the following: 

 

The performance of the test specimens shall be deemed adequate if all of the following conditions are 

satisfied: 

1. The force-deflection plots for all tests specified in Section 17.8.2 have a positive incremental 

force-resisting capacity. 

The isolators have positive incremental force-resisting capacity.  

 

2. The average post-yield stiffness, kd, and energy dissipated per cycle, Eloop , for the three cycles of 

test specified in Section 17.8.2.2, item 3 for the vertical load equal to the average dead load plus one-

half the effects due to live load, including the effects of heating and rate of loading in accordance with 

Section 17.2.8.3, shall fall within the range of the nominal design values defined by the permissible 

individual isolator range which are typically +/-5% greater than the  λ(spec, min) and λ(spec, max) range for 

the average of all isolators. 

 

The item 3 test is the characterization test used to determined nominal properties as discussed in Section 

4.3. It consists of 3 cycles at the maximum displacement DM.  
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For the lead-rubber isolators:  

Gnominal=0.40MPa, λspec,min=0.85 and λspec, max=1.15 giving a required range of 0.34 to 0.46MPa (or 0.32 to 

0.48MPa when adding the +/-5% allowance). The average from prototype isolator 1 and 2 is 0.39MPa and 

0.42MPa, respectively (although ignoring the first cycle for reasons described in this report), therefore 

meeting the ASCE 7-2016 criteria. 

σL,nominal=11.6MPa, λspec,min=0.85 and λspec, max=1.15 giving a required range of 9.9 to 13.3MPa (or 9.4 to 

14MPa when adding the +/-5% allowance). The average from prototype isolator 1 and 2 is 11.6MPa and 

11.7MPa, respectively, therefore meeting the ASCE 7-2016 criteria. 

For the natural rubber isolators:  

Gnominal=0.49MPa, λspec,min=0.85 and λspec, max=1.15 giving a required range of 0.42 to 0.56MPa (or 0.48 to 

0.59MPa when adding the +/-5% allowance). The average from prototype isolator 3 and 4 is 0.49MPa and 

0.49MPa, respectively, therefore meeting the ASCE criteria. 

 

The prototype isolators meet the ASCE 7-2016 acceptance criteria of Section 17.8.4, item 2.  Furthermore 

there is no major variation in behavior between the individual isolators. 

 

3. For each increment of test displacement specified in item 2 and item 3 of Section 17.8.2.2 and 

for each vertical load case specified in Section 17.8.2.2, 

a. For each test specimen the value of the post-yield stiffness, kd, at each of the cycles of test at a 

common displacement shall fall within the range defined by λ(test, min) and λ(test, max) multiplied by the  

nominal value of post-yield stiffness. 

 

The variation in vertical load is not considered in these checks, for reasons described in Section 4.3, 

where it is declared the isolators meet the exception of the Standard. This exception permits the 

computation of nominal properties using only load combination 1 (if the conditions of the exception are 

meet), and therefore the lambda-test values should not be arbitrarily influenced by this acceptance criteria. 

 

Of these tests, it is the 3-cycle dynamic test at the maximum displacement DM which is assumed to give 

the greatest heating effects and variation of properties from the nominal value (compared to the other 

smaller displacement tests in item 2). 

For the lead-rubber isolators:  

Gnominal=0.40MPa, λtest,min=1.0 and λtest, max=1.3 giving a required range of 0.40 to 0.52MPa 

For the natural rubber isolators:  

Gnominal=0.49MPa, λtest,min=0.93 and λtest, max=1.15 giving a required range of 0.46 to 0.56MPa. 
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Table 6-6 presents data on the tested and the required values of the shear modulus, where the cases that do 

not meet the ASCE 7-2016 acceptance criteria are highlighted in bold red.  Since the stiffness of rubber 

stabilizes after the first cycle (rubber is scragged), along with the stiffness of rubber not being 

significantly affected by heating, the result may be accepted, even though there is minor noncompliance. 

Table 6-6 Tested Prototype Elastomeric Isolator Shear Moduli Criteria. 

Type Lead Rubber Natural Rubber 

Isolator Number 1 2 3 4 

Cycle G (MPa) G (MPa) G (MPa) G (MPa) 

1 Discarded Discarded 
0.56  

(0.46-0.56) 

0.56  

(0.46-0.56) 

2 
0.41  

(0.40-0.52) 

0.43  

(0.40-0.52) 

0.46 

(0.46-0.56) 
0.45 

(0.46-0.56) 

3 
0.37  

(0.40-0.52) 

0.40  

(0.40-0.52) 
0.45 

(0.46-0.56) 
0.45 

(0.46-0.56) 

Notes:  1) Values in parenthesis is the range required by ASCE 7-2016, Section 17.8.4, Item 3a). 

2) Tested values in bold red color do not meet ASCE 7-2016 requirement. 

 

b. For each cycle of test, the difference between post-yield stiffness, kd, of the two test specimens 

of a common type and size of the isolator unit and the average effective stiffness is no greater than 15 

percent. 

The two isolators of each type have nearly identical properties so that this criterion is met. 

 

4. For each specimen there is no greater than a 20 percent change in the initial effective stiffness 

over the cycles of test specified in item 4 of Section 17.8.2.2. 

There is a significant difference between quasi-static and dynamic testing acceptance requirements. Since 

the testing is dynamic, the relevant test is that of ASCE 7-2016 Section 17.8.2.2, item 4b for which testing 

for five continuous cycles at amplitude of 0.75DM is required.  There is not test data available for five 

continuous cycles at 0.75DM, however comparison can be made based on the available test data for three 

cycles at the amplitude of DM. If the isolator is scragged then there will be little change in the effective 

stiffness of the natural rubber isolators. For dynamic testing of the lead-rubber isolators at three cycles of 

amplitude DM (item 3 test), the heating effects will be less than in five cycles at a displacement of 

0.75DM. This is because the latter test has greater travel and therefore greater heating effects (Kalpakidis 

et al, 2008). The two tested isolators in the 3-cycle test have a near identical behavior with an effective 

stiffness in the 1
st
, 2

nd
 and 3

rd
 cycles of about 2.5, 1.9 and 1.7 kN/mm, respectively (see Figures 6-2 and 6-

3). The change in initial effective stiffness is (2.5-1.7)/2.5 = 32% in this case, and expected to be more 
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with the larger travel in a test with 5-cycles at 0.75DM due to more heating effects, although some 

mitigation is expected due to scragging effects that diminish with increasing number of cycles. 

Nevertheless, it is unlikely that the lead-rubber isolators utilized in the examples of this report would have 

met the criterion of item 4b of ASCE 7-2016 Section 17.8.2.2.  The related criterion 4a for the case of 

quasi-static testing would also be unlikely to be satisfied as the test requires at least 10 continuous cycles 

for which the heating effects will be significant even when motion is slow.   

 

The main reason for this problem is the large number of cycles specified in the prototype testing.  As 

mentioned earlier in this report, the number of cycles should be related to the proximity to the fault, soil 

conditions and properties of the isolation system.  Another reason is the specification of adequacy criteria 

that are not related to the upper and lower bound properties utilized in the analysis.  Evidently, the testing 

adequacy criteria require modification. The implications of maintaining the current adequacy criteria is to 

force the RDP to utilize lead-rubber isolators with smaller lead-core diameter and effectively less 

characteristic strength (so that heating effects are less) and unnecessarily impede the application of these 

isolators in near-fault cases where displacement demands are large and the use of high characteristic 

strength isolators would be beneficial.    

 

5. For each test specimen the value of the post-yield stiffness, kd, and energy dissipated per cycle, 

Eloop, for any cycle of each set of five cycles of test 17.8.2.2.4 shall fall within the range of the nominal 

design values defined by λ(test, min) and λ(test, max). 

Similar to the comments above, it is not clear whether this testing is dynamic, however reference to the 

lambda-test factors would indicate dynamic testing. Test data for five cycles of testing at amplitude of 

0.75DM  is not available.  However, the arguments made in item 4 above related to the number of cycles 

required in the prototype testing are still valid.  The λ(test, min) and λ(test, max) values were obtained using data 

over three cycles of testing.  Therefore, it is unnecessarily conservative to require that the measured 

properties over five cycles be within the bounds established using three cycles.  It is also wrong if the 

expected number of cycles is smaller than 5 (or even 3) as discussed earlier in this report. 

 

To illustrate the point consider the energy dissipated per cycle (EDC) for the prototype lead-rubber 

isolator No. 1 (Figure 6-2 and Table 6-1 of Section 6.2.1 of this report). However, instead of reporting 

EDC, it is more convenient to report the value of the effective yield stress of lead which has a direct 

relation to the EDC for constant amplitude of motion.  Note that the range set by the nominal value and 

lambda-test factors for the prototype isolators was determined to be σL,nominal=11.6MPa, λtest,min=0.93 and 

λtest, max=1.35.  Therefore, the range of values of σL is 10.8 to 15.7MPa.  On the basis of adequacy criterion 



81 

 

item 5 of Section 17.8.4 of ASCE 7-2016, the values of σL over five cycles of dynamic testing at 

amplitude of 0.75DM shall be within this range.   

 

Table 6-7 presents values of the effective yield stress of lead and the effective damping for the tested 

prototype isolator No.1 (see Section 6.2.1). The calculated values at amplitude of 0.75DM are based on the 

theory of Kalpakidis et al (2010) and following the calculations in Section 6.2.2 using the identified value 

of σL0=20.5MPa. The calculation is slightly conservative as it neglects heat conduction.  The calculated 

temperature rise in the lead at the middle of the fifth cycle is 168
0
C.  Clearly, the effective yield stress 

values (equivalently EDC) over the five cycles are outside the acceptable range of 10.8 to 15.7MPa 

dictated by the adequacy criteria.  The discrepancy is so large to require re-visiting the adequacy criteria.      

 

Table 6-7 Tested Prototype Lead-rubber Isolator No. 1 Properties 

 

Measured at Amplitude DM=483mm Calculated at Amplitude 0.75DM=362mm 

Cycle σL (MPa) βeff σL (MPa) G (MPa) βeff 

1 15.7 0.30 16.5 0.52
1
 0.35 

2 10.8 0.27 11.9 0.41
2
 0.34 

3 8.6 0.24 9.3 0.37
2
 0.31 

4 NA NA 7.6 0.37
3
 0.28 

5 NA NA 6.5 0.37
3
 0.26 

1. Estimated test value; 2. Test value; 3. Assumed value 

 

6. For each specimen there is no greater than a 20 percent decrease in the initial effective damping 

over the cycles of test specified in item 4 of Section 17.8.2.2. 

Similar to item 5 above, Table 6-8 lists the effective damping for each cycle of the tested lead-rubber 

isolator No. 1 and presents estimates of the effective damping of the same isolator if it were tested at 

amplitude of 0.75DM for five cycles. The effective damping for the case of the 5-cycle motion was 

calculated as: 

2 2

4 ( )

2 2 ( )

d
eff

eff d d

Q D YEDC

K D K D Q D


 


 


               (6 - 3) 

in which Y is the yield displacement (=15mm) and Qd and Kd are given by equations (2-1) and (2-3), 

respectively, where fL=1, AL=38013mm
2
, Ar 505528mm

2
 and Tr=203mm.  Furthermore, the values of σL 

and G in Table 6-7 were used.  Note that the value of σL was calculated on the basis of theory starting 

with an experimentally identified value at the start of the motion.  The values of G are based on the 

identified nominal value G=0.4MPa and λ(test, max)=1.3 to obtain the first cycle value of 0.4x1.3=0.52MPa, 
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whereas the other values were obtained from Table 6.1 for cycles 2 and 3 (experimental values).  Finally 

the value of G for cycles 4 and 5 was assumed to remain constant at the 3
rd

 cycle value of 0.37MPa.  

The reduction of the calculated damping ratio from the initial value is 26% which fails the adequacy 

criteria of ASCE 7-2016.  However, when heat conduction through the end and shim plates of the isolator 

is accounted for, the damping ratio is on the limit of acceptability. It is not difficult to understand that the 

adequacy criterion could not be met when the test is conducted at 10 or more cycles under quasi-static 

conditions.  Again, the issue of the number of cycles and of the adequacy criteria being based on data 

from 3-cycle testing needs to be re-visited.   

 

7. All specimens of vertical-load-carrying elements of the isolation system remain stable where 

tested in accordance with Section 17.8.2.5. 

All isolators in the design are vertical-load carrying elements. The force-displacement loops from item 3 

testing do not show instability. 

 

It is evident in the discussion of the ASCE 7-2016 adequacy criteria and the comparison to the properties 

of the prototype lead-rubber isolators that the ASCE 7-2016 adequacy criteria have two deficiencies: 

1) The number of cycles required in some of the prototype tests appears as arbitrary whereas it 

should be related to the properties of the isolation system, and type of earthquake excitation as 

distinguished by proximity to fault and soil properties.  The number of cycles, whether sets of 5 

or at least 10 depending whether the testing is dynamic or quasi-static, is generally much larger 

than would be expected during an MCER event. 

2) The adequacy criteria appear as inconsistent and unrelated to the data utilized in extracting the 

nominal values of properties and the λtest values.  For example, the nominal and λtest values are 

based on testing for 3 cycles at one amplitude of motion (DM), whereas the adequacy criteria are 

based on testing for 5 or more cycles at different amplitude (0.75DM) of motion.  

Appendix D presents suggested simple changes and clarifications in Chapter 17 of the ASCE 7-2016 

revision that will eliminate these problems. 
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SECTION 7 

COMPUTING PROPERTIES FOR SLIDING ISOLATORS 

7.1 Introduction 

These section gives examples of how to calculate nominal properties and the associated testing lambda 

factors λtest,max and λtest,min for sliding isolators. Dynamic test data from two testing regimes is presented 

for two triple Friction Pendulum
TM

 isolators (i.e. Case B: Prototype or Similar Unit test data available of 

Section 5.4). The coefficient of friction for the inner and outer surfaces is calculated for use in the tri-

linear analysis model discussed in Section 2.3, Figure 2-4. The coefficient of friction is a material 

parameter which is used to calculate and the characteristic strength Qd.  

 

In this report the axial compression load used to calculate the nominal properties and associated lambda-

test values only considers the average vertical load (§17.2.7.1 load combination 1), for reasons discussed 

in Section 4.3 

 

7.2 Prototype Isolators 

For a triple friction pendulum (FP) isolator the stiffness in different regimes is characterized by the 

isolator’s axial load and the geometric parameters described in Figure 2-3. It is assumed herein that we 

have a reputable manufacturer and that these geometric parameters are known with confidence, hence the 

post-elastic stiffness Kd lambda factors are set to unity and the stiffnesses are determined based on theory. 

 

The only parameter to determine is the friction coefficient(s). The friction is used to define the isolator 

lateral strength (along with the axial load) as well as the displacements at which there is a change in 

force-displacement behavior (along with the effective radii). It can be a complicated task to determine the 

friction coefficients since there are multiple surfaces with different values of friction. Furthermore the 

friction coefficient depends on the isolator pressure (different for surfaces 1 and 4 versus 2 and 3), 

condition of the sliding surface, velocity of loading, and is affected by heating produced during motion. 

This makes it a complex task to obtain friction coefficients from dynamic test data. Even for the special 

triple FP, where there are only two friction values to determine, there is some uncertainty in measuring 

the friction coefficients. Also, the processing and interpretation of test data are sensitive to engineering 

judgment. 

   

Some common representations of the force-displacement behavior of a sliding isolator are the rigid-linear, 

bi-linear or tri-linear models. The latter of these models (see Figure 2-4) gives a more accurate 
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representation of the special triple FP behavior. The focus of this section is the determination of 

properties for the tri-linear model, however there is also discussion on the use of other models. 

 

Data on two triple FP isolators, which were tested on a past project at high speed, will be used to 

determine the nominal properties and the testing lambda factors for analysis. The isolators are declared 

similar to the isolators required for the SEAOC example building of this report as they meet the similarity 

criteria of ASCE 7-2016 (See Section 7.3).  The geometry of the isolators is given in Figure 7-1. It is 

noted that if the displacement capacity is too small/large, the dimension d1 (see Figures 2-3 or 7-1), which 

is 16 inches in Figure 7-1, can be adjusted as required with no significant effect on the force-displacement 

behavior (and particularly the friction properties), as it only influences the displacement at which the 

behavior enters the force-displacement Regime III.  

 

Figure 7-1 Cross-Section and Details of Tested Triple Friction Pendulum Isolator (1in=25.4mm) 

 

The two prototype isolators were subjected to two types of tests with different axial loads and 

displacements, of which the force-displacement loops are shown in Figures 7-2 to 7-5. The vertical axis in 

Figures 7-2 to 7-5 is the instantaneous lateral force divided by the instantaneous vertical load, and 

therefore suitable to obtain the friction coefficient. In the first test, “Test 1” (Figures 7-2 and 7-4), the 

isolators have an average axial load of 2710 kN (609 kip) and are subjected to a displacement of about 

740mm (29 inches) in the first cycle, then around two-thirds of that displacement in the second cycle, and 

then around one-third displacement in the third cycle. The fourth cycle is at very low amplitude and is not 

used herein for calculating properties. The frequency of testing is 0.25Hz, leading to the recorded peak 

velocity values shown in the figures.  The preliminary design indicates an MCE maximum displacement 

(without torsion) DM of 627mm (24.7 inches) with an average axial load (D + 0.5L) for an interior isolator 

of 2351 kN (528 kip). Test 1 contains valuable information that can be used for design even though it is 

not strictly in accordance with ASCE 7-2016 provisions (i.e. three fully reversed cycles at the MCE 

displacement or the alternative protocol of 17.8.2.2 item 2b). The average displacement for the three 



85 

 

cycles in Test 1 is about equal to 510 mm (20.4 inches), which is less than the preliminary design MCE 

displacement DM. However, for similarity requirements it is the velocity which is the important 

parameter. As discussed in Section 7.3, the intent of the ASCE 7-2016 similarity requirements as well as 

testing provisions are believed to be meet, since the testing is at high velocity and frictional heating 

effects are properly captured. 

 

For the second test, termed the quality control “Test 2”  (Figures 7-3 and 7-5), the isolator  has an average 

axial load of  1348 kN (303 kip) and is cycled three times at a displacement of 380mm (15inch) which is 

only 60% of the MCE calculated displacement of 627mm. Therefore, while the vertical load is 

appropriate for the exterior isolator, the test sliding velocity is less than that required for similar isolators 

per the definition of ASCE 7-2016. That is, Test 2 does not qualify as a “similar” tested isolator unit. The 

data from Test 2 are useful, however, to support the selection of the inner surfaces friction coefficient 

from Test 1. Also, the data from this test, in combination with the data in Test 1, will be used to obtain 

conservative estimates of the bounds of the friction coefficient for the exterior isolators which have a 

vertical load (D + 0.5L) of 1267 kN (285kip). 

 

The testing regime used in Test 1 represents a practical scenario which some manufacturers are 

recommending and something close to this regime is defined in 17.8.2.2 item 2b. The testing regimes 

specified in ASCE 7-2016 may come across as convoluted, and it is the opinion of the authors that only a 

few tests (as illustrated in this report) are needed to determine an isolator’s force-displacement behavior 

for analysis (see Section 4.3). 

 

Tables 7-1 and 7-2 present the conditions of testing and the normalized measured energy dissipated per 

cycle (instantaneous lateral load is divided by instantaneous normal load). Table 7-1 presents results 

obtained from Test 1 where there was an average axial load of 2710 kN (609 kip) (Figures 7-2 and 7-4 for 

Isolators 1 and 2, respectively) and Table 7-2 presents results obtained from Test 2 where there was an 

average axial load of 1348 kN (303 kip) (Figures 7-3 and 7-5 for Isolators 1 and 2, respectively).  
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Figure 7-2 Dynamic Force-Displacement Behavior of Prototype Isolator 1: Test 1  

(1kip = 4.45kN, 1inch = 25.4mm) 

 

Figure 7-3 Dynamic Force-Displacement Behavior of Prototype Isolator 1: Test 2  
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Figure 7-4 Dynamic Force-Displacement Behavior of Prototype Isolator 2: Test 1  

(1kip = 4.45kN, 1inch = 25.4mm) 

 

Figure 7-5 Dynamic Force-Displacement Behavior of Prototype Isolator 2: Test 2  
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Table 7-1 Test 1 Data for Prototype Triple FP Isolators 

Cycle/Loop 

Maximum 

Displacement, 

D 

mm (in) 

Peak Velocity 

mm/s 

(in/s) 

Normalized Energy 

Dissipated per Cycle, 

E*loop   

kN-mm/kN 

(kip-in/kip) 

Isolator No. 1 

1 737   (29.0) 1130   (44.5) 158.4  (6.24) 

2 521  (20.5) 864   (34.0) 82.6   (3.25) 

3 300   (11.8) 648   (25.5) 35.7   (1.41) 

Average 519  (20.4) - 92.2  (3.63) 

Isolator No. 2 

1 744   (29.3) 1189   (46.8) 200.4  (7.89) 

2 518   (20.8) 937   (36.9) 106.1  (4.18) 

3 310   (12.2) 577   (22.7) 53.4   (2.10) 

Average 524  (20.6) - 120.0 (4.72) 

 

Table 7-2 Test 2 Data for Prototype Triple FP Isolators 

Cycle/Loop 

Displacement 

D 

mm (in) 

Peak Velocity 

mm/s 

(in/s) 

Normalized Energy  

Dissipated per  

Cycle, E*loop   

kN-mm/kN 

(kip-in/kip) 

Isolator No. 1 

1 

381 (15.0) 592 (23.3) 

88.8  (3.49) 

2 81.3  (3.20) 

3 78.9  (3.10) 

Average - - 82.9  (3.26 ) 

Isolator No. 2 

1 

381 (15.0) 610 (24.0) 

114.4 (4.50) 

2 103.9 (4.09) 

3 103.6 (4.08) 

Average - - 107.3  (4.22) 
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The interest is to use the available test data in Figures 7-2 to 7-5 and Tables 7-1 and 7-2 (and information 

on aging and contamination, and assumptions on data variability) to determine appropriate upper and 

lower bound friction values for use in the tri-linear representation of the special triple FP model.  Two 

friction values are needed for each bound. The process to calculate these friction values is approximate as 

it is based on a graphical interpretation of the data. Since the testing is dynamic, at high-speed, it is 

difficult to see the transition points in the force-displacement behavior as illustrated theoretically in 

Figure 2-4 (which is based on constant values of friction, whereas in reality friction is velocity 

dependent).  

 

The first step involves estimating a value for the friction on the internal surfaces, μ2. This can be 

estimated graphically based on the vertical amplitude upon unloading in the first cycle of Test 1, which is 

theoretically equal to 2μ2. For Isolator 1 the value of μ2 was measured as 0.017 from taking the average of 

both sides of the force-displacement loop in the first cycle as shown in Figure 7-6. The data from Test 2 

can be interpreted in the same way to validate the selection of μ2 from Test 1 as shown in Figure 7-7. It 

should be noted that quantity μ2 is of secondary importance and has insignificant effect on the 

displacement demand.  Therefore, great accuracy in establishing this value is not warranted. 

 

Figure 7-6 Graphical Measure of Properties of Prototype Isolator 1 for Test 1 
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Figure 7-7 Graphical Measure of Properties of Prototype Isolator 1 for Test 2 

 

The inner friction μ2 is not measured for cycles 2 and 3, as it is assumed to remain constant. This is based 

on the fact that a majority of the displacement and high velocities are occurring on the outer surfaces 1 

and 4 and therefore this is where the heating effects are greatest and the friction coefficient varies. In 

reality there will be some reduction of μ2 over the cycles, but all variability is lumped into μ1 since this 

friction coefficient is the important parameter controlling the triple FP global behavior. 

 

Following the selection of μ2, the values of μ1, the coefficient of friction on the outer surfaces 1 and 4, and 

u*, the displacement at which sliding initiates on the outer surfaces, can be determined based on theory 

and the measured value of the energy dissipated per cycle.  The energy dissipated per cycle Eloop can be 

approximated by equation (7-1) in which D is the constant amplitude of motion in one cycle: 

 * *  4  
loop

loop B

E
E D u

W
        (7 – 1) 

The friction coefficient μB is the normalized force at zero displacement (y-intercept). Also, quantity u* 

resembles a “yield displacement, Y” in a bilinear hysteretic representation of the force-displacement loop 

as shown in Figure 7-8, with the theoretical tri-linear loop given in Figure 2-4. There is only a small 

difference in the shape (or area) of Figure 7-8 compared to Figure 2-4.  The dashed line in Figure 7-8 is 

the bilinear hysteretic loop with characteristic strength equal to μBW (W = the vertical load), post-elastic 



91 

 

stiffness equal to the theoretical stiffness W/(2R1,eff) and yield displacement Y simply taken as u* given in 

Table 7-3. 

 

The calculation of the friction coefficient μB is somehow complex given the fact that quantity u* needs to 

be determined first.  If quantity u* is set equal to zero, equation (7-1) provides a simple equation to obtain 

another estimate of the friction coefficient, say μA, from the measured energy dissipated per cycle. This 

friction coefficient can be used for a rigid-linear model as shown in the preliminary design. Note that 

coefficient μA is smaller than μB. Analysis with µA will result in only slightly larger displacements and 

therefore is slightly conservative. 

 

Figure 7-8 Estimate of Area for Calculating Friction µB, Isolator 1, Test 1, Cycle 1 

 

The procedure for calculating μ1 is based on the theory discussed in Section 2.3. The friction at zero 

displacement μB is based on the energy dissipated per cycle in equation (7-1) and can also be related to 

the inner and outer surface friction coefficients and isolator geometry as given in equation (7-2). From the 

theoretical force-displacement behavior (Figure 2-4), the displacement u* can be calculated using 

equation (7-3). 

  ,2

1 1 2

,1

   
eff

B

eff

R
µ µ µ µ

R
       (7 - 2) 

 *

1 2 ,2 2   effu µ µ R       (7 - 3) 
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Combining and rearranging equations (7-2) and (7-3) gives: 

*

1

,12
B

eff

u
µ µ

R
       (7 - 4) 

where μB is obtained by use of equation (7-1), the measured value of E*loop and using some estimate on 

u*. Graphical means need to be used, however judgment is needed to avoid excessive rigor and 

inconsistencies.  Fundamental is that theory predicts the behavior of this isolator very accurately and the 

only unknowns are the values of the friction coefficients.  Iteration is required on u* to confirm that 

equation (7-3) is valid based on the value used for μ2 and the value of μ1 calculated from equation (7-4).  

 

Table 7-3 summarizes the key parameters for Isolators 1 and 2 determined using Test 1. The inner friction 

μ2 is based on test results, determined graphically from the first cycle and assumed to be constant over all 

cycles. The outer friction μ1 and displacement u* are determined based on theory which is stated in 

equations (7-4) and (7-3), respectively. The theoretical force-displacement loops for Isolator 1 using the 

parameters in Table 7-3 are illustrated in Figure 7-9. This shows reasonable agreement between 

theoretically derived stiffness (based on geometry) and experimental results. Table 7-4 illustrates the 

results from Test 2. Note that the two tables also include data on another parameter, the fiction coefficient 

μA which is obtained by use of equation (7-1) with u*=0 (i.e. rigid-linear model Figure 2-1).  The utility of 

this parameter is that it can be readily obtained from the measured energy dissipated per cycle without 

any other determination of parameters.  This parameter is often used in practice instead of μB.  The 

difference between the two values is small when the amplitude of motion D is large.  The use of 

parameter μA will be illustrated later in this section when looking at production test data.  
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Table 7-3 Frictional Properties of Isolator at Load of 2710kN (609kip) from Test 1 

Cycle/ 

Loop 

Inner 

Friction 

   

Outer 

Friction 

   

Displacement, 

u* 

mm (in) 

   
     

 

       
    

     
 

  
 

Isolator No. 1  

1 0.017 0.060 19.6   (0.77) 0.055 0.054 

2 0.017 0.043 12.1   (0.48) 0.041 0.040 

3 0.017 0.032 6.9    (0.27) 0.030 0.030 

Average - 0.045 - 0.042 0.041 

Isolator No. 2  

1 0.017 0.076 26.8   (1.06) 0.070 0.067 

2 0.017 0.056 17.7   (0.70) 0.052 0.050 

3 0.017 0.048 14.2   (0.56) 0.045 0.043 

Average - 0.060 - 0.056 0.054 

Average 

of two 

isolators 

- 0.052 - 0.049 0.048 

 

 

 

Figure 7-9 Theoretical and Actual Force-Displacement Behavior: Prototype Isolator 1, Test 1 
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Table 7-4 Frictional Properties of Isolator at Load of 1348kN (303kip) from Test 2 

Cycle/ 

Loop 

Inner 

Friction 

   

Outer 

Friction 

   

Displacement, 

u* 

mm (in) 

   
     

 

       
    

     
 

  
 

Isolator No. 1  

1 0.017 0.067 23.1   (0.91) 0.062 0.058 

2 0.017 0.061 20.2   (0.79) 0.056 0.053 

3 0.017 0.059 19.2    (0.76) 0.054 0.052 

Average - 0.063 - 0.058 0.054 

Isolator No. 2  

1 0.017 0.090 33.2   (1.31) 0.082 0.075 

2 0.017 0.081 28.8   (1.14) 0.074 0.068 

3 0.017 0.080 28.7   (1.13) 0.074 0.068 

Average - 0.084 - 0.076 0.070 

Average 

of two 

isolators 

- 0.0735 - 0.067 0.062 

 

The data on friction in Tables 7-3 and 7-4 reveal some important observations: 

1) The two isolators differ in frictional properties.  Particularly, the average, three-cycle value of 

friction coefficient μ1 at the load of 1348kN (Test 2) is 0.063 and 0.084 in the two isolators.  At 

the load of 2710kN (Test 1) the values are 0.045 and 0.060, respectively.  The nominal value for 

μ1 will be the average of the two prototype isolators, that is, 0.0735 at the load of 1348kN and 

0.0525 at the load of 2710kN.  Note that each of the values of μ1 is within about ±14% of the 

nominal value, which is very close to the range of ±15% to be allowed in the production isolators 

(λspec).  This brings up the question on what would be the variability in properties from isolator to 

isolator in a large group of isolators and the relation of the average properties of the large group 

to the average properties of the two prototype isolators.  An example is provided to illustrate the 

property variation over a large group of isolators.  Among the several production data sets 

available, data exist for a group of 43 production isolators of the type tested under load of 

1348kN (303kip) and three cycles of motion at amplitude of about 380mm (15in) , which is Test 

2.  The average three-cycle value of the friction coefficient μA of each test is available and shown 

in Figure 7-10.  The average value of μA in the 43 production isolators is 0.0573 and the values of 
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μA for the two prototype isolators are 0.054 and 0.070 (Table 7-4).  The nominal value is the 

average of the two prototype isolators or 0.062, which is within 8% of the tested average value of 

the production isolators.  Thus, the production isolators are comfortably within the ±15% 

production allowance (λspec values of 1.15 and 0.85), which was based on the friction values 

obtained from the two prototype isolators. 

 

Figure 7-10 Three-cycle Average Coefficient of Friction μA of 43 Production Isolators under Load 

of 1348kN (Test 2) 

2) The values of friction coefficient μ2 are assumed to be constant and independent of cycling (hence 

heating) and load in the range of 1348 to 2710kN.  This requires justification.  This coefficient of 

friction is that of the inner sliding interface which experiences smaller amplitude and peak 

velocity of motion.  Specifically, in Test 1, Isolator 2 at the cycle of amplitude of 745mm and 

peak velocity of 1189mm/sec, the advanced theory by Sarlis et al (2013) predicts that the inner 

sliding interface experiences sliding twice, each at amplitude equal to 16mm and peak velocity 

equal to 200mm/sec, whereas the outer sliding interface experiences sliding twice, each at 

amplitude equal to 380mm and peak velocity equal to 610mm/sec.  Accordingly, there is 

significantly less heating of the inner interface than the outer one.  Moreover, the lower velocity 

of sliding at the inner interface supports the constant value of friction independently of the load.  

Specifically, data in Constantinou et al. (2007) and Mokha et al. (1996) show that at low 

velocities the coefficient of friction of materials of the type used in the tested isolators is 

essentially independent of pressure over a wide range of values (similar to composite 1 in 

Constantinou et al. 2007). 

 

There are two separate sets of properties determined for the interior and the exterior/perimeter isolators. 

Friction coefficient μ1 is an essential parameter controlling both the force and displacement behavior of 

the isolator. The inner interface friction coefficient μ2 is of secondary importance and of some 
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significance when considering residual displacements and the response of nonstructural components and 

contents, which is not the focus of this report. For these reasons, and the assumption that there will be 

little heating effects on the inner sliding surfaces due to lower velocities, the lambda-test factors λtest,max 

and λtest,min associated with the inner friction is taken as a constant value for both the upper and lower 

bound analysis and the variability in properties (i.e. change in energy dissipated per cycle) is taken into 

account in the bounding of the outer surface friction coefficient μ1. The inner friction coefficient μ2 adopts 

the same property modification factors as the outer surfaces μ1 for the specification and environmental 

and aging factors with the lambda-test factors are set to unity 

 

The interior isolators have a nominal value of μ1 taken as the average over three cycles from Test 1 

(~2710kN), averaged for the two prototype isolators. That is, the nominal value of μ1 is the average of 

0.045 and 0.060 (see Table 7-3), or 0.0525, rounded to 0.052. The upper bound for the internal isolators is 

taken as the friction in the first cycle of Test 1 divided by the nominal value.   The λtest,max is the ratio of 

the average first cycle value of the friction coefficient μ1 (average of 0.060 and 0.076 per Table 7-3, or 

0.068) to 0.052, or 1.3. Taking the lower bound as the second-cycle properties (see reasoning Section 

3.1.1) results in a minimum lambda-test factor of λtest,min = ½(0.043+0.056)/0.052 = 0.95 .  

 

For the exterior isolators, there are various options to consider since Test 2 (1348kN) does not meet the 

similarity requirements of ASCE 7-2016. It is left to the RDP’s discretion when deciding on the nominal 

properties and associated lambda-test factors. One approach is to use the same process as for the internal 

isolators utilizing the data from Test 2 (Table 7-4).  This leads to a nominal value of μ1 as the average of 

0.063 and 0.084, giving 0.0735, rounded to 0.073 and a λtest,max value equal to the average of 0.067 and 

0.090 divided by 0.073, giving λtest,max=1.08.  This low value of λtest,max, compared to 1.3 in Test 1, 

denotes the lower heating effects due to the reduced pressure (half of that in Test 1 used for the interior 

isolators) and the fact that the amplitude of motion (hence also velocity and heating effects) was less than 

in Test 1. These values are based on a peak velocity of about 600mm/s (24 in/s) whereas the design 

requires a velocity of around 1025mm/s (40.4 in/s). Therefore the similarity requirements of ASCE 7-

2016 would not allow the Test 2 data to be used directly. This is because the test underestimates the 

heating effects. Hence based on some rational theory the RDP may adjust the nominal value of μ1 to a 

lower value (while increasing λtest,max) and/or the minimum lambda factor λtest,min could be reduced 

further.  
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The approach applied herein, which is conservative for the lower bound, is to reduce the lower bound to 

that measured in the second-cycle of Test 1. This is done by altering the λtest,min value accordingly. Test 1 

has an appropriate velocity but twice the isolator pressure, therefore although it is conservative for heating 

effects and meets the similarity requirements of ASCE 7-16, it may under-predict the upper bound. 

Therefore the λtest,max is maintained and the  λtest,min is calculated to be ½(0.043+0.056)/0.073 = 0.68.  

This low value reflects the lack of adequate information for the exterior isolators.  A more favorable value 

would require additional testing data. 

 

A summary of the nominal values and associated lambda-test factors is: 

 Interior Isolators: 

o Nominal Value μ2 = 0.017 with associated lambda-test factors: λtest,max = 1.0, λtest,min = 1.0 

o Nominal Value μ1 = 0.052 with associated lambda-test factors: λtest,max = 1.3, λtest,min = 0.95 

 Exterior Isolators: 

o Nominal Value μ2 = 0.017 with associated lambda-test factors: λtest,max = 1.0, λtest,min = 1.0 

o Nominal Value μ1 = 0.073 with associated lambda-test factors: λtest,max = 1.08, λtest,min = 0.68 

 

Since the interior isolators have higher axial compression load, it is expected that they will have greater 

heating effects and hence generally a wider range of friction coefficients than that calculated for the 

exterior isolators. This is not the case here due to the uncertainty on the selection of the lower bound 

value for the exterior isolators (i.e. Test 2 did not meet similarity requirements), which led to conservative 

adjustments. This wider range in friction values for the exterior isolators reflects a lack of adequate 

information, which is consistent with the Standards approach. 

 

7.3 Similar Unit Criteria 

Throughout Section 7.2 there is discussion on meeting the similar unit requirements of ASCE 7-2016. As 

stated in ASCE 7-2016 §17.8.2.7, project-specific prototype tests need not be performed if the following 

criteria are satisfied: 

1. The isolator design is not more than 15% larger nor more than 30% smaller than the previously 

tested prototype, in terms of governing device dimensions; and 

The dimensions of the prototype isolator are adopted directly for the design.  Therefore, the similarity 

criterion is satisfied. 
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2. Is of the same type and materials; and 

The materials can have a considerable effect on the coefficient of friction. It is important that the 

materials used and the production methods utilized (covered in item 4 below) for the production isolators 

are the same as those used in the prototype isolators.   To ensure this, production isolator testing is needed 

with acceptance criteria related to the properties obtained from the prototype isolators. 

 

3. Has an energy dissipated per cycle, Eloop, that is not less than 85% of the previously tested unit, 

and 

Since the design nominal friction coefficient was derived from the tested energy dissipated per cycle, this 

requirement is satisfied. 

 

4. Is fabricated by the same manufacturer using the same or more stringent documented 

manufacturing and quality control procedures. 

Similar to the materials, the manufacturing process can have a measurable effect on the friction 

coefficient. Since the FP isolators manufacturing involves manual labor (i.e. attaching the stainless steel 

overlay to the concave plate), tight quality control on the workmanship is required to ensure consistency.  

To ensure this, production isolator testing is needed with acceptance criteria related to the properties 

obtained from the prototype isolators. 

  

6. For sliding type isolators, the design shall not be subject to a greater vertical stress or sliding 

velocity than that of the previously tested prototype using the same sliding material.  

The prototype isolators were subject to a greater vertical stress than that required in design. The design 

interior and exterior isolators have an average axial load (D +0.5L) of 2351kN (528kip) and 1267kN 

(285kip), respectively. This is comparable to the Test 1 and Test 2 axial loads of about 2710kN (609kip) 

and 1348kN (303kip). Although a lower vertical stress meets this criterion, the vertical stress of the tested 

isolator should not be significantly more as then it may underestimate the friction coefficient. 

 

Sliding velocity influences the friction coefficient due to a) the friction coefficient being dependent on 

velocity and b) frictional heating during motion. High-speed testing, say above velocities of 50mm/s, is 

sufficient to obtain the dynamic coefficient of friction, which tends to be invariable at these high 

velocities except for the effect of heating which is dependent on the duration of the motion. The design 

velocity was calculated as 1025mm/s (40.4in/s) in the preliminary design (Section 5.3). 
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 The peak velocity in Test 1 varies between cycles, with it being about 1160mm/s (45.6in/s) in the first 

cycle and less than that required in design for the second and third cycles. The average peak velocity over 

the three cycles was 890mm/s (35in/s), which is less than the preliminary design calculated peak velocity. 

However it is noted that the tested isolator has a greater pressure than that required for design, and 

therefore increased heating effects (i.e. heat flux is a multiple of the friction coefficient, velocity and 

isolator pressure). Furthermore the nominal properties and lambda factors are conservatively determined 

assuming that all the heating effects occur on the outer surfaces 1 and 4. Therefore the intent of the clause 

is met since the frictional heating is comparable to that required in design. 

 

The peak velocity in Test 2 does not meet similarity requirements, however the data along with Test 1 

data have been used to rationally and conservatively attain upper and lower bound values for the exterior 

isolators, as discussed in Section 7.2. Therefore the intent of the clause, which is to capture the heating, 

axial load and history of loading effects, has been met. Furthermore, a RDP may also choose to have 

prototype tests performed on the exterior isolators for the appropriate velocity. 

 

7.4 Test Specimen Adequacy Criteria 

This section provides a discussion on the test specimen adequacy criteria of ASCE 7-2016 when applied 

to Friction Pendulum (FP) isolators. It does not directly relate to the work in this report as a complete set 

of prototype test results per Section 17.8.2 of ASCE 7-2016 does not exist.  The reader is referred to 

Section 6.5 for a critique of the requirements when assessed for lead-rubber isolators, as some of the 

comments are applicable to FP isolators as well.  

 

The adequacy criteria mention the post elastic stiffness, Kd and the energy dissipated per cycle, Eloop. The 

stiffness Kd for the FP isolators was not measured from test data in this report. Instead the stiffness was 

calculated as a function of the load on the isolator and the geometry of the isolator (i.e. effective concave 

plate(s) radius of curvature). This is because theory predicts the behavior well (Fenz and Constantinou 

2008) and manufacturers typically can construct isolators with a high degree of geometric precision.  

Also, the stiffness of these isolators does not change from cycle to cycle, and accordingly and in 

consistency with ASCE 7-2016, the corresponding lambda factors λtest,min and λtest, max are set to unity. This 

is discussed further in the following. 

 

Furthermore, the checks that follow use the friction coefficient instead of Eloop to allow for direct 

comparison. The friction coefficient is a mechanical property of the isolator whereas the Eloop is a function 

of the weight, friction coefficient and test regime (i.e. travel). The friction coefficient μA is used (for 
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definition and values see Tables 7-3 and 7-4), which is directly related to the normalized (by vertical load) 

Eloop.  

 

There is a significant difference between quasi-static and dynamic testing acceptance requirements, since 

the friction coefficient is velocity dependent. The requirements below are checked for high-speed testing, 

as follows: 

The performance of the test specimens shall be deemed adequate if all of the following conditions are 

satisfied: 

2. The force-deflection plots for all tests specified in Section 17.8.2 have a positive incremental 

force-resisting capacity. 

The isolators have positive incremental force-resisting capacity.  

 

2. The average post-yield stiffness, kd, and energy dissipated per cycle, Eloop , for the three cycles of 

test specified in Section 17.8.2.2, item 3 for the vertical load equal to the average dead load plus one-

half the effects due to live load, including the effects of heating and rate of loading in accordance with 

Section 17.2.8.3, shall fall within the range of the nominal design values defined by the permissible 

individual isolator range which are typically +/-5% greater than the  λ(spec, min) and λ(spec, max) range for 

the average of all isolators. 

 

The item 3 test is the characterization test used to determined nominal properties as discussed in Section 

4.3. It consists of 3 cycles at the maximum displacement DM. As noted in Section 7, the test data (“Test 

1”) does not exactly match the test regime of item 3, however it is believed that the test data was 

applicable to meet the similar unit requirements and is used for discussion herein. 

 

For the interior isolators:  

μA,nominal=0.048 (Table 7-3), λspec,min=0.85 and λspec, max=1.15 giving a required range of 0.041 to 0.055 (or 

0.039 to 0.058 when adding the +/-5% allowance). The average from prototype isolator 1 and 2 is 0.041 

and 0.054, respectively. 

 

For the exterior isolators:  

μA,nominal=0.062 (Table 7-4), λspec,min=0.85 and λspec, max=1.15 giving a required range of 0.053 to 0.071 055 

(or 0.050 to 0.075 when adding the +/-5% allowance). The average from prototype isolator 1 and 2 is 

0.054 and 0.070, respectively. 

The prototype isolators meet the ASCE 7-2016 acceptance criteria of Section 17.8.4, item 2.   
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3. For each increment of test displacement specified in item 2 and item 3 of Section 17.8.2.2 and 

for each vertical load case specified in Section 17.8.2.2, 

a. For each test specimen the value of the post-yield stiffness, kd, at each of the cycles of test at a 

common displacement shall fall within the range defined by λ(test, min) and λ(test, max) multiplied by the  

nominal value of post-yield stiffness. 

 

Figure 7-9 for FP isolator 1, and below in Figure 7-11 for Isolator 2, give the theoretical force-

displacement model for each cycle overlaid the actual test data. In the figure the tri-linear model is based 

on the measured energy dissipated per cycle (i.e. friction coefficient) whereas the post-elastic stiffness is 

calculated based on the geometry of the isolator. The figures show that recorded normalized (by 

instantaneous vertical load) loops do not exactly match the theoretical loops, however the agreement is 

satisfactory. The reasons for the differences are (a) fluctuation of the vertical load during the tests (294 to 

897kip for isolator 1 and 282 to 920kip in isolator 2) which affects the instantaneous value of the friction 

coefficient, and (b) heating effects on the friction coefficient which are more pronounced in the highest 

velocity-largest amplitude cycle.  The differences seen in Figures 7-9 and 7-11 are due to changes in 

friction and not due to changes in stiffness.  Thus the approached followed in this report is to accept that 

the post-elastic stiffness does not vary and any variability from cycle to cycle is assigned to the frictional 

properties.  Accordingly,   the prototype isolators meet the ASCE 7-2016 acceptance criteria of Section 

17.8.4, Item 3a. 

 

Figure 7-11 Theoretical and Actual Force-Displacement Behavior for Isolator 2, Test 1 
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b. For each cycle of test, the difference between post-yield stiffness, kd, of the two test specimens 

of a common type and size of the isolator unit and the average effective stiffness is no greater than 15 

percent. 

 

For the reasons stated above, the post-elastic stiffness of the isolators does not vary and any variability 

from cycle to cycle is assigned to the frictional properties.  Accordingly,  the prototype isolators meet the 

ASCE 7-2016 acceptance criteria of Section 17.8.4, Item 3b. 

 

4. For each specimen there is no greater than a 20 percent change in the initial effective stiffness 

over the cycles of test specified in item 4 of Section 17.8.2.2. 

 

There is not test data available for five continuous cycles at 0.75DM, however comparison can be made 

based on the available test data for three cycles of loading. As explained in Section 7, Test 1 the isolator 

was subjected to varying amplitude with one cycle having amplitude larger than 0.75DM. Test 2 was 

conducted for three cycles at a constant amplitude (approximately 2/3DM). Data are presented in Table 7-

5 (note that the effective stiffness is based on the normalized-by vertical load-loops).  It is not possible to 

check in the case of Test 1 as the amplitude is variable but for Test 2 there is a 5% reduction of the third 

cycle effective stiffness from the initial effective stiffness.   

Table 7-5 Effective Stiffness of FP Isolators (kip/inch/kip) 

Cycle 
Test 1 

Isolator 1 

Test 1 

Isolator 2 

Test 2 

Isolator 1 

Test 2 

Isolator 2 

1 0.0078 0.0083 0.0099 0.0109 

2 0.0079 0.0084 0.0095 0.0105 

3 0.0085 0.0095 0.0094 0.0105 

 

6. For each specimen there is no greater than a 20 percent decrease in the initial effective damping 

over the cycles of test specified in item 4 of Section 17.8.2.2. 

 

Similar to requirement 5, comparison can be made based on the test data available using the effective 

stiffness in Table 7-5 and equation (6-3) to calculate the effective damping. However, it should be noted 

that requirement 6 is based on having cycles of the same amplitude.  Results are presented in Table 7-6.  

For Test 1 there is an increase in the effective damping due to the decreasing amplitude of displacement.  

Test 2 shows a slight decrease in the effective damping in the first three cycles, which amounts to about 

or less than 8% of the initial value.   
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Table 7-6 Effective Damping of FP Isolators 

Cycle Test 1 Isolator 1 Test 1 Isolator 2 Test 2 Isolator 1 Test 2 Isolator 2 

1 15% 18% 25% 29% 

2 16% 18% 24% 27% 

3 19% 24% 23% 27% 

 

The reader is referred to Section 6.5 where two deficiencies of the ASCE 7-16 adequacy criteria are 

discussed, and these comments are also applicable to FP isolators. It is noted that these requirements are 

not as arduous to achieve for FP isolators compared to lead-rubber isolators. 
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SECTION 8 

SUMMARY OF ISOLATION SYSTEM PROPERTIES 

8.1 Elastomeric Isolation System 

This section provides a summary of the elastomeric isolator lambda factors and of the upper and lower 

bound values of properties for three main design scenarios discussed in Section 5.4. These are: 

 Case A: No qualification data/manufacturer unknown (Table 8-2) 

 Case B: Prototype or similar unit test data available (Tables 8-3 and 8-4) 

 Case C: Production test data available for all isolators (Table 8-5) 

 

The adopted aging and environmental lambda factors λae and the specification lambda factors λspec are 

discussed in Section 3.2 and 3.4, respectively. The calculation of the nominal values and testing lambda 

factors is presented in Section 6.  

 

For all cases the nominal property values in Table 8-1 are adopted.  This assumes that the nominal values 

are the same for all cases, which need not be true.  For example, in the case where data exist for only two 

prototype isolators as in this report, the nominal values would be as in the Table 8-1.  But if the data for 

all production isolators exist, the average of this data would be used to obtain the nominal value.  

 

Table 8-1: Nominal Properties from Prototype Test Data used for all Examples 

Isolator Type: Lead-Rubber Isolators Natural Rubber Isolators 

Nominal Rubber Shear 

Modulus, G (MPa) 
0.40 0.49 

Nominal Effective Yield Stress 

of Lead, σL (MPa) 
11.6 N/A 

 

8.1.1 No Qualification Data/Unknown Manufacturer (Default)  

The Standard ASCE 7-2016 states that if prototype isolator testing is not conducted on full-scale 

specimens utilizing relevant dynamic test data conditions, then the upper and lower limits of equations 

17.2-1 and 17.2-2 apply. These limits are 1.8 and 0.60 respectively. Yet when referring to the 

commentary of ASCE 7-2016 the default values for elastomeric low damping and lead-rubber isolators 

are calculated as 1.83 and 0.77, with the composition of these lambda factors given in Table 8-2. The 

commentary lists the default values as 1.8 and 0.8, not 1.8 and 0.6.  Since the commentary is not 

mandatory, the limit of 0.6 shall apply, as shown in the final calculation of the default properties in Table 

8-2. 
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The lambda factors and nominal properties need to be considered in unison. ASCE 7-2016 Section 

17.2.8.2 defines the nominal properties as the average properties over three cycles of motion using testing 

which can be performed dynamically or at slow velocity. The velocity of testing has a significant effect 

on the calculated nominal properties due primarily to heating effects and secondarily to rate effects, and 

therefore applying the default testing lambda factors arbitrarily to account for these effects may 

underestimate the upper and/or lower bounds.  Fundamental is to obtain the nominal properties and the 

λtest, values in dynamic testing of prototype isolators.  This approached is followed in this report. 
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Table 8-2: Default Lambda Factors and Upper and Lower Bound Property Values in Absence of 

Qualification Data for Elastomeric Isolation System in Examples of this Report 

Isolator Type: Lead-Rubber Isolators Natural Rubber Isolators 

Parameter Adjusted: G σL G  

Testing Lambda Factors – λtest 

Maximum Testing Lambda Factors 

Heating - λheating - - - 

Scragging - λscragging -
 

- - 

Similarity Adjustment - - - 

λtest,max 1.3 1.6 1.3 

Minimum Testing Lambda Factors 

Heating - λheating - - - 

Scragging - λscragging -
 

- - 

Similarity Adjustment - - - 

λtest,min 0.9 0.9 0.9 

Aging and Environmental Lambda Factors – λae 

Maximum Aging & Environmental Lambda Factors 

Aging - λaging 1.3 1.0 1.3 

λae,max 1.3 1.0 1.3 

λae,max after adjustment-0.75 1.23 1.0 1.23 

Minimum Aging & Environmental Lambda Factors 

Aging - λaging 1.0 1.0 1.0 

λae,min 1.0 1.0 1.0 

Specification Lambda Factors – λspec 

Maximum Specification Lambda Factor 

λspec,max 1.15 1.15 1.15 

Minimum Specification Lambda Factor 

λspec,min 0.85 0.85 0.85 

System Lambda Factors 

λmax 1.83 1.84 1.83 

λmin as per Section 17.2.8.4 0.60 0.60 0.60 

Upper Bound Nominal Value 0.73 MPa 21.3 MPa 0.90 MPa 

Lower Bound Nominal Value 0.24 MPa 7.0 MPa 0.29 MPa 

Ratio Upper/Lower 3.1 3.1 3.1 

 

8.1.2 Prototype or Similar Unit Test Data  

Since there are differences between the tested isolators and isolators required in preliminary design, there 

are further adjustments applied to the lambda-test factors to account for uncertainties as shown in Table 8-

3. It is noted that the tested isolators do not strictly meet the similarity requirements of ASCE 7-2016, and 
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prototype testing (or further test data) will be required. However the isolators are labeled as “similar”, 

with further adjustments for uncertainty, in order to continue with design.  

 

Table 8-3: Lambda Factors and Upper and Lower Bound Property Values Based on Data from 

“Similar” Units for Elastomeric Isolation System used in Examples of this Report  

Isolator Type: Lead-Rubber Isolators Natural Rubber Isolators 

Parameter Adjusted: G  σL  G  

Testing Lambda Factors – λtest 

Maximum Testing Lambda Factors 

Heating - λheating 1.0 1.40
1
 1.0 

Scragging - λscragging 1.3
 

1.0 1.15 

Similarity Adjustment 1.0 - 1.05 

λtest,max 1.3 1.40
 

1.21 

Minimum Testing Lambda Factors 

Heating - λheating 1.0 0.95
1 

1.0 

Scragging - λscragging 1.0
 

1.0 0.93 

Similarity Adjustment 1.0 - 0.95 

λtest,min 1.0 0.95 0.88 

Aging and Environmental Lambda Factors – λae 

Maximum Aging & Environmental Lambda Factors 

Aging - λaging 1.1 1.0 1.1 

λae,max 1.1 1.0 1.1 

λae,max after adjustment-0.75 1.08 1.0 1.08 

Minimum Aging & Environmental Lambda Factors 

Aging - λaging 1.0 1.0 1.0 

λae,min 1.0 1.0 1.0 

Specification Lambda Factors – λspec 

Maximum Specification Lambda Factor 

λspec,max 1.15 1.15 1.15 

Minimum Specification Lambda Factor 

λspec,min 0.85 0.85 0.85 

System Lambda Factors 

λmax 1.61 1.61 1.50 

λmin 0.85 0.81 0.75 

Upper Bound Nominal Value 0.64 MPa 18.7 MPa 0.74 MPa 

Lower Bound Nominal Value 0.34 MPa 9.4 MPa 0.37 MPa 

Ratio Upper/Lower 1.9 2.0 2.0 

1. Adjustment for uncertainty already included, see Section 6.2.2, with similarity calculations based 

on Kalpakidis et al (2008) heating calculations. 
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Table 8-4 presents the lambda factors and the upper and lower property values when assuming that the 

tested isolators were in fact the prototype isolators. Section 6.2 explains how the similar isolator and 

prototype lambda test factors were determined. 

  

Table 8-4: Lambda Factors and Upper and Lower Bound Property Values Based on Data from 

Actual Prototype Isolators for Elastomeric Isolation System used in Examples of this Report 

Isolator Type: Lead-Rubber Isolators Natural Rubber Isolators 

Parameter Adjusted: G  σL  G  

Testing Lambda Factors – λtest 

Maximum Testing Lambda Factors 

Heating - λheating 1.0 1.35 1.0 

Scragging - λscragging 1.3
 

1.0 1.15 

Similarity Adjustment - - - 

λtest,max 1.3 1.35 1.15 

Minimum Testing Lambda Factors 

Heating - λheating 1.0 0.93 1.0 

Scragging - λscragging 1.0
 

1.0 0.93 

Similarity Adjustment - - - 

λtest,min 1.0 0.93 0.93 

Aging and Environmental Lambda Factors – λae 

Maximum Aging & Environmental Lambda Factors 

Aging - λaging 1.1 1.0 1.1 

λae,max 1.1 1.0 1.1 

λae,max after adjustment-0.75 1.08 1.0 1.08 

Minimum Aging & Environmental Lambda Factors 

Aging - λaging 1.0 1.0 1.0 

λae,min 1.0 1.0 1.0 

Specification Lambda Factors – λspec 

Maximum Specification Lambda Factor 

λspec,max 1.15 1.15 1.15 

Minimum Specification Lambda Factor 

λspec,min 0.85 0.85 0.85 

System Lambda Factors 

λmax 1.61 1.55 1.43 

λmin 0.85 0.79 0.79 

Upper Bound Nominal Value 0.64 MPa 18.0 MPa 0.70 MPa 

Lower Bound Nominal Value 0.34 MPa 9.2 MPa 0.39 MPa 

Ratio Upper/Lower 1.9 2.0 1.8 
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8.1.3 Production Test Data 

Table 8-5 adopts the values and assumptions from Table 8-4 directly, but now full production test data is 

assumed to be available to determine the actual nominal values. Hence the specification lambda factors 

are set to unity. It is assumed that the nominal values calculated from production test data are equal to the 

nominal values calculated from the two prototype isolators just for the purpose of presentation of the 

differences to other cases. This need not be true, as the average nominal value of the two prototype 

isolators is likely to be different than the average nominal value of all production isolators.  
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Table 8-5: Lambda Factors and Upper and Lower Bound Property Values Based on Data from All 

Production Isolators for Elastomeric Isolation System used in Examples of this Report 

Isolator Type: Lead-Rubber Isolators Natural Rubber Isolators 

Parameter Adjusted: G  σL  G  

Testing Lambda Factors – λtest 

Maximum Testing Lambda Factors 

Heating - λheating 1.0 1.35 1.0 

Scragging - λscragging 1.3
 

1.0 1.15 

Similarity Adjustment - - - 

λtest,max 1.3 1.35 1.15 

Minimum Testing Lambda Factors 

Heating - λheating 1.0 0.93 1.0 

Scragging - λscragging 1.0
 

1.0 0.93 

Similarity Adjustment - - - 

λtest,min 1.0 0.93 0.93 

Aging and Environmental Lambda Factors – λae 

Maximum Aging & Environmental Lambda Factors 

Aging - λaging 1.1 1.0 1.1 

λae,max 1.1 1.0 1.1 

λae,max after adjustment-0.75 1.08 1.0 1.08 

Minimum Aging & Environmental Lambda Factors 

Aging - λaging 1.0 1.0 1.0 

λae,min 1.0 1.0 1.0 

Specification Lambda Factors – λspec 

Maximum Specification Lambda Factor 

λspec,max 1.0 1.0 1.0 

Minimum Specification Lambda Factor 

λspec,min 1.0 1.0 1.0 

System Lambda Factors 

λmax 1.40 1.35 1.24 

λmin 1.0 0.93 0.93 

Upper Bound Nominal Value 0.56 MPa 15.7 MPa 0.61 MPa 

Lower Bound Nominal Value 0.40 MPa 10.8 MPa 0.46 MPa 

Ratio Upper/Lower 1.4 1.5 1.3 

 

8.1.4 Comparison of Elastomeric Lambda Factors 

The force-displacement loops of the lead-rubber isolator using the nominal, lower and upper bound 

properties for the case of default values are presented in Figure 8-1.  Similarly, Figures 8-2 and 8-3 

present the loops when the lower and upper bound properties are based on prototype and production test 
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data, respectively. The idealized bilinear model loops are overlaid on the actual prototype test data of 

isolator 1 (isolator 2 has a similar behavior) in order to better appreciate the range of properties 

considered in the analysis of each case. Note that the amplitude of displacement in each of the loops has 

been calculated using the ELF procedure utilizing the MCE response spectrum for the site of the example, 

the isolation system details in Table 5-1, the nominal properties in Table 8-1 and the system lambda 

factors presented in Tables 8-2, 8-4 and 8-5 for the default, prototype and production values, respectively. 

 

Figure 8-1: Idealized Force-Displacement of Lead-Rubber Isolator using Default Properties 

 

 

Figure 8-2: Idealized Force-Displacement of Lead-Rubber Isolator using Prototype Properties 
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Figure 8-3: Idealized Force-Displacement of Lead-Rubber Isolator using Production Isolator 

Properties 

 

It should be noted that the tested isolators are similar isolators and were tested to a greater displacement 

than that required by preliminary design (350mm), which is why the test loops have a greater 

displacement than the lower bound loops in Figure 8-2.  

 

The NLRHA in Section 9 illustrates the effects on important design parameters by comparing the 

response using default force-displacement bounds (Figure 8-1) against the response using the bounds 

developed from prototype test data (Figure 8-2) and production test data (Figure 8-3). 

 

8.2 Sliding Isolation System 

This section provides a summary of the friction pendulum isolator lambda factors and of the upper and 

lower bound values of properties for three main design scenarios discussed in Section 5.4. These are: 

 Case A: No qualification data/manufacturer unknown (Table 8-7) 

 Case B: Prototype or similar unit test data available (Tables 8-8 and 8-9) 

 Case C: Production test data available for all isolators (Table 8-10) 

 

The adopted aging and environmental lambda factors λae and the specification lambda factors λspec are 

discussed in Section 3.2 and 3.4, respectively. The calculation of the nominal values and testing lambda 

factors is presented in Section 7.  
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For all cases the nominal property values in Table 8-6 are adopted.  This need not be true.  For example, 

in the cases where data exist for only two prototype isolators as in this report, the nominal values would 

be as in the tables.  But if the actual data for all production isolators exist, the average of those data would 

be used to obtain the nominal value.  In the data for the 43 production isolators presented earlier (Section 

6.2), the nominal value of friction µA (average of 43 isolators) was 1.082 times larger than the nominal 

value obtained from the two prototype isolators (see Section 6.2).  Accordingly, the value of µ1 would 

have been 1.082x0.052=0.056 instead of 0.052.  The difference in this case is too small to be of 

significance in analysis and design as it is somehow accounted for in the conservatism exercised in the 

establishment of λtest values. 

 

Table 8-6: Nominal Properties from Prototype Test Data used for all Examples 

Parameter Interior Isolators (~2710kN) Exterior Isolators (~1348kN) 

Outer Surface Friction 

Coefficient μ1 

0.052 0.073
 

Inner Surface Friction 

Coefficient μ2 
0.017 0.017 

 

The lambda factors for the inner surface friction coefficient µ2 have not been included in the Tables that 

follow. This is because the related lambda-test factors have been set to unity and since it is a parameter 

which does not significantly affect the global response (see Section 7.2 for explanation). The aging and 

environmental lambda factors λae,max, and the specification lambda factors λspec,max are taken the same as 

those of the outer surface values µ1. 

 

8.2.1 No Qualification Data- Default Lambda Factors 

The Standard ASCE 7-2016 states that if prototype isolator testing is not conducted on full-scale 

specimens utilizing relevant dynamic test data conditions, then the upper and lower limits of equations 

17.2-1 and 17.2-2 apply. These limits are 1.8 and 0.60 respectively.  

 

It is noted that typical values of aging and contamination lambda factors utilized for reputable 

manufacturers with available qualification data are λa = 1.1 and λc = 1.05, leading to λae,max=1.16 and, 

after adjustment, to a value of 1.12 (see Section 6.4).  When this is implemented in equation (2-10) with 

default lambda factors λtest,max=1.3 and λspec,max=1.15 , the resulting maximum system lambda factor is 

calculated to be λmax,Qd= 1.67. Although Section 17.2.8.4 of ASCE 7-2016 states an upper and lower limit 

for the system lambda factor of 1.8 and 0.6, respectively, the RDP has some flexibility in accepting data 
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and deciding on lambda factors. Ultimately ASCE 7-2016 requires testing, therefore the lambda factors 

will be based on prototype test data (or using similar unit test data) in conjunction with qualification test 

data and the limits need not apply. 

 

The default lambda factors (Table 8-7) and nominal properties need to be considered in unison. ASCE 7-

2016 Section 17.2.8.2 defines the nominal properties as the average properties over three cycles of motion 

using testing as specified by Item 2 of ASCE 7-2016 §17.8.2.2, where Item 2 (a) can be performed 

dynamically or at slow velocity. The velocity of testing has a significant effect on the calculated nominal 

properties due primarily to heating effects and secondarily to rate effects, and therefore applying the 

default testing lambda factors arbitrarily to account for these effects may underestimate the upper and/or 

lower bounds.  Fundamental is to obtain the nominal properties and the λtest, values in dynamic testing of 

prototype isolators.  This approached is followed in this report. 
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Table 8-7: Nominal Coefficient of Outer Surfaces Friction μ1 and Lambda Factors- Default Values 

in Absence of Qualification Data 

Isolator Location: Interior Exterior 

Parameter Adjusted: μ1 μ1 

Testing Lambda Factors – λtest 

Maximum Testing Lambda Factors 

All cyclic effects 1.3 1.3 

λtest,max 1.3 1.3 

Minimum Testing Lambda Factors 

All cyclic effects 0.7 0.7 

λtest,min 0.7 0.7 

Aging and Environmental Lambda Factors – λae 

Maximum Aging & Environmental Lambda Factors 

Aging - λaging 1.3 1.3 

Contamination - λc 1.2 1.2 

λae,max 1.56 1.56 

λae,max after adjustment-0.75 1.42 1.42 

Minimum Aging & Environmental Lambda Factors 

Aging - λaging 1 1 

Contamination - λc 1 1 

λae,min 1 1 

Specification Lambda Factors – λspec 

Maximum Specification Lambda Factor 

λspec,max 1.15 1.15 

Minimum Specification Lambda Factor 

λspec,min 0.85 0.85 

System Lambda Factors 

λmax 2.12 2.12 

λmin 0.60 0.60 

Upper Bound Outer Friction μ1 0.110 0.155 

Lower Bound Outer Friction μ1 0.031 0.044 

Ratio Upper/Lower 3.5 3.5 

 

8.2.2 Prototype/Similar Unit Test Data 

The configuration of the tested isolators is directly adopted for the preliminary design. Strictly speaking, 

Table 8-8 is for similar isolators. Since the determination of lambda values met the intent of the similar 

unit requirements of ASCE 7-2016, which would mean prototype testing is not required, the Table 8-8 

values are reasonable to expect for prototype isolators, but for the fact that the data for the exterior 

isolators were incomplete so that the isolator parameters were conservatively adjusted. 
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Table 8-8: Coefficient of Outer Surfaces Friction μ1 and Lambda Factors- Prototype/Similar Test 

Data Available 

Isolator Location: Interior Exterior 

Parameter Adjusted: μ1 μ1 

Testing Lambda Factors – λtest 

Maximum Testing Lambda Factors 

All cyclic effects 1.3 1.08 

λtest,max 1.3 1.08 

Minimum Testing Lambda Factors 

All cyclic effects 0.95 0.68
1 

λtest,min 0.95 0.68 

Aging and Environmental Lambda Factors – λae 

Maximum Aging & Environmental Lambda Factors 

Aging - λaging 1.1 1.1 

Contamination - λc 1.05 1.05 

λae,max 1.16 1.16 

λae,max after adjustment-0.75 1.12 1.12 

Minimum Aging & Environmental Lambda Factors 

Aging - λaging 1.0 1.0 

Contamination - λc 1.0 1.0 

λae,min 1.0 1.0 

Specification Lambda Factors – λspec 

Maximum Specification Lambda Factor 

λspec,max 1.15 1.15 

Minimum Specification Lambda Factor 

λspec,min 0.85 0.85 

System Lambda Factors 

λmax 1.67 1.39 

λmin 0.81 0.58 

Upper Bound Outer Friction μ1 0.087 0.101 

Lower Bound Outer Friction μ1 0.042 0.042 

Ratio Upper/Lower 2.1 2.4 

1. Includes an adjustment for uncertainty, see Section 7.2 for discussion. 

8.2.3 Production Test Data 

Table 8-9 adopts the values and assumptions from Table 8-4 directly, but now full production test data is 

assumed to be available to determine the actual nominal values (with the exception of the exterior 

isolators for which the conservatively adjusted values are still used). Hence the specification lambda 

factors are set to unity. The reader is referred to the introduction of Section 8.2 on the selection of the 

nominal values. 
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Table 8-9: Coefficient of Outer Surfaces Friction μ1 and Lambda Factors- Production Test Data 

Available 

Isolator Location: Interior  Exterior 

Parameter Adjusted: μ1 μ1 

Testing Lambda Factors – λtest 

Maximum Testing Lambda Factors 

All cyclic effects 1.3 1.08 

λtest,max 1.3 1.08 

Minimum Testing Lambda Factors 

All cyclic effects 0.95 0.68 

λtest,min 0.95 0.68 

Aging and Environmental Lambda Factors – λae 

Maximum Aging & Environmental Lambda Factors 

Aging - λaging 1.1 1.1 

Contamination - λc 1.05 1.05 

λae,max 1.16 1.16 

λae,max after adjustment-0.75 1.12 1.12 

Minimum Aging & Environmental Lambda Factors 

Aging - λaging 1 1 

Contamination - λc 1 1 

λae,min 1 1 

Specification Lambda Factors – λspec 

Maximum Specification Lambda Factor 

λspec,max 1.0 1.0 

Minimum Specification Lambda Factor 

λspec,min 1.0 1.0 

System Lambda Factors 

λmax 1.46 1.21 

λmin 0.95 0.68 

Upper Bound Outer Friction μ1 0.076 0.087 

Lower Bound Outer Friction μ1 0.049 0.049 

Ratio Upper/Lower 1.5 1.8 
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8.2.4 Comparison of Friction Pendulum Lambda Factors 

The idealized tri-linear force-displacement model of an “interior” Friction Pendulum isolator for the case 

of default, prototype and production lambda values are presented in Figures 8-4, 8-5 and 8-6, 

respectively. Each figure presents the nominal, lower and upper bound properties for the interior isolator. 

An exterior isolator has different nominal and lambda values. These tri-linear loops, which are the 

mathematical representations used for analysis, are compared in the figures to the actual prototype test 

data of isolator 1 for illustration purposes. It is noted that the test data from isolator 2 (Figure 7-4) was 

also used to determine the model loop properties, and had slightly different behavior (i.e. a higher 

strength). The amplitude of displacement in each of the tri-linear model loops has been calculated using 

the ELF procedure utilizing the MCE response spectrum for the site of the example, the isolator 

dimensions in Figure 7-1 (16 exterior and 16 interior isolators make up the isolation system), the nominal 

properties in Table 8-6 and the system lambda factors presented in Tables 8-7, 8-8 and 8-9 for the default, 

prototype and production values, respectively. 

 

 

 

Figure 8-4: Tri-linear Model for Interior Isolator using Default Properties 
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Figure 8-5: Tri-linear Model for Interior Isolator using Prototype Properties 

 

Figure 8-6: Tri-linear Model for Interior Isolator using Production Properties  
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SECTION 9 

NONLINEAR RESPONSE HISTORY ANALYSIS  

9.1 Introduction 

Nonlinear Response History Analysis (NLRHA) was used to compare the isolation system maximum 

displacement and maximum base shear force obtained in different design scenarios. Three cases were 

considered a) no qualification data available so default values are used, case b) prototype test data are 

available, and case c) full production test data are available. The mathematical models in Section 2 along 

with the nominal properties and lambda factors summarized in Section 8 were used to calculate the upper 

and lower bound force-displacement behavior of the isolators for the analysis. 

 

The NLRHA was undertaken in the program SAP2000 using the Fast Nonlinear Analysis procedure. For 

this analysis the nonlinear forces from the isolator elements are treated as loads on the right hand side of 

the equations of motions. Inherent damping was specified as 2% in each mode of vibration with override 

such that the damping in the first six (isolated) modes was specified as zero per procedures described in 

Sarlis and Constantinou (2010).  

 

The vertical earthquake effects were not considered and, although uplift has been identified as an issue in 

preliminary design, this is not addressed in the NLRHA as it is not the focus of this report. 

 

The ground motion histories and scaling were directly adopted from the SEAOC Manual (2014) and are 

given in Appendix A. There are seven ground motion histories hence ASCE 7 allows the average of the 

seven responses to be used for design. The square root sum of the squares (SRSS) at each time step is 

used to calculate the resultant maximum isolator displacement and shear force. Since the building is 

symmetrical in both directions, the earthquake records (available in fault normal and fault parallel 

directions) were not rotated and additional analyses were avoided. 

 

For torsion effects, only the actual eccentricities (none in this case since the superstructure and isolation 

system are symmetric) were modeled. The calculated displacements and forces presented in this section 

do not include accidental eccentricity effects, and will need to be increased to account for torsion. For 

displacements, DM can simply be multiplied by the amplification factor given in equation 17.5-3 of ASCE 

7-2016. This equation is based on work by Wolff et al (2014) which rewards isolation systems configured 

to resist torsion. This procedure of amplifying DM by a factor is the recommended method to account for 

accidental torsion in NLRHA. This is because it is problematic to artificially alter the mass and/or center 
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of stiffness of the model because it changes the dynamic characteristics of the model and may 

unintentionally improve performance. For shear and axial forces, the effects of accidental eccentricities 

can be accounted for by using the ELF procedure, applying the torsion to a 3D model, and superimposing 

the results on the NLRHA results. 

 

For the elastomeric isolation system, the isolators are configured to resist torsion by placing the lead-

rubber isolator around the exterior. The use of equation 17.5-3 of ASCE 7-2016 with 

e=0.05 45.72m=2.29m, b=d=45.7m, y=22.9m and PT=2.42/2.11=1.15 results in a ratio of the total 

maximum displacement DTM  to DM equal to 1.11, which is less than the minimum limit of 1.15.  The 

calculation of period ratio PT was based on eigenvalue analysis of the isolated structure using each 

isolator’s effective stiffness calculated at the amplitude of 366mm for the lower bound properties in the 

case of the prototype test data (i.e. Table 8-4 lambda factors). 

 

9.2 Elastomeric Isolation System 

The SRSS maximum displacement and base shear for each design scenario and for each of the seven 

earthquakes are given in Tables 9-1, 9-2 and 9-3. The bilinear model used in NLRHA is based on default 

properties in Table 9-1, prototype properties for Table 9-2 and is based on production properties in Table 

9-3. For comparison, the tables also include the ELF calculated values of the displacement and shear 

force.  Note the acceptable accuracy of prediction of the ELF procedure, which over-predicts the 

displacement for the lower bound properties by about 18%, 6% and 4% in the three cases, and under-

predicts the displacement for the upper bound properties by about 4%, 4% and 1% in the three cases: 

default, prototype and production lambda factors, respectively. 
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Table 9-1: NLRHA Results of Elastomeric Isolation System using Properties based on Default 

Lambda Factors 

 Lower Bound Upper Bound 

Ground Motion 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

GM 1 381 10448 111 16277 

GM 2 413 11467 237 22623 

GM 3 430 10869 224 22831 

GM 4 670 16314 434 35067 

GM 5 363 9333 78 14025 

GM 6 299 7906 131 16672 

GM 7 200 7394 180 20343 

NLRHA Average 394 10533 (20%
1
) 199 21120  (40%

1
) 

ELF 462 23%
1 

191 39%
1 

1. Percentage of seismic weight (53090kN) 

 

Table 9-2: NLRHA Results of Elastomeric Isolation System using Properties based on Prototype 

Lambda Factors  

 Lower Bound Upper Bound 

Ground Motion 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

GM 1 335 12944 120 14055 

GM 2 426 13897 303 21106 

GM 3 325 12231 259 20985 

GM 4 567 18985 451 29155 

GM 5 309 11857 120 13979 

GM 6 259 9600 149 15061 

GM 7 188 9360 178 17036 

NLRHA Average 344 12696 (24%) 226 18768 (35%) 

ELF 366 26% 218 35% 
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Table 9-3: NLRHA Results of Elastomeric Isolation System using Properties based on Production 

Lambda Factors  

 Lower Bound Upper Bound 

Ground Motion 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

GM 1 292 13786 158 12783 

GM 2 428 16481 366 20456 

GM 3 293 13508 265 18530 

GM 4 472 18594 437 24451 

GM 5 265 12718 155 13454 

GM 6 228 11042 169 13587 

GM 7 181 10680 165 14410 

NLRHA Average 309 13830 (26%) 245  16810 (32%) 

ELF 320 28% 244 33% 

 

Use of the properties based on prototype testing results in lesser displacement and lesser maximum base 

shear than the use of properties based on the default lambda values. What is of interest is a comparison of 

the range between the upper bound and lower bound isolator properties and the range of response based 

on those properties. The ratio of results for the ELF and NLRHA analyses and the ratio of maximum and 

minimum lambda factors are presented in Table 9-4 for the three design scenarios. 

 

Table 9-4: Ratio of Lambda Factors and Bounding Analysis for Elastomeric Isolation System 

Case Description Analysis 

Lower/Upper 

Bound Ratio 

Displacement 

Upper/Lower 

Bound Ratio 

Base Shear 

λmax/ λmin 

LR Isolator 

λmax/ λmin 

NR Isolator, 

G G σL 

A 

No Qualification Test 

Data – 

 Default Values 

ELF 2.4 1.7 

3.1  3.1 3.1 

NLRHA 2.0 2.0 

B 

Qualification Data and 

Prototype Test Data 

Available 

ELF 1.7 1.3 

1.9 2.0 1.8 

NLRHA 1.5 1.5 

C 

Qualification Data and 

Production Test Data 

Available 

ELF 1.3 1.2 

1.4 1.5 1.3 

NLRHA 1.3 1.2 
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The range in isolation system properties used for analysis is typically less than the range of the calculated 

response. The table also gives indication of the benefits provided when not using the default values 

although the above numerical results are specific to the example building and its ground motion 

characteristics.  

 

For illustration, representative NLRHA force-displacement loops of a lead-rubber (LR) and a low-

damping natural rubber (NR) are presented in Figures 9-1, 9-2 and 9-3 for the cases of the default, 

prototype and production lambda factors. The results are arbitrarily presented for ground motion GM3. 

 

 

(a) Lower Bound Properties     (b) Upper Bound Properties 

Figure 9-1: Force-Displacement Loops of Elastomeric Isolators for Motion GM3, 

Default Lambda Factors  
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(a) Lower Bound Properties     (b) Upper Bound Properties 

Figure 9-2: Force-Displacement Loops of Elastomeric Isolators for Motion GM3, 

Prototype Lambda Factors 

 

 

 

(a) Lower Bound Properties     (b) Upper Bound Properties 

Figure 9-3: Force-Displacement Loops of Elastomeric Isolators for Motion GM3, 

Production Lambda Factors 
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9.3 Sliding Isolation System 

The NLRHA of the Friction Pendulum (FP) isolation system was undertaken in the program SAP2000 

using the parallel isolator model (Sarlis and Constantinou, 2010). The behavior of the “special” triple FP 

isolator is accurately captured by the parallel model prior to initiation of stiffening, where the hysteretic 

behavior is as depicted in Figure 2-4. This model is appropriate as primarily the seismic motion is 

confined to the first two regimes of operation, where regime III results in stiffening to control 

displacements in extreme events. Sarlis and Constantinou (2010) present guidelines on how to implement 

the parallel and the more sophisticated series model in SAP2000 using the standard single FP element of 

the program. SAP2000 also has a new triple FP link element which has a resulting behavior equivalent to 

a series arrangement of three FP isolators, which can capture all five regimes of force-displacement 

behavior but is computationally more demanding than the simpler parallel model. The paper by Sarlis and 

Constantinou (2010) also address damping specification (i.e. control leakage), Ritz vector modes, and P-Δ 

analysis, which are not explicitly addressed herein. 

 

Program SAP2000 accounts for the velocity dependence of the friction coefficient and requires “slow” 

and “fast” friction coefficients values and a rate parameter to be defined. The three parameters are used to 

calculate the friction coefficient as shown in equation (9-1), which was first proposed by Mokha and 

Constantinou in 1988.  

max max min
( )

aV
f f f e


       (9-1) 

where fmax is the friction coefficient at high speed (“fast”), which is calculated from prototype testing as in 

Section 7 and fmin is simply taken as half of fmax for this report (this is the “slow” value). The fmax value is 

specified for the analysis based on the requirements of the parallel model and the data in Tables 8-7 to 8-

9.  The rate parameter a controls the transition of the friction coefficient from its minimum to its 

maximum value and is dependent on the sliding interface. Constantinou et al (2007) recommend a rate 

parameter of 100mm/s (2.54in/s) for a PTFE composite. This value is used in the analysis.   

 

Tables 9-5, 9-6 and 9-7 present the SRSS displacement and base shear force from NLRHA where the 

isolator models are based on default, prototype and production lambda factors. The tables also include the 

isolator results calculated by the ELF procedure. 
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Table 9-5: NLRHA Results of Sliding Isolation System using Properties based on Default Lambda 

Factors 

 Lower Bound Upper Bound 

Ground Motion 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

GM 1 537 8367 243 9735 

GM 2 1020 14417 347 9997 

GM 3 665 9803 313 10702 

GM 4 762 10794 533 13638 

GM 5 550 8111 263 9848 

GM 6 526 8373 235 9628 

GM 7 245 4510 177 8847 

NLRHA Average 615 9197  (17%
1
) 301 10342 (19%

1
) 

ELF 696 20%
1 

325 19%
1 

1. Percentage of seismic weight (53090kN) 

 

Table 9-6: NLRHA Results of Sliding Isolation System using Properties based on Prototype 

Lambda Factors 

 Lower Bound Upper Bound 

Ground Motion 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

GM 1 457 7729 289 8457 

GM 2 826 12498 325 8850 

GM 3 582 9307 347 9273 

GM 4 712 10612 586 12216 

GM 5 467 7004 307 8268 

GM 6 413 7311 265 7853 

GM 7 226 4751 187 7393 

NLRHA Average 526 8459 (16%) 329 8901 (17%) 

ELF 638 19% 401 18% 
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Table 9-7: NLRHA Results of Sliding Isolation System using Properties based on Production 

Lambda Factors 

 Lower Bound Upper Bound 

Ground Motion 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

SRSS Max 

Displacement 

(mm) 

SRSS Max 

Base Shear 

(kN) 

GM 1 429 7364 322 8043 

GM 2 686 11107 367 9035 

GM 3 518 8955 367 8879 

GM 4 682 10694 607 11711 

GM 5 433 6963 328 7704 

GM 6 349 6583 277 7142 

GM 7 212 4982 191 6742 

NLRHA Average 473 8092 (15%) 351 8465 (16%) 

ELF 582 18% 442 18% 

 

Of interest is a comparison of the range between the upper bound and lower bound isolator properties and 

the range of response based on those properties. The ratio of results for the ELF and NLRHA analyses 

and the ratio of maximum and minimum lambda factors are presented in Table 9-8 for the three design 

scenarios. 

Table 9-8: Ratio of Lambda Factors and Bounding Analysis for Sliding Isolation System 

Case Description Analysis 

Lower/Upper 

Bound Ratio 

Displacement 

Upper/Lower 

Bound Ratio 

Base Shear 

λmax/ λmin 

Interior 

Isolator μ1 

λmax/ λmin 

Exterior 

Isolator μ1 

A 

No Qualification Test 

Data – 

 Default Values 

ELF 2.1 0.95 

3.5 3.5 

NLRHA 2.0 1.1 

B 

Qualification Data and 

Prototype Test Data 

Available 

ELF 1.6 0.95 

2.1 2.4 

NLRHA 1.6 1.1 

C 

Qualification Data and 

Production Test Data 

Available 

ELF 1.3 1.0 

1.5 1.8 

NLRHA 1.3 1.1 
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Similar to the elastomeric isolation system, there was a smaller range in the calculated response than the 

range of isolator properties used for analysis. These tables also present evidence of the benefits provided 

when not using the default values, although the above numerical results are specific to the example 

building and its ground motion characteristics. It is noted that for the ELF procedure the lower bound 

isolator properties gave a larger base shear than the upper bound isolator properties, which is why the 

ratio is less than 1.0. Also it so happened that the maximum base shear was not significantly affected by 

the bounding analysis, since the higher effective stiffness with lesser displacement (upper bound) was 

comparable to the lower effective stiffness with larger displacement (lower bound). 

 

For illustration, representative NLRHA force-displacement loops of the entire isolation system are 

presented in Figures 9-4, 9-5 and 9-6 for the cases of the default, prototype and production lambda 

factors. The results are for ground motion GM3 only. The ELF calculated isolation system response is 

compared to the NLRHA analysis results using a bilinear hysteretic representation of the isolation system 

behavior, whereas, the isolators in the NLRHA are modeled as a tri-linear hysteretic representation 

(parallel model). 

 

  

(a) Lower Bound Properties     (b) Upper Bound Properties 

Figure 9-4: Force-Displacement Loops of Friction Pendulum Isolation System for Motion GM3, 

Default Lambda Factors 
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(a) Lower Bound Properties     (b) Upper Bound Properties 

Figure 9-5: Force-Displacement Loops of Friction Pendulum Isolation System for Motion GM3, 

Prototype Lambda Factors 

 

 

 

  

(a) Lower Bound Properties     (b) Upper Bound Properties 

Figure 9-6: Force-Displacement Loops of Friction Pendulum Isolation System for Motion GM3, 

Production Lambda Factors 
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SECTION 10 

SUMMARY AND CONCLUSIONS  

This report primarily provides guidance on how to determine the upper and lower bound properties of an 

isolation system for analysis and design. However, through referring to a new version of the Standard 

(Chapter 17 of ASCE 7-2016- see Appendix D), it was found that some requirements were inconsistent 

and overly conservative which prompted the need to report observations and recommendations on 

improvements.  

 

The previous version of the Standard (ASCE 7-2010) simply had two clauses: §17.1.1 and §17.2.4.1 

which more or less stated that “analysis shall consider variations in isolator material properties” without 

any further direction. Given the importance of the isolation system in reducing seismic response, along 

with the potential for large variations in material properties (from those assumed for design) from 

different manufacturers and on different projects, among other reasons, it is appropriate that ASCE 7-

2016 has introduced the formal requirement of bounding analysis. The concept of using property 

modification factors (lambda or λ) factors originated over 15 years ago and provides a logical and 

practical approach to explicitly account for the variations in the nominal properties of an isolator. The 

Standard defines three unique categories of lambda factors. Both the aging effects and the environmental 

conditions lambda factors λae.max and λae.min and the manufacturing variation lambda factors λspec,max and 

λspec,min can be determined in a straightforward manner as explained in this report. However, it is the 

testing lambda factors λtest,max and λtest,min which can make up a significant proportion of the overall system 

lambda factors  λmax and λmin and which are not clearly addressed in ASCE 7-2016. 

 

The testing lambda factors are determined by prototype testing and intend to capture scragging, and 

variability and degradation in properties due to the effects of heating and speed of motion. This bounding 

(see Section 3.3.1 for illustration) is required because the typical models used for analysis (described in 

Section 2) simply assume constant properties, whereas in reality the properties instantaneously change 

throughout the seismic event. This is shown in the dynamic test data in Sections 6 and 7 which are tested 

at relevant high-speed conditions. 

 

The opinion of the authors is that only one prototype/characterization test is required to determine the 

nominal properties and lambda values λtest,max and λtest,min. This test is item 3 of §17.8.2.2 which consists of 

three fully reversed cycles of loading at the maximum (MCE) displacement DM performed dynamically at 

high-speed. The λtest,max value intends to capture effects during the first cycle of motion (i.e. the upper 
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bound) which will certainly be experienced during an earthquake and is thus defined as the ratio of the 

first cycle value of the property divided by the nominal value. The λtest,min value is meant to provide a 

lower bound value of the property related to the expected number of cycles.  Typically the expected 

number of cycles is small and is dependent on the properties of the isolation system and the seismic 

excitation.  It is implied in ASCE 7-2016 that the λtest,min value is the ratio of the third cycle value of the 

property to the nominal value.  Thus, effectively the third cycle value is utilized in the lower bound 

analysis.  The authors of this report believe this to be unduly conservative for most cases and that the 

number of cycles considered for determining λtest,min should be based on rational analysis with due 

consideration for the properties of the isolation system, the site conditions and the ground motion 

characteristics, including information on proximity to the fault.  

 

This report uses an energy equivalent approach to justify the lower bound properties (or λtest,min). 

Representative results from Warn and Whittaker (2004) are used as a basis to determine number of cycles 

of prototype testing (fully reversed at the maximum displacement) that are required to give the equivalent 

energy as that dissipated in the actual history of bi-directional motion determined in response history 

analysis. As shown in Section 3.3.1, the number equivalent of cycles was calculated as two for both the 

elastomeric and sliding isolation system examples. As an example, prototype testing of the lead-rubber 

isolators gave a nominal (three-cycle average) yield strength of lead σL,nom of 11.6MPa,  λtest,max=1.35 and 

λtest,min=0.93 where the overall ratio of λmax/ λmin was 2.0. If the third cycle properties were arbitrarily set 

as the lower bound, as implied by ASCE 7-2016, this would give a λtest,min=0.74 and corresponding 

λmax/λmin ratio of 2.5. However the default values stated in ASCE 7 commentary (Appendix E) would give 

a smaller λmax/ λmin ratio of 1.84/0.77=2.4, which are supposed to be penalizing since no test data is 

available. Hence the third cycle appears overly conservative. Furthermore, studies by Kalpakidis et al 

(2010) show that adopting the three-cycle average value (which is representative of the second cycle) as 

the lower bound for bounding analysis provides conservative estimates of demands when compared to 

more sophisticated and realistic modeling of lead-rubber isolators which accounts for the instantaneous 

heating effects on the lead core strength (see Section 3.3.1 for discussion).  

 

The lower bound for analysis may also be dictated arbitrarily by the test specimen adequacy criteria of 

ASCE 7-2016 §17.8.4. The checking of this criteria does not directly relate to the work in this report as a 

complete set of prototype test results per Section 17.8.2 does not exist.  However the adequacy criteria 

directly refer to the lambda factors and therefore the compliance with these requirements was addressed in 

Sections 6.5 and 7.4 for elastomeric and sliding isolators, respectively. It is evident from discussion in 
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these sections, and the comparison to the properties of the prototype lead-rubber isolators in particular, 

that the ASCE 7-2016 adequacy criteria have two deficiencies: 

1) The number of cycles required in some of the prototype tests appears as arbitrary whereas it 

should be related to the properties of the isolation system, and type of earthquake excitation as 

distinguished by proximity to fault and soil properties.  The number of cycles, whether 

continuous sets of 5 or at least 10 depending whether the testing is dynamic or quasi-static, is 

generally much larger than would be expected during an MCER event. 

2) The adequacy criteria appear as inconsistent and unrelated to the data utilized in extracting the 

nominal values of properties and the λtest values.  For example, the nominal and λtest values are 

based on testing for 3 cycles at one amplitude of motion (DM), whereas the adequacy criteria are 

based on testing for 5 or more cycles at different amplitude (0.75DM) of motion.  

 

To remedy the issues raised by this report, the authors propose the red highlighted markup of ASCE 7-

2016 given in Appendix D. The key changes to the document are as follows: 

 Adding language in Section 17.2.8.4 to clarify the determination of the lambda-test maximum and 

minimum values and leaving some room for the Registered Design Professional (RDP) to decide 

on a representative cycle for the lower bound. 

 Editing Section 17.2.8.2 so that the Item 3 test regime of Section 17.8.2.2 can also be used to 

compute properties. This test is the three-cycle dynamic testing at DM displacement amplitude 

which was used in this report. 

 Adding clarity to the testing procedures by differentiating between quasi-static and dynamic tests. 

 In the test specimen adequacy criteria, Section 17.8.4 Item 5, the language is changed to give 

slightly more flexibility to the RDP to determine a representative number of cycles (which is peer 

review approved). 

 Removing Items 4 and 6 of the Section 17.8.4 Test Specimen Adequacy criteria. These criteria 

put limits on the allowable change in initial effective stiffness and initial effective damping which 

is arbitrary and inconsistent with the current test regimes. They are removed since there are 

already acceptance criteria for the post-elastic stiffness Kd and energy dissipated per cycle Eloop- 

which are related to the nominal values and lambda-test factors. 

These changes to ASCE 7-16 would mean the procedures for bounding analysis presented in this report 

are in accordance with the Standard. It is noted however that the testing regimes in the Standard generally 

have too many cycles, since they are based on historic provisions where testing was performed quasi-

statically, and therefore further changes to the testing requirements of Section 17.8.2 may be necessary in 

the future. 
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APPENDIX A 

GENERAL BUILDING INFORMATION 

A.1 General Information 

 Office occupancy on all floors  

 Located at a site in San Francisco, CA (site location: Latitude 37.783°, Longitude -122.392°)  

 Site Class D  

 Risk Category II  

 The building is considered irregular per ASCE 7-2010 Table 12.3-1 item #2 

 Seismic Design Category D 

 

A.2 Building Geometry 

 45.72m by 45.72m (150ft by150ft) centerline dimension in plan with typical floor and roof 

framing shown in Figure A-1. The edge of deck is approximately 0.46m (1’-6”) from gridline.  

 Six-stories as shown in A1-2 through A1-3.  

 The lateral system is a steel Special Concentrically Braced Frame (SCBF) per ASCE 7-2010 

Table 12.2-1 with a frame layout of three bays on gridlines A, F, 1 and 6 per figures A-1 and A-2.   

 

Figure A-1 Typical floor and roof framing plan 
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Figure A-2 Building elevation 

 

 

Figure A-3 Three-Dimensional Extruded Sections SAP2000 Model 
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A.3 Assembly Weights 

The total seismic weight of the building, including the weight of the isolators (5kip) is 11,930kip or 

53090kN (1kip=4.45kN and 100psf = 4.79kPa).The gravity loading comprises of: 
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A.4 Design Spectral Accelerations 

USGS web tools can be used to determine the Risk-Targeted Maximum Considered Earthquake (MCER) 

spectral accelerations for 0.2 sec, SS, and 1.0 sec, S1 based on the longitude and latitude of the site. The 

longitude and latitude can be entered into the web application found on the USGS website at:  

https://geohazards.usgs.gov/secure/designmaps/us/application.php to get the SS and S1 values interpolated 

for this site.  The output values are:  

SS = 1.50g 

S1 = 0.60g 

 The site class is D, so the factors to modify the MCE spectral accelerations are:  

Fa = 1.0         Table 11.4-1 

Fv = 1.5         Table 11.4-2 

 These values are used to modify the spectral accelerations:  

SMS = Fa SS = 1.0 x 1.50 = 1.50g      Eq 11.4-1 

SM1 = Fv S1 = 1.5 x 0.60 = 0.90g      Eq 11.4-2 

TL = 12 seconds 

 

A.5 Ground Motions 

The seven earthquake records used for response history analysis were directly adopted from the SEAOC 

Design Manual (2014) and are given in Table A-1.  The ground motions were amplitude scaled so that the 

average of the seven ground motions SRSS response spectrums was equal to or greater than the MCER 

response spectrum as illustrated in Figure A-4. The consideration for vertical earthquake effects are 

important, however are outside the scope of this report. 

 

ASCE 7-2016 has specific scaling requirements which depend on the proximity to an active fault as well 

as whether the motions are amplitude scaled or spectrally matched. According to the Caltrans web tool 

(http://dap3.dot.ca.gov/shake_stable/v2/index.php) the building site is located greater than 5km from an 

active fault. The period range of 0.75TM using upper bound default properties and 1.25TM using lower 

bound default properties gives a range of 2.0 to 4.7 and 1.1 to 3.4 seconds for the Friction Pendulum and 

elastomeric isolation systems, respectively. As shown in Figure A-4, the SEAOC Manual scaled motions 

are greater than the MCER spectrum over a these period ranges and therefore the scaled ground motions 

are in accordance with ASCE 7-2016 requirements. It is noted that this scaling is conservative for 

prototype and production properties, since they would have a smaller period range. 
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Table A-1 SEAOC Manual Horizontal Ground Motions and Scale Factors 

Ground 

Motion 

NGA
1
 

Number 

PEER
2
 

Scale 

Factor 

SAP2000 

Scale Factor 

(kip-inch) 

Number of 

points in 

record 

Time Step 

(second) 
Event 

1 175 3.9 1499 7802 0.005 Imperial Valley - 06 

2 1158 1.7 641 5437 0.005 Kocaeli- Turkey 

3 728 3.0 1168 8000 0.005 Superstition Hills- 02 

4 864 3.2 1255 2200 0.02 Landers 

5 187 3.9 1499 7866 0.005 Imperial Valley - 06 

6 549 3.9 1499 7996 0.005 Chalfant Valley- 02 

7 458 3.9 1499 7996 0.005 Morgan Hill 

1. Next Generation Attenuation (NGA) Models for Western US (http://peer.berkeley.edu/ngawest2/) 

2. Pacific Earthquake Engineering Research Centre (PEER) 

 

 

Figure A-4 Response Spectrum for Scaled Ground Motions and MCER 
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APPENDIX B 

PRELIMINARY DESIGN OF ELASTOMERIC ISOLATION 

SYSTEM 

B.1 Introduction 

Preliminary design is an iterative process which varies between engineers, and does not have to follow the 

requirements of ASCE 7-2016 necessarily. In this example there are four design iterations illustrated. The 

first iteration assumes there is no data available and proceeds based on a range of nominal values 

recommended in Constantinou et al. (2011). This gives a first estimate of the required isolator size, after 

which contact can be made with the manufacturer to see if similar isolators have been produced and 

tested. At this juncture two cases are considered. Design iteration 2 assumes that still no data is available 

and the isolator dimensions and layout is optimized as much as practical, which would then provide the 

basis for prototype testing. In the second case, test data is available (See Section 6) and the isolator 

dimensions and nominal properties from testing are used as a basis for the next (third) preliminary design 

iteration. There are no project-specific design requirements however the fourth iteration seeks to optimize 

the isolator dimensions and isolation system layout. This forth iteration is the “preliminary design” case 

stated in the body of the report under Section 5. A summary of the preliminary design calculations are 

provided at the end of Appendix B in Tables B-2 and B-3 in SI and Imperial units, respectively. The 

equations presented in the following sections use values from the first design iteration. 

 

The analysis only considers the lower bound isolation properties, which is critical in assessing adequacy 

related to rubber strains, stability and displacement capacity. The upper bound analysis is typically also 

conducted in preliminary design as it may result in the maximum forces for the assessment of adequacy of 

the structure.  This is not done in this report as the work concentrates on the isolation system. 

 

A basic design procedure is outlined in Figure B-1 with note given to the relevance of each design 

iteration shown in Tables B-2 and B-3. The parameters DB, DL, Tr, are the diameter of the bonded rubber, 

the lead core diameter and the total thickness of rubber layers, respectively. If the manufacturer is 

unknown (step 3) then the Registered Design Professionals (RDP) can proceed with Case 1: No data 

available.  
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Figure B-1 Preliminary Design Procedure for Elastomeric Isolation System 

 

B.2 Isolation Systems Characteristic Strength, Qd,total 

The strength of the isolation system Qd,total is a function of the lead core diameter, the effective yield 

stress of lead and number of isolators with a lead core. The first step involves selecting some desirable 

ratio of Qd,total to the building seismic weight W. In general, the ratio of Qd,total/W should be 0.05 or greater 

in the lower bound analysis. The effective yield stress of lead is a complex parameter as it depends on the 

axial load, amplitude and velocity of loading, size of lead core and manufacturer details. An approximate 

range of values for the average effective yield stress of lead σL over three cycles of high-velocity motion 

is 10 to 12 MPa (1.45 to 1.75 ksi) (Constantinou et al 2011). Therefore taking the lower limit of 10 MPa 

(1.45 ksi) and assuming 8 isolators have lead cores, the required lead core diameter is calculated as 

follows: 

Step 1: Adopt Nominal Properties 

The manufacturer is unknown. Select isolator nominal properties G and σL, based on the lower bound of 
the range of values recommended in Constantinou et al (2011) 

Step 2: Estimate Isolator Dimensions 

Determine paremters DB, DL and Tr and check that the isolator stability (required rubber layer thickness) 
is acceptable (see Design Iteration 1). The procedure and calculations are shown herein. 

Step 3: Contact Manufacturer 

Consult with manufacturer to obtain test data based on the 
inital estimate of isoaltion dimensions. 

 Case 1: No similar isolators have been 
previously manufacured and tested. Design 

Iteration 2 seeks to optimize bearing dimensions 
and the isolation system details. It may be 

necessary to adjust the nominal properties based 
on manufacturer recommendations, however no 

test data is assumed herein.  

Proceed with default properties and lambda 
factors and refine and validate later with 

prototype testing. 

Case 2: Test data is available for similar isolators, 
produced with the same  materials and manufacturing 

processes as that proposed for the new isolators. 
Adopt the nominal properties and dimensions of the 

similar beraings (Design Iteration 3) and refine 
bearing dimensions and/or isolation system details 

(Design Iteration 4). 

The nominal properties and associated 
test lambda factors are determined as 

shown in Section 6.  
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,
4

d total

L

L

Q
Ratio W

WD
Number of lead cores 

 


 

                                                    (B - 1) 

34 0.05 53090 10
206 (8.1 )

8 10
L

N
D mm inch

MPa

  
 

 
 

 

This diameter should now be rounded to a value based on isolators used in other projects. Constantinou et 

al (2011) states that increments in sizes of previously manufactured and tested isolators are DL = 160 mm 

(6.3 in), 180 mm (7.08 in), 200 mm (7.86 in) are 220mm (8.66 in), which is to be confirmed with the 

specific manufacturer. Therefore a lead core diameter of DL = 220 mm (8.66 in) is selected here. This 

corresponds to a Qd,total of 3040 kN (683 kip) which is 5.7% of the seismic weight. 

 

B.3 Isolation System Post-Elastic Stiffness, Kd,total  

The post-elastic stiffness is a function of the rubber shear modulus G, isolator diameter DB and the total 

height (sum) of the individual rubber layers Tr  as given in equation (2 - 2). To effectively isolate the 

structure, we seek the softest (lowest shear modulus) rubber to give a large period shift while maintaining 

compact isolators. Constantinou el al (2011) notes that the shear modulus depends on the rubber 

compound, conditions of loading and the amplitude and frequency of loading. A recommended average 

value for the shear modulus over three cycles of motion is in the range of 0.45 to 0.85 MPa (65 to 125 

psi). Lower values are possible however few manufactures can reliably achieve this without experiencing 

significant scragging effects. Assuming we have a reputable manufacturer, a lower bound shear modulus 

G = 0.45 MPa (65 psi) is adopted. Quality manufacturers have a number of rubbers at their disposal, but 

the 0.45 MPa represents the soft end of the range. Very heavy structures may need stiffer rubbers. 

 

The selection of the dimensions DB and Tr is then based on the lead core diameter DL calculated in Section 

B.2. Constantinou et al (2011) recommends (although deviation based on experience is recommended) the 

following rules: 

a) The isolator diameter DB should be in the range of 3 DL to 6 DL 

b) Tr should be equal to or larger than DL 

Therefore for the first design iteration the value of Tr is simply set equal to DL, Tr  = 220 mm (8.66 in) and 

DB is approximated as 4 times DL, DB  = 880 mm (34.6 in).  
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The total post-elastic stiffness depends on the number of isolators. Typically an isolator is located beneath 

each column, which gives a total of 32 isolators. The first iteration assumes only 8 isolators are lead-

rubber (LR) isolators (i.e. SEAOC Design Manual layout). The other 24 isolators are low-damping 

natural rubber (NR) isolators. For the first two iterations it is simply assumed that the NR isolators are the 

same dimensions as the LR isolators, but simply with the lead core removed. Therefore they have the 

same post-elastic stiffness. The isolation systems post-elastic stiffness is calculated as follows: 

2 2

,

( )

4

B L
d total

r

G D D
K Number of isolators

T

 
                                            (B - 2) 

                                   

2 2

,

0.45 ((880 ) (220 ) )
32 /1000

4 220

37.2 / (212 / )

d total

MPa mm mm
K

mm

kN mm kip inch

  
 





 

The third and fourth iterations incorporate the information from tested isolators, which gives rise to 

different dimensions and a different rubber shear modulus for the NR and LR isolator (see Tables B-2 and 

B-3). 

 

B.4 Lower Bound MCE Displacement 

The building is approximated as a single-degree of freedom system and the maximum displacement at the 

isolation systems center of mass is calculated using the ELF procedure. The values for Qd,total and Kd,total 

are based on the lower bound of properties (i.e. average over three cycles of motion). A further 0.85 

adjustment is applied to these values to account for manufacturing variations. Therefore the isolation 

systems properties are adjusted as follows for the lower bound (LB): 

,
0.85 37.2 31.6 / (180 / )

d total LB
K kN mm kip inch    

,
0.85 3040 2584 (581 )

d total LB
Q kN kip    

 

The equivalent lateral force procedure is an iterative process, with the calculations as follows: 

a) Assume a MCE displacement, say DM = 460mm (18inch) 

b) Calculate the effective stiffness KM 

,

,

d total LB

M d total LB

M

Q
K K

D
                                                                               (B - 3) 

                                                            
2584

37.253 / (213 /1.6 )
460

kN mm kip inch     
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c) Calculate the effective period TM 

 2M

M

W
T

K g
                                                                                            (B - 4) 

                                                                      
53090

2 2.4sec
37.3 9810

 


                

d) Calculate the effective damping βM. The yield displacement Y is arbitrarily assumed to be 25mm. 

 
,

2

4 ( )

2

d total LB M

M

M M

Q D Y

K D





                                                    (B - 5) 

                                                                
2

4 2584 (460 25)
0.09

2 37.3 460

  
 

 
             

e) Interpolate the damping coefficient BM from Table 17.5-1 

                          1.17
M

B   

f) Check the displacement matches what was initially assumed 

          
1

2
4

M

M

M

M
gS T

B
D


                                                                       (B - 6) 

                                                                 
2

9810 0.9 2.4
459 (18 ) .

4 1.17
mm inch O K



 
  

 
 

 

B.5 Isolator Axial Loads and Uplift Potential  

The axial load on each isolator depends on their relative vertical compression stiffness Kv, the rigidity of 

the base level diaphragm/framing and the mass distribution. This can be approximated based on a 

uniformly distributed mass and tributary area, or more precisely using a mathematical model. The 

compression stiffness of a multilayered elastomeric isolated can be approximated accordingly:  

1

1
 

4

3
v i

i ci

K A t
E K



  
   

  
                                                 (B - 7) 

where ti is the individual rubber layers thickness, Eci is the compression modulus for incompressible 

material behavior which is dependent on the rubber shear modulus, shape factor and the isolator geometry 

(see Constantinou et al, 2007) and K is the bulk modulus of rubber, typically assumed as 2000MPa 

(290ksi). The compression stiffness for the LR and NR isolators was calculated as 1805 kN/mm (10300 

kip/in) and 1525 kN/mm (8700 kip/in). These stiffnesses are for the final isolator geometry (iteration 4); 

nevertheless the relative stiffness between the LR and NR isolators should be similar for the other design 

iterations to result in an appropriate distribution of axial loads. 
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The seismic weight less the partition weight gives a total dead load, D = 53090 – 5295 = 47795kN 

(10740kip). The unreduced live load is 50490kN (11346kip) which is then multiplied by a 0.4 factor 

based on the limit for the uniform live load reduction formula to give a live load of L = 20196kN 

(4538kip). It is noted that the seismic weight of 53090kN used for analysis is slightly different from the 

load combination of D+0.5L = 57893kN. Using a SAP2000 analysis, the axial load for various isolator 

locations is calculated to be: 

 Interior Isolator Grid 3/C:   D = 1924 kN (432 kip) L = 942 kN  (212 kip) 

 Re-entrant corner Isolator Grid 2/E:  D = 1838 kN (413 kip) L =  756 kN (170 kip) 

 Exterior Inside Isolator Grid 1/D:  D = 1257 kN (282 kip) L =  443 kN (100 kip) 

 Exterior Corner isolator Grid 1/E:  D = 913 kN (205 kip)  L = 290 kN  (65 kip) 

 

To assess the potential for isolator uplift there must be an estimate of the seismic overturning from the 

superstructure. This is calculated from the ELF procedure using the lower bound properties. It is noted 

that the upper bound properties may give a larger lateral seismic force Vb; however the lower bound 

properties will give a ball-park first estimate (i.e. small effective stiffness and large displacement vs. large 

effective stiffness and smaller displacement). The minimum design lateral seismic force is calculated as 

follows: 

 b M M
V K D                    (B - 8) 

         37.25 457 17023 (3825 )kN kip          

This base shear of 17023 kN (or 17033 kN in Table B-1 without rounding error) is then distributed up the 

height of the building according to the revised provisions of ASCE 7-2016, Section 17.5.5. These 

provisions are considered to give a more accurate distribution of the shear over height considering the 

period of the superstructure and isolation system’s effective damping. Table B-1 gives illustration of the 

procedure and equations in ASCE 7-2016 Section 17.5.5. Some key assumptions in these calculations are 

as follows: 

 There is no reduction of forces. Even if the superstructure forces are reduced by an R factor, the 

design of the isolation systems elements for overturning loads shall be based on R = 1.0 or the 

unreduced lateral seismic force Vb (Section17.5.4).  

 The fixed-base fundamental period Tfb is calculated as 0.6 seconds from a SAP2000 analysis, or 

could be approximated quickly using ASCE 7 Equation 12.8-7. 

 There are two Concentrically Braced Frames (CBF) in each principle building direction, with the 

force per level Fx being evenly distributed to each CBF. 
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 The orthogonal earthquake effects on axial load are considered to be minor as the lateral-load 

resisting systems for two perpendicular directions do not share a similar column. 

 Torsion is taken as the minimum required by ASCE 7-2016: accidental eccentricity of 5% times 

the length of the building, all in the same direction for each level. 

 

The effects of torsion result in increases of the forces on one frame and decreases of the forces on the 

other. Here the most critical frame is shown in Table B-1. The force per level is then multiplied by its 

respective height to get the overturning moment. The uplift and compression force on the exterior 

columns of the CBF frame was calculated assuming a linear distribution of resistance across the four 

isolators.  

Table B-1 Preliminary Design Structural Overturning, Iteration 1 

Level 
Height  

(m) 

Weight  

(kN) 
wxh

k
x Cvx 

Fx  

(kN) 

Torsion
 

(kN-m) 

 CBF  

Force 

(kN) 

Over- 

turning  

(kN-m) 

Roof 21.9 3560 40138 0.14 1982 4530 1090 23918 

6 18.3 7988 78059 0.26 3854 8809 2120 38762 

5 14.6 7988 65525 0.22 3235 7395 1779 26030 

4 11.0 7988 52289 0.18 2581 5901 1420 15579 

3 7.3 7988 38044 0.13 1878 4294 1033 7557 

2 3.7 7988 22089 0.07 1091 2493 600 2194 

1 (Base) 0.0 9590 n/a n/a 2412
1 

5515 n/a n/a 

Totals = 53089
2 

296144 1 17033 

 

8041 114039 

1. From ASCE Equation 17.5-8 with no reduction (R = 1.0). This force does not contribute to 

superstructure overturning. 

2. Includes the isolator’s weight  

 

The resulting tension/compression axial load on the exterior isolators (i.e. corner 1/E) is 3742 kN (841 

kip), whereas the factored dead load, 0.9D, for these corner isolators is only 913 kN (205 kip). The 

tension in the critical corner isolators is approximated from the following load combination: 

(0.9 0.2 )
MS E

S D Q    

(0.9 0.2 1.5) 913 1.0 3742 3194 ( 718 )kN kip          



152 

 

In this calculation 0.2SMS is used to account for vertical earthquake effects and the redundancy factor ρ is 

set to 1.0. The conservative basis of the calculation is noted in the assumption that the vertical (0.2SMS) 

and lateral earthquake (QE) effects are assumed to be in unison.  

 

Tension in lead-rubber isolators should be avoided. Nevertheless, Constantinou et al (2007) states that 

high quality isolators can sustain a tensile pressure of about 3G before cavitation occurs (where G is the 

shear modulus of rubber). Well-made isolators can sustain extension without resistance beyond the limit 

of tensile displacement at initiation of cavitation, however this cannot be known without testing of the 

production isolators and testing will damage the isolators.  Accordingly, it is recommended to avoid 

tension beyond the tension capacity, 3GAr which is 770 kN (175 kip) for this application and therefore 

well short of the uplift demand. It is noted that these are simplified conservative calculations. For 

example, the overturning analysis is only for a 2-dimensional frame. In reality the framing in the 

perpendicular direction will distribute the localized demands to other isolators. ELF forces applied to a 

3D mathematical model would give a more refined estimate of uplift demands. Regardless, from this 

early stage we can see that uplift is a significant issue for the 8 corner isolators under the CBF exterior 

columns (i.e. Grids 1/B, 1/E, 2/A, 2/F, 5/A, 5/F, 6/B and 6/E). There are various options and 

combinations of these options to mitigate the uplift issue, as follows: 

1. Change the structural system to eliminate or reduce isolator tension to an acceptable level, by: 

a. Increasing the number of bays with a CBF. 

b. Moving the CBF to a location where the end columns have a higher dead load.  

c. Adopting or incorporating a different lateral load resisting structural system. 

d. Stiffening the beams above the isolators to distribute the tension load over a larger 

number of isolators. 

2. Change the layout of the isolation system, change the isolator connection details and allow for 

limited and controlled uplift. The 2012 SEAOC layout has all the lead-rubber isolator on the 

corners of the building, directly under the end columns of the CBF. This is the location where the 

axial dead load is the smallest and where the overturning forces from the structural system are the 

greatest. An improvement would be to place the lead-rubber isolators on the exterior (i.e. Grids 

A/3, A/4, C/1, C/6, D/1, D/6, F/3, and F/4) and have isolators which are not integral to the energy 

dissipation of the isolation system on these corners. Various options for the 8 corner isolators that 

are subject to uplift include: 

a. Natural rubber isolators with one end bolted and the other end recessed/slotted to allow 

for controlled uplift.  

b. Use of sliding isolators. 
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These options require explicit modelling of the uplift behavior to quantify effects of isolator uplift 

(see Kumar et al, 2014). Testing under these conditions will also be required. 

3. Use uplift restraining systems. 

 

The final isolation system layout is illustrated in Figure 5-2 with the corner isolators adopting approach 

2a) in the recommendations above. Further commentary on modeling and testing for uplift is outside the 

scope of this report. 

 

B.6 Rubber Layer Thickness Required for Isolator Stability  

The isolator stability is a critical check in the selection of preliminary isolators. The process and equations 

that follow are sourced from the Constantinou et al (2011) report. For a hollow circular isolator, the 

buckling load in its un-deformed configuration Pcr is calculated as follows: 

 
2

24

2

2

1 1

0.218

1

i i

o oo

cr

ir

o

D D
D DGD

P
DtT

D

 





 
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                                             (B - 9) 

where t is the thickness of individual rubber layers, Do and Di are the outside and inside bonded diameters, 

respectively and Tr is the sum of individual rubber layers. The lead core is assumed not to contribute to 

the buckling capacity. 

 

When a bolted isolator is subjected to combined compression and lateral deformation, the buckling load 

P’cr is given by the following empirical expression based on the reduced area of rubber: 

 sin  
cr cr

P P
 




                                                              (B - 10) 

In equation (B-10) the value of quantity δ is given by: 

1
2  cos

D


 


 
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 

                                                              (B - 11) 

where Δ is the lateral deformation of the isolator. For the MCE check, the ratio of the buckling capacity 

under lateral deformation, P’cr, divided by the factored axial compression load should be larger than 1.1. 

 

Using the equations above and rearranging equation (B-9), one can calculate the maximum allowable 

rubber layer thickness to ensure stability, and of a thickness that is economical to construct. This check is 

critical under a combination of large displacements and large axial loads. For this preliminary stage, 
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conservatism is used by adopting the maximum axial load combination (i.e. interior or exterior location) 

and the displacement based on an exterior isolator with accidental torsion. The axial load is calculated for 

an internal and corner isolator as follows: 

 1.2 0.2  
MS E

Load Combination S D L Q     

   1.2 0.2 1.5 1924 942 1  .0  0  3828    860 Interior Isolator kN kip         

   1.2 0.2 1.5 913 290 1  .0  3765  5424    1219 Corner Isolator kN kip         

 

The maximum MCE displacement DM calculated from the ELF method is for the center of mass and does 

not include additional displacements due to actual and accidental torsion. Here there are no actual 

eccentricities and the accidental eccentricity is taken as the prescribed distance of 0.05 times the longest 

plan dimension of the building. In ASCE 7-2016 the total maximum displacement DTM is calculated by 

amplifying the maximum displacement DM by a factor given by equation 17.5-3.  

 

A SAP200 modal analysis was used to calculate a ratio of the translation period (first mode) divided by 

the torsional period (third mode), PT of 2.32/2.02 = 1.15. This is for Design Iteration 4 isolator details, as 

per the configuration in Figure 4-2 with effective stiffnesses (used for linear analysis) based on the 

displacement DM from the ELF method. Using Equation 17.5-3, with an eccentricity of 7.5ft, gives a DTM 

of 1.11 times DM
.
. The displacement is further increased to 1.2DM to account for the orthogonal 

earthquake effects. For the first design iteration, this gives a total maximum displacement of: 

 1.2 1.2 460 550    21.7 
TM M

D D mm in     

Based on this displacement of 550mm and compressive load of 5410 kN, the required rubber layer 

thickness is calculate to be, at most, 7.7mm. The rubber layer thickness should be at least 5-6mm to be 

economical, otherwise the isolator dimensions or isolation system properties should be revised. 

 

The procedure described in the preceding sections of this Appendix can be incorporated into a 

spreadsheet to quickly iterate to an optimal solution. This was implemented and the key results are 

presented in Tables B-2 and B-3 for SI and Imperial units, respectively. In the tables there are three key 

classes of variables a) the nominal properties, b) the isolator dimensions, and c) the isolation system 

details (i.e. number of LR and NR isolators). With these inputs, the ELF procedure is conducted to find 

the convergent displacement. Then the rubber layer thickness can be check to see if it is greater than a 5-

6mm limit. It is noted that this spreadsheet is specific for this building and structural layout but can be 

adapted for other projects.  
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Table B-2 Preliminary Design Iterations, SI Units 

Property Symbol 
Iteration 

Units 
1 2 3 4 

Nominal Properties
1
  

Effective Lead Yield Stress σL,nom 10.00 10.00 11.60 11.60 MPa 

LRB Rubber Shear Modulus Gnom,LR 

Isolator 

0.45 0.45 0.40 0.40 MPa 

NRB Rubber Shear 

Modulus 

Gnom,NR 

Isolator 

0.45 0.45 0.49 0.49 MPa 

Isolator Dimensions 

LR Bonded Rubber 

Diameter 

DB,LR 

Isolator 

880 800 850 800 mm 

Lead Core Diameter DL 220 220 220 220 mm 

NR Bonded Rubber 

Diameter 

DB,NR 

Isolator 

880 800 850 750  

NR Mandrel/Hole Diameter Dhole 220 220 70 70  

Total Rubber Thickness Tr 220 220 203 203 mm 

Total Post-elastic Stiffness Kd,total LB 31.6 25.8 35.0 27.3 kN/mm 

Total Characteristic Strength Qd,total LB 2584 3877 2998 4497 kN 

Isolation System Details 

Number of LR Isolators LRB # 8 12 8 12   

Number of NR Isolators NR # 24 20 24 20   

ELF Procedure 

MCE Displacement DM 457 389 414 350 mm 

Effective Stiffness KM,min 37.3 35.7 42.1 40.2 kN/mm 

Effective Period TM 2.38 2.45 2.24 2.31 sec 

Effective Damping βM 0.09 0.17 0.11 0.19   

Damping Factor BM 1.17 1.41 1.22 1.49   

Required Rubber Layer Thickness 

Structural Base Shear Vb LB 17033 13890 17436 13977 kN 

Ratio of Seismic Weight Vb 

LB/W 

0.32 0.26 0.33 0.26   

Dead Load PD 912 912 912 912 kN 

Live Load PL 289 289 289 289 kN 

Horizontal EQ (Overturning) QE 3,741 3,489 3,921 3,641 kN 

Vertical Effects (0.2SMSD ) 0.3D 274 274 274 274 kN 

(1.2 + 0.2SMS)D + QE + L Pu 5,399 5,147 5,579 5,299 kN 

Drift x 1.2 factor DTM 549 466 497 418 mm 

Delta δ 1.80 1.90 1.89 2.04   

Nominal Shear Modulus Gnom 0.45 0.45 0.40 0.40 MPa 

Rubber thickness for stability t 7.75 6.07 7.16 6.9 mm 

Note 1: Multiply the nominal properties by a 0.85 factor for the lower bound properties 
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Table B-3 Preliminary Design Iterations, Imperial Units 

Property Symbol Iteration Units 
1 2 3 4 

Nominal Properties
1 

Effective Lead Yield Stress σL,nom 1.45 1.45 1.682 1.682 ksi 

LRB Rubber Shear Modulus Gnom, LR 

Isolator 

65 65 58 58 psi 

NRB Rubber Shear Modulus Gnom, NR 

Isolator 

65 65 71 71 psi 

Isolator Dimensions 

LR Bonded Rubber Diameter DB, LR 

Isolator 

34.64 31.5 33.5 31.5 in 

Lead Core Diameter DL 8.66 8.66 8.66 8.66 in 

NR Bonded Rubber 

Diameter 

DB, NR 

Isolator 

34.64 31.5 33.5 29.5  

NR Mandrel/Hole Diameter Dhole 8.66 8.66 2.756 2.756 

 

 

Total Rubber Thickness Tr 8.66 8.66 8 8 in 

Total Post-elastic Stiffness Kd,total LB 180 147 200 155 kip/in 

Total Characteristic Strength Qd,total LB 581 871 674 1011 kip 

Isolation System Details 

Number of LR Isolators LRB # 8 12 8 12 

 Number of NR Isolators NR # 24 20 24 20 

 ELF Procedure 

MCE Displacement DM 18 15.3 16.3 13.7 in 

Effective Stiffness KM,min 213 204 241 229 kip/in 

Effective Period TM 2.38 2.45 2.24 2.31 sec 

Effective Damping βM 0.09 0.17 0.11 0.20   

Damping Factor BM 1.17 1.41 1.22 1.49   

Required Rubber Layer Thickness 

Structural Base Shear Vb LB 3828 3121 3918 3141 kip 

Ratio of Seismic Weight Vb LB/W 0.32 0.26 0.33 0.26   

Dead Load PD 205 205 205 205 kip 

Live Load PL 65 65 65 65 kip 

Horizontal EQ (Overturning) QE 841 784 881 818 kip 

Vertical Effects (0.2SMSD ) 0.3D 62 62 62 62 kip 

(1.2 + 0.2SMS)D + QE + L Pu 1213 1157 1254 1191 kip 

Drift x 1.2 factor DTM 21.6 18.4 19.6 16.4 in 

Delta δ 1.80 1.90 1.89 2.04   

Nominal Shear Modulus Gnom 0.065 0.065 0.058 0.058 ksi 

Rubber thickness for stability t 0.305 0.239 0.282 0.272 inch 

Note 1: Multiply the nominal properties by a 0.85 factor for the lower bound properties 
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APPENDIX C 

PRELIMINARY DESIGN OF SLIDING ISOLATION SYSTEM 

C.1  Introduction 

A different method to that in the SEAOC Design Manual is illustrated for preliminary design. The 

preliminary design is based on the approach presented in the Constantinou et al. (2011) Appendix C 

example. The method does not require NLRHA, instead it utilizes simplified calculations based on the 

equivalent lateral force (ELF) procedure to obtain a reasonable estimate of global response. A special 

type of triple Friction Pendulum (FP) is adopted for design (it is defined in Section 2.3). This reduces the 

parameters defining the force-displacement behavior from 16 to 8 (6 geometric and 2 friction parameters).  

 

Optimization of the 8 parameters of a triple friction pendulum (FP) isolator is impractical. Although 

parametric studies will give a theoretical understanding of the tradeoff between forces and displacements, 

“optimized” isolator configurations that have not been previously manufactured are likely to be much 

more expensive and would require longer time to manufacture, test and deliver. Furthermore, without 

testing there will be more uncertainty in performance. The best strategy, as stated in Constantinou et al 

(2011), is to contact the manufacturer of triple FP isolators and request proposals for isolator 

configurations that are most suitable for the application (i.e. trial designs) that can then be evaluated by 

the registered design professional (RDP). The preference is to use standard isolator components and 

configurations and prototype test data, so that there is a direct development of the isolator systems 

properties. 

 

It is assumed that the manufacturer recommends the isolator shown in Figure 7-1. The dimensions of this 

recommended isolator, along with prototype test data can be used directly to check if it satisfies the 

design requirements, as shown in Section C.3 below. The preliminary design also explores a number 

other scenarios. In Section C.2 there is discussion on the scope for altering the recommended isolator’s 

geometric parameters (i.e. the isolator’s post-elastic stiffness parameter R1 and displacement capacity d1). 

Section C.4 then follows the procedure by Constantinou et al, (2011) and shows how to calculate the 

friction coefficients based on qualification test data, say in the case where the preliminary design is 

performed without having prototype test data or the available test data are for isolators that do not meet 

the similarity requirements of ASCE 7-2016. Calculating friction coefficients is an involved process and 

does not necessary lead to improved accuracy. However Section C.4 gives insight into how the friction 

coefficient varies due to isolator pressure, velocity and frictional heating. In practice it is more common 

for the RDP to simply specify a friction coefficient, within a range, and then the manufacturer will use 
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their proprietary manufacturing methods and/or change the isolator dimensions to actually achieve this 

value for the project specific loading conditions. 

 

C.2  Isolator Geometric Parameters 

As discussed earlier, contact should be made with a manufacturer to obtain a list of standard isolator 

dimensions. The radius of curvature of the outer concave plate R1 (=R4), along with the friction 

coefficient on the outer surfaces μ1 (=μ4), are critical parameters governing the overall isolator response 

during significant earthquake excitation. It is sensible for the RDP to only consider the optimization of 

these parameters at the preliminary design stage, with input from the manufacturer on the selection of 

other geometric parameters.  

 

In addition to the 6 dimensions that define the force-displacement behavior of the special FP isolator, the 

RDP may also require the diameter of the rigid DR and articulated sliders DS (see Figure C-1). This is to 

calculate the isolator pressure on the inner and outer surfaces and, as shown in SectionC.4, the friction 

coefficient. Manufacturing constraints for the isolator dictates the useful range of some of the dimensions 

and are normally determined by the manufacturer.  

 

Figure C-1: Special Triple Friction Pendulum Isolator Details  

A partial list of the previously manufactured concave plates is given in Table 4-2 of Constantinou et al 

(2011), with radii of curvatures of 1555mm (61 inch), 2235mm (88 inch), 3048 (120 inch), 3962mm (156 

inch) and 6045mm (238 inch). The larger the radius of curvature, the lower the post-elastic stiffness is. 

This typically results in a lower structural shear at the cost of a larger maximum displacement. In the 

instance where displacements may not be a governing design criterion, the RDP must still consider the 

isolation systems lateral restoring force capability, which places a practical limit on the size of R1. ASCE 

7-2016 §17.2.4.4 requires that the force at maximum displacement is at least 0.025W greater than the 
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force at 50% of the corresponding maximum displacement. By requiring a strong restoring force, 

cumulative permanent displacements are avoided and the prediction of displacement demand is 

accomplished with less uncertainty.  

 

The trial designs received from the manufacture may be based on previously manufactured isolators with 

similar design conditions, or perhaps the manufacturer has already produced and tested the isolators. In 

this case the manufacturer is able to provide details of an isolator used on a previous project which was 

tested under similar axial loads (and displacements) to that calculated in the preliminary design. The 

geometry of the isolator is provided in Figure 7-1. 

 

Here the radius of the outer concave plate R1 (=R4) of 2235mm (88inch) and the displacement d1 (=d4) of 

406mm (16inch), shown in Figure C-1 or 7-1, can be altered with minor effects of the validity of previous 

test data. The displacement d1 can be altered based on the required calculated displacement demand.  The 

only geometric parameter which is sensible to vary during preliminary design is the outer radius R1 with 

all other dimensions (as per Figure 7-1) held constant. The outer concave plates radius should be altered 

based on the partial list of previously produced radii listed above. The concave plates with a larger radius 

than 2235mm (88inch) may have a slightly lower friction. However since the radii changes are small this 

effect is considered minor. The preliminary design presented herein does not consider variations in the 

outer surfaces radius and adopts the recommended dimensions in Figure 7-1. 

 

C.3  Design Based on Recommended Isolator Data  

The ELF procedure is implemented to get an initial estimate of the maximum displacement and structural 

shear. The method assumes a rigid superstructure and adopts a rigid-linear hysteretic model (i.e. as per 

Figure 2-2).  

 

The nominal friction coefficient is calculated from the prototype test data and is the average over three 

cycles of motion from Test 1 as this is a lower bound value (i.e. greater isolator pressure and velocity 

hence greater heating effects). The friction value μA is the unprocessed value as it is simply related to the 

distance travelled and the energy dissipated per cycle. From Table 7-1, the nominal values were 0.041 and 

0.054 with an average of 0.048 for the two isolators. This is then multiplied by a factor of 0.85 for 

production tolerance (i.e. the specification lambda) to get a lower bound value of 0.040. Based on the 

dimensions specified in Figure 7-1 and using an effective yield displacement Y of zero, the parameters for 

the analysis are: 
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The equations for the ELF method are given in Appendix B. The ELF method gives a maximum (MCE) 

displacement of 627mm (24.7inch) which is then multiplied by a 1.2 factor for bi-directional and torsional 

effects, to give a total maximum displacement DTM=752mm (29.6inch) . Even though the isolator’s center 

of stiffness and center of mass coincide, ASCE 7-2016 sets a limit on the total maximum displacement of 

1.15 times the maximum displacement. The isolators displacement capacity is 828mm (32.6inch) with 

stiffening (i.e. force-displacement response enters regime III) at around 762mm (30 inch), therefore the 

prototype isolator is adequate and the tri-linear model in Figure 2-4 is applicable. 

 

For an upper bound analysis, the nominal value can be simply doubled. Using the ELF method the upper 

bound structural base shear is 18% of the seismic weight for an elastic superstructure. This structural 

shear plus the effects of torsion can then be used to assess the potential for uplift. One approach to do this 

is discussed in Appendix B since uplift is a more significant issue for elastomeric isolators. If uplift is a 

concern, then the analysis models must allow for this uplift (i.e. gap elements with zero tension strength). 

Triple FP have been tested and used on past projects (Sarkisian et al, 2012) with an important check being 

the uplift displacement and ensuring that it is not greater than the height of the ring of the isolator.  

 

C.4 Design Based on Qualification Data 

The preliminary design reported in Section 5.3 is from Section C.3: Design Based on Recommended 

Isolator Data, and not from this section. The purpose of this section is to illustrate how friction 

coefficients may be calculated based on qualification test data, say in the case where test data from 

isolators do not meet the similarity requirements of ASCE 7-2016. 

 

The coefficient of friction is affected by a number of factors, with the more important being the sliding 

velocity, temperature and isolator pressure.  Also, the size of the contact area has an effect even when the 

apparent isolator pressure is the same due to differences in the true isolator pressure.  
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Constantinou et al, (2011) have suggested a methodology to estimate the frictional properties based on 

available qualification data.  This approach is described below.  The nominal value of the coefficient of 

friction is defined as the average coefficient of friction during the first three cycles of motion,    , at the 

design ambient temperatures for a fresh isolator (that is, without any effects of aging, contamination, etc.). 

If test data from similar isolator units as per ASCE 7-2016 §17.8.2.7 do not exist (i.e. the actual isolators 

have a greater vertical stress) then one approach is to use qualification test data from the manufacturer to 

determine a preliminary friction value. Constantinou et al, (2011) proposed that the nominal value μ3c for 

PTFE composite-stainless steel interfaces typically used in FP isolators may be roughly calculated based 

on the isolator pressure, p, using: 

 
3

0.122 –  0.01p   ksi
c

      (C - 1) 

It is important to note the applicability of equation (C-1). This equation is limited to isolator pressures 

between 13.8 to 55.2MPa (2 to 8ksi) and is based on experimental data from FP isolators with a contact 

diameter of 279mm (11 inch), and tested to amplitudes of 300 to 700 mm (12 to 28 inches). Note that the 

size of the slider does have a small influence the friction coefficient. For example, a larger slider typically 

has a lower friction coefficient than a smaller slider even though they have the same apparent bearing 

pressure. Furthermore the experimental testing was carried out at a moderate velocity, where frictional 

heating has less effect on the friction coefficient. Thus the values predicted by equation (C-1) need to be 

adjusted for a higher design velocity of the outer surfaces and for the lower velocity in the inner surfaces. 

Since the inner surface experiences lower velocities, and therefore lower frictional heating, it needs to be 

adjusted by a smaller amount. However, if the velocity of the inner surfaces is too low, friction may be 

substantially less even without heating effects and a much larger adjustment is needed. Constantinou et al, 

(2011) recommends that the value of     calculated from C-1 should be reduced by 0.01 to 0.02 for 

velocities of around 1000mm/s (39in/s).   

 

Using a structural model in the program SAP2000, the seismic weight (DL plus partition LL) gives an 

axial load on the interior and exterior isolators of roughly 2140kN (480kip) and 1180kN (265kip), 

respectively. Based on the geometry of the isolator in Figure 7-1, the isolator pressure for outer surfaces 

of the building’s interior isolators is 29.3MPa (4.2ksi), and the isolator pressure for the outer surfaces of 

the building’s exterior isolators is 16.2MPa (2.3ksi).  These pressures are used in equation (C-1) to 

estimate the friction of the important outer surfaces and then adjust for the high velocity effects.  The less 

important value of    for the inner surfaces is arbitrarily assumed to be 0.03.    
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The nominal friction coefficient     for the outer surfaces is calculated as 0.099 for the exterior isolator 

and as 0.080 for the interior isolators using equation (C-1). These values then need to be adjusted for a 

higher design velocity of the outer surfaces. Here     is adjusted as 0.099 – 0.015 = 0.084 for the exterior 

isolators and as 0.080 – 0.015 = 0.065 for the interior isolators.  Constantinou et al, (2011) recommend 

that the friction coefficient in the first cycle of motion     (used for upper bound analysis) be taken as 

1.2     . Also, Constantinou et al, (2011) recommend the use of a factor of 1.1x1.05=1.16 for combined 

aging and contamination effects.   

 

Note that in preliminary design it is inappropriate to follow the limits on lambda factors in equations 17-

2-1 and 17.2-2 in ASCE 7-2016.  Preliminary design is meant to be a starting point for the sizing of the 

isolators.  Accordingly, the upper and lower bound values of friction are determined based on the 

experience of the RDP.  Herein, we follow the procedures for preliminary design in Constantinou et al, 

(2011).  The upper bound value of friction is calculated as 1.2 1.16    , whereas the lower bound value 

is assumed equal to    . The RDP may adjust the values by incorporating uncertainty. 

  

Hence the friction coefficients are taken as: 

 Exterior Isolators Lower Bound 

o Exterior Inner Surfaces μ2 = μ3 = 0.030 

o Exterior Outer Surfaces μ1 = μ4 = 0.084 

 Exterior Isolators Upper Bound 

o Exterior Inner Surfaces μ2 = μ3 = 0.030 1.2 1.16=0.042 

o Exterior Outer Surfaces μ1 = μ4 = 0.084 1.2 1.16=0.117 

 

 Interior Isolator Lower Bound 

o Interior Inner Surfaces μ2 = μ3 = 0.03 

o Interior Outer Surfaces μ1 = μ4 = 0.065 

 Interior Isolator Upper Bound 

o Interior Inner Surfaces μ2 = μ3 = 0.03 1.2 1.16=0.042 

o Interior Outer Surfaces μ1 = μ4 = 0.065 1.2 1.16=0.091 

 

 

 

 



163 

 

The friction properties for the combined system are then taken as the weighted average friction. For 

example, in the lower bound analysis: 

2   

16 1180 0.030 16 2140 0.030
0.030 

16 1180 16 2140
lower bound

    
 

  
 

1   

16 1180 0.065 16 2140 0.042
0.050

16 1180 16 2140
lower bound

    
 

  
 

 

These values along with the dimensions in Figure 7-1 can be used to plot the tri-linear force-displacement 

relationship.  

 

Alternatively, the value friction at zero displacement, µ can be calculated and used in a bilinear or rigid-

linear model to efficiently carry out the ELF procedure. As an example for the lower bound, the 

parameters for the bilinear model (see Figure 2-1) would be:  

                                                               2,

1 1 2

1,

 
eff

eff

R
µ µ µ

R
     

                                       
228.6

 0.050 0.050 0.030 0.0478
2120.9

     

                                                            
, 1 1 1

 
2 2( )

d

eff

W W
K

R R h
 


 

                                   
 

 
53,000

  12.5  /   71.4 /
2 2235 114

kN mm kip in 


 

     *

1 2 ,2/ 2   / 2effY u µ µ R    

                                                         0.050 0.030 305 76 / 2 2.3   0.09 mm inch      

  



164 

 

This Page is Intentionally Left Blank



165 

 

APPENDIX D 

ASCE 7-2016 CHAPTER 17 PROPOSAL WITH CHANGES 

PROPOSED BY AUTHORS OF THIS REPORT 

This appendix presents Proposal TC-12-CH17-01r04 for changes to ASCE 7-2010 Chapter 17 and 

changes recommended to this proposal (highlighted in red) by the authors of this report.  Note that as of 

late February 2015, the proposal has not yet been balloted at the main committee. 

Chapter 17 

SEISMIC DESIGN REQUIREMENTS FOR SEISMICALLY ISOLATED STRUCTURES 

17.1 GENERAL 

Every seismically isolated structure and every portion thereof shall be designed and constructed in 

accordance with the requirements of this section and the applicable requirements of this standard. 

17.1.2 Definitions 

BASE LEVEL: The first level of the isolated structure above the isolation interface. 

MAXIMUM DISPLACEMENT: The maximum lateral displacement, excluding additional 

displacement due to actual and accidental torsion, required for design of the isolation system. The 

Maximum Displacement is to be computed separately using upper bound and lower bound properties. 

TOTAL MAXIMUM DISPLACEMENT: The total maximum lateral displacement, including 

additional displacement due to actual and accidental torsion, required for verification of the stability of 

the isolation system or elements thereof, design of structure separations, and vertical load testing of 

isolator unit prototypes. . The Total Maximum Displacement is to be computed separately using upper 

bound and lower bound properties. 

DISPLACEMENT RESTRAINT SYSTEM: A collection of structural elements that limits lateral 

displacement of seismically isolated structures due to the maximum considered earthquake. 

EFFECTIVE DAMPING: The value of equivalent viscous damping corresponding to energy 

dissipated during cyclic response of the isolation system. 

EFFECTIVE STIFFNESS: The value of the lateral force in the isolation system, or an element 

thereof, divided by the corresponding lateral displacement. 

ISOLATION INTERFACE: The boundary between the upper portion of the structure, which is 

isolated, and the lower portion of the structure, which moves rigidly with the ground. 

ISOLATION SYSTEM: The collection of structural elements that includes all individual isolator 

units, all structural elements that transfer force between elements of the isolation system, and all 

connections to other structural elements. The isolation system also includes the wind-restraint system, 

energy-dissipation devices, and/or the displacement restraint system if such systems and devices are used 

to meet the design requirements of this chapter. 

ISOLATOR UNIT: A horizontally flexible and vertically stiff structural element of the isolation 

system that permits large lateral deformations under design seismic load. An isolator unit is permitted to 

be used either as part of, or in addition to, the weight-supporting system of the structure. 
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SCRAGGING: Cyclic loading or working of rubber products, including elastomeric isolators, to 

effect a reduction in stiffness properties, a portion of which will be recovered over time. 

WIND-RESTRAINT SYSTEM: The collection of structural elements that provides restraint of the 

seismic-isolated structure for wind loads. The wind-restraint system is permitted to be either an integral 

part of isolator units or a separate device. 

17.1.3 Notation 

 BM = numerical coefficient as set forth in Table 17.5-1 for effective damping equal to M 

 b = shortest plan dimension of the structure, in ft (mm) measured perpendicular to d 

Cvx =vertical distribution factor 

DM = maximum displacement, in in. (mm), at the center of rigidity of the isolation system in 

the direction under consideration, as prescribed by Eq. 17.5-1 

DM = maximum displacement, in in. (mm), at the center of rigidity of the isolation system in 

the direction under consideration, as prescribed by Eq. 17.6-1 

DTM  = total maximum displacement, in in. (mm), of an element of the isolation system 

including both translational displacement at the center of rigidity and the component of 

torsional displacement in the direction under consideration, as prescribed by Eq. 17.5-3.  

 d = longest plan dimension of the structure, in ft (mm) measured perpendicular to b 

Eloop = energy dissipated in kips-in. (kN-mm), in an isolator unit during a full cycle of 

reversible load over a test displacement range from 
+
 to 


, as measured by the area 

enclosed by the loop of the force-deflection curve 

e = actual eccentricity, in ft (mm), measured in plan between the center of mass of the 

structure above the isolation interface and the center of rigidity of the isolation system, 

plus accidental eccentricity, in ft. (mm), taken as 5 percent of the maximum building 

dimension perpendicular to the direction of force under consideration 

F

 = minimum negative force in an isolator unit during a single cycle of prototype testing at 

a displacement amplitude of 

 

F
+
 = maximum positive force in kips (kN) in an isolator unit during a single cycle of 

prototype testing at a displacement amplitude of 
+
 

 Fx = lateral seismic force, in kips (kN), at Level x as prescribed by Eq. 17.5-9 

hi, h1, hx = height above the isolation interface of Level i, 1, or x 

hsx = height of story below Level x 

kM = effective stiffness, in kips/in. (kN/mm), of the isolation system in the horizontal 

direction under consideration, as prescribed by Eq. 17.8-5 

 keff = effective stiffness of an isolator unit, as prescribed by Eq. 17.8-1 

 L = effect of live load in Chapter 17 

N = number of isolator units 

PT = ratio of the effective translational period of the isolation system to the effective 

torsional period of the isolation system, as prescribed by Eq. 17.5-6A, but need not be 

taken as less than 1.0 
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rI  = radius of gyration of the isolation system in ft (mm), equal to (b
2
 + d

2
)

1/2
/12 for 

isolation systems of rectangular plan dimension, b x d 

RI = numerical coefficient related to the type of seismic force-resisting system above the 

isolation system 

SDS  = the MCER, 5 percent damped, spectral response acceleration parameter at short periods 

adjusted for site class effects, as defined in Section 11.4.4 

SM1  = the MCER, 5 percent damped, spectral response acceleration parameter at a period of 1s 

adjusted for site class effects, as defined in Section 11.4.3 

SMS  = the MCER, 5 percent damped, spectral response acceleration parameter at short periods 

adjusted for site class effects, as defined in Section 11.4.3 

TM = effective period, in s, of the seismically isolated structure at the displacement DM in the 

direction under consideration, as prescribed by Eq. 17.5-2 

Tfb = the fundamental period, in s, of the structure above the isolation interface determined 

using a modal analysis assuming fixed-base conditions 

Vb = total lateral seismic design force or shear on elements of the isolation system or 

elements below isolation system, in kips (kN), as prescribed by Eq. 17.5-7 or Eq. 17.5-

7A. 

Vs = total lateral seismic design force or shear on elements above the base level, in kips 

(kN), as prescribed by Eq. 17.5-8 and the limits of Section 17.5.4.3 

Vst = total unreduced lateral seismic design force or shear on elements above the base level, 

in kips (kN), as prescribed by Eq. 17.5-8A 

y = distance, in ft (mm), between the center of rigidity of the isolation system rigidity and 

the element of interest measured perpendicular to the direction of seismic loading under 

consideration 

W  = effective seismic weight, in kips (kN), of the structure above the isolation interface, as 

defined by Section 12.7.2 

Ws  = effective seismic weight, in kips (kN), of the structure above the isolation interface, as 

defined by Section 12.7.2, excluding the effective seismic weight, in kips (kN), of the 

base level 

wi,w1,wx  = portion of W that is located at or assigned to Level i, 1, or x 

xi, yi  = horizontal distances in ft (mm) from the center of mass to the i
th
 isolator unit in the two 

horizontal axes of the isolation system 

M = effective damping of the isolation system at the displacement DM, as prescribed by Eq. 

17.2-4.  

 eff = effective damping of the isolation system, as prescribed by Eq. 17.8-2 


+
 = maximum positive displacement of an isolator unit during each cycle of prototype 

testing 



 = minimum negative displacement of an isolator unit during each cycle of prototype 

testing 
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λmax   = property modification factor for calculation of the maximum value of the isolator 

property of interest, used to account for all sources of isolator property variability, as 

defined in Section 17.2.8.4 

λ min   = property modification factor for calculation of the minimum value of the isolator 

property of interest, used to account for all sources of isolator property variability, as 

defined in Section 17.2.8.4 

λ (ae, max)   = property modification factor for calculation of the maximum value of the isolator 

property of interest, used to account for aging effects and environmental conditions as 

defined in Section 17.2.8.4. 

λ (ae, min)   = property modification factor used to calculate the minimum value of the isolator 

property of interest, used to account for aging effects and environmental conditions as 

defined in Section 17.2.8.4. 

λ (test, max)  = property modification factor used to calculate the maximum value of the isolator 

property of interest, used to account for heating, rate of loading, and scragging as defined 

in Section 17.2.8.4. 

λ (test, min)  = property modification factor used to calculate the minimum value of the isolator 

property of interest, used to account for heating, rate of loading, and scragging as defined 

in Section 17.2.8.4. 

λ(spec, max) = property modification factor used to calculate the maximum value of the isolator 

property of interest, used to account for permissible manufacturing variation on the 

average properties of a group of same sized isolators as defined in Section 17.2.8.4. 

λ(spec, min) =  property modification factor used to calculate the minimum value of the isolator 

property of interest, used to account for permissible manufacturing variation on the 

average properties of a group of same sized isolators as defined in Section 17.2.8.4. 

EM = total energy dissipated, in kips-in. (kN-mm), in the isolation system during a full cycle 

of response at displacement DM 

MF      = sum, for all isolator units, of the maximum absolute value of force, in kips (kN), at a 

positive displacement equal to DM 

MF    = sum, for all isolator units, of the maximum absolute value of force, in kips (kN), at a 

negative displacement equal to DM 

17.2 GENERAL DESIGN REQUIREMENTS 

17.2.1 Importance Factor 

All portions of the structure, including the structure above the isolation system, shall be assigned a 

risk category in accordance with Table 1.5-1. The importance factor, Ie, shall be taken as 1.0 for a 

seismically isolated structure, regardless of its risk category assignment. 

17.2.2 Configuration 

Each isolated structure shall be designated as having a structural irregularity if the structural 

configuration above the isolation system has a Type 1b horizontal structural irregularity, as defined in 

Table 12.3-1, or Type 1a, 1b, 5a, 5b vertical irregularity, as defined in Table 12.3-2. 
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17.2.3 Redundancy 

A redundancy factor, ρ, shall be assigned to the structure above the isolation system based on 

requirements of Section 12.3.4.  The value of redundancy factor, ρ, is permitted to be equal to 1.0 for 

isolated structures that do not have a structural irregularity, as defined in Section 17.2.2. 

17.2.4 Isolation System 

17.2.4.1 Environmental Conditions 

In addition to the requirements for vertical and lateral loads induced by wind and earthquake, the 

isolation system shall provide for other environmental conditions including aging effects, creep, fatigue, 

operating temperature, and exposure to moisture or damaging substances. 

17.2.4.2 Wind Forces 

Isolated structures shall resist design wind loads at all levels above the isolation interface. At the 

isolation interface, a wind-restraint system shall be provided to limit lateral displacement in the isolation 

system to a value equal to that required between floors of the structure above the isolation interface in 

accordance with Section 17.5.6. 

17.2.4.3 Fire Resistance 

Fire resistance for the isolation system shall provide at least the same degree of protection as the fire 

resistance required for the columns, walls, or other such gravity-bearing elements in the same region of 

the structure. 

17.2.4.4 Lateral Restoring Force 

The isolation system shall be configured, for both upper bound and lower bound isolation system 

properties, to produce a restoring force such that the lateral force at the corresponding maximum 

displacement is at least 0.025W greater than the lateral force at 50 percent of the corresponding maximum 

displacement. 

17.2.4.5 Displacement Restraint 

The isolation system shall not be configured to include a displacement restraint that limits lateral 

displacement due to MCER ground motions to less than the total maximum displacement, DTM, unless the 

seismically isolated structure is designed in accordance with all of the following criteria:   

1. MCER response is calculated in accordance with the dynamic analysis requirements of Section 

17.6, explicitly considering the nonlinear characteristics of the isolation system and the structure 

above the isolation system. 

2. The ultimate capacity of the isolation system and structural elements below the isolation system 

shall exceed the strength and displacement demands of the MCER response. 

3. The structure above the isolation system is checked for stability and ductility demand of the 

MCER response. 

4. The displacement restraint does not become effective at a displacement less than 0.6 times the 

total maximum displacement. 

17.2.4.6 Vertical-Load Stability 

Each element of the isolation system shall be designed to be stable under the design vertical load 

where subjected to a horizontal displacement equal to the total maximum displacement. The design 
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vertical load shall be computed using load combination (2) of Section 17.2.7.1 for the maximum vertical 

load and load combination (3) of Section 17.2.7.1 for the minimum vertical load. 

17.2.4.7 Overturning 

The factor of safety against global structural overturning at the isolation interface shall not be less 

than 1.0 for required load combinations. All gravity and seismic loading conditions shall be investigated. 

Seismic forces for overturning calculations shall be based on MCER ground motions, and W shall be used 

for the vertical restoring force. 

Local uplift of individual elements shall not be allowed unless the resulting deflections do not cause 

overstress or instability of the isolator units or other structure elements. 

17.2.4.8 Inspection and Replacement 

All of the following items shall be addressed as part of the long term inspection and replacement 

program: 

1. Access for inspection and replacement of all components of the isolation system shall be 

provided. 

2. A registered design professional shall complete a final series of observations of structure 

separation areas and components that cross the isolation interface prior to the issuance of the 

certificate of occupancy for the seismically isolated structure. Such observations shall verify that 

conditions allow free and unhindered displacement of the structure up to the total maximum 

displacement, and that components that cross the isolation interface have been constructed to 

accommodate the total maximum displacement. 

3. Seismically isolated structures shall have a monitoring, inspection, and maintenance plan for the 

isolation system established by the registered design professional responsible for the design of the 

isolation system. 

4. Remodeling, repair, or retrofitting at the isolation system interface, including that of components 

that cross the isolation interface, shall be performed under the direction of a registered design 

professional. 

17.2.4.9 Quality Control 

A quality control testing program for isolator units shall be established by the registered design 

professional responsible for the structural design, incorporating the production testing requirements of 

Section 17.8.6 

17.2.5 Structural System 

17.2.5.1 Horizontal Distribution of Force 

A horizontal diaphragm or other structural elements shall provide continuity above the isolation 

interface and shall have adequate strength and ductility to transmit forces from one part of the structure to 

another. 

17.2.5.2 Minimum Building Separations 

Minimum separations between the isolated structure and surrounding retaining walls or other fixed 

obstructions shall not be less than the total maximum displacement. 

 



171 

 

17.2.5.3 Non-building Structures 

Non-building structures shall be designed and constructed in accordance with the requirements of 

Chapter 15 using design displacements and forces calculated in accordance with Sections 17.5 or 17.6. 

17.2.5.4 Steel Ordinary Concentrically Braced Frames 

Steel Ordinary Concentrically Braced Frames are permitted as the Seismic Force Resisting System in 

seismically isolated structures assigned to SDC D, E and F and are permitted to a height of 160 feet or 

less provided that all of the following design requirements are satisfied.   

1. The value of RI as defined in Section 17.5.4. is 1.0  

2. The total maximum displacement (DTM) as defined in Equation 17.5-6 shall be increased by a 

factor of 1.2.  

17.2.5.5 Isolation System Connections 

        Moment –resisting connections of structural steel elements of the seismic isolation system below 

the base level are permitted to conform to the requirements for Ordinary Steel Moment Frames of AISC 

341 E1.6a and E1.6b.   

17.2.6 Elements of Structures and Nonstructural Components 

Parts or portions of an isolated structure, permanent nonstructural components and the attachments to 

them, and the attachments for permanent equipment supported by a structure shall be designed to resist 

seismic forces and displacements as prescribed by this section and the applicable requirements of Chapter 

13. 

17.2.6.1 Components at or above the Isolation Interface 

Elements of seismically isolated structures and nonstructural components, or portions thereof that are 

at or above the isolation interface shall be designed to resist a total lateral seismic force equal to the 

maximum dynamic response of the element or component under consideration determined using a 

response history analysis. 

EXCEPTION: Elements of seismically isolated structures and nonstructural components or portions 

designed to resist seismic forces and displacements as prescribed in Chapter 12 or 13 as appropriate are 

not required to meet this provision. 

17.2.6.2 Components Crossing the Isolation Interface 

Elements of seismically isolated structures and nonstructural components, or portions thereof, that 

cross the isolation interface shall be designed to withstand the total maximum displacement and to 

accommodate on a long term basis any permanent residual displacement. 

17.2.6.3 Components below the Isolation Interface 

Elements of seismically isolated structures and nonstructural components, or portions thereof, that are 

below the isolation interface shall be designed and constructed in accordance with the requirements of 

Section 12.1 and Chapter 13. 

 

 



172 

 

17.2.7 Seismic Load Effects and Load Combinations 

All members of the isolated structure, including those not part of the seismic force-resisting system, 

shall be designed using the seismic load effects of Section 12.4 and the additional load combinations of 

Section 17.2.7.1 for design of the isolation system and for testing of prototype isolator units. 

17.2.7.1 Isolator Unit Vertical Load Combinations 

The average, minimum and maximum vertical load on each isolator unit type shall be computed from 

application of horizontal seismic forces, QE, due to MCER ground motions and the following applicable 

vertical load combinations: 

1. Average vertical load: load corresponding to 1.0 dead load plus 0.5 live load. 

2. Maximum vertical load: load combination 5 of Section 2.3.2, where E is given by Eq. 12.4-1 and 

SDS is replaced by SMS in Eq. (12.4-4). 

3. Minimum vertical load: load combination 7 of Section 2.3.2, where E is given by Eq. 12.4-2 and 

SDS is replaced by SMS .in Eq. (12.4-4). 

17.2.8 Isolation System Properties 

17.2.8.1 Isolation System Component Types 

All components of the isolation system shall be categorized and grouped in terms of common type 

and size of isolator unit and common type and size of supplementary damping device, if such devices are 

also components of the isolation system. 

17.2.8.2 Isolator Unit Nominal Properties 

Isolator unit type nominal design properties shall be based on average properties over the three cycles 

of prototype testing, specified by Items 2 and 3 of Section 17.8.2.2.  Variation in isolator unit properties 

with vertical load are permitted to be established based on a single representative deformation cycle by 

averaging the properties determined using the three vertical load combinations specified in Section 

17.2.7.1, at each displacement level, where required to be considered by Section 17.8.2.2. 

EXCEPTION: If the measured values of isolator unit effective stiffness and effective damping for 

vertical load 1 of Section 17.2.7.1 differ by less than 15% from those based on the average of measured 

values for the three vertical load combinations of Section 17.2.7.1, then nominal design properties are 

permitted to be computed only for load combination 1 of Section 17.2.7.1. 

17.2.8.3 Bounding Properties of Isolation System Components 

Bounding properties of isolation system components shall be developed for each isolation system 

component type.  Bounding properties shall include variation in all of the following component 

properties: 

1. measured by prototype testing, Items 2 and 3 of Section 17.8.2.2, considering variation in 

prototype isolator unit properties due to required variation in vertical test load, rate of test loading 

or velocity effects, effects of heating during cyclic motion, history of loading,  scragging  

(temporary degradation of mechanical properties with repeated cycling) and other potential 

sources of variation measured by prototype testing, 

2. permitted by manufacturing specification tolerances used to determine acceptability of production 

isolator units, as required by Section 17.8.6, and 
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3. due to aging and environmental effects including creep, fatigue, contamination,  operating 

temperature and duration of exposure to that temperature, and wear over the life of the structure. 

17.2.8.4 Property Modification Factors 

Maximum and minimum property modification (λ) factors shall be used to account for variation of 

the nominal design parameters of each isolator unit type for the effects of heating due to cyclic dynamic 

motion, loading rate, scragging and recovery, variability in production bearing properties, temperature, 

aging, environmental exposure and contamination. When manufacturer-specific qualification test data in 

accordance with 17.8.1.2 has been approved by the registered design professional, these data are 

permitted to be used to develop the property modification factors and the maximum and minimum limits 

of Eqs. 17.2-1 and 17.2-2 need not apply. When qualification test data in accordance with 17.8.1.2 has not 

been approved by the registered design professional, the maximum and minimum limits of Eqs. 17.2-1 

and 17.2-2 shall apply. 

Property modification factors (λ) shall be developed for each isolator unit type and when applied to 

the nominal design parameters shall envelope the hysteretic response for the range of demands from ± 

0.5DM up to and including the maximum displacement, ± DM.  Property modification factors for 

environmental conditions are permitted to be developed from data that need not satisfy the similarity 

requirements of Section 17.8.2.7. 

For each isolator unit type, the maximum property modification factor, λmax, and the minimum 

property modification factor, λmin, shall be established from contributing property modification factors in 

accordance with Eq. 17.2-1 and Eq. 17.2-2, respectively: 

 λ max = (1+ (0.75*( λ (ae, max) -1))) * λ (test, max) * λ (spec, max) ≥ 1.8  (17.2-1) 

 λ min = (1- (0.75*(1- λ (ae, min)))) * λ (test, min) *  λ (spec, min) ≤ 0.60  (17.2-2) 

where 

λ (ae, max)  = property modification factor for calculation of the maximum value of the isolator 

property of interest, used to account for aging effects and environmental conditions. 

λ (ae, min)  =  property modification factor used to calculate the minimum value of the isolator property 

of interest, used to account for aging effects and environmental conditions. 

λ (test, max) =  property modification factor used to calculate the maximum value of the isolator property 

of interest, used to account for heating, rate of loading, and scragging. λ (test, max) shall be 

determined as the ratio of the first cycle property value obtained in the prototype testing, 

Items 2 and 3 of Section 17.8.2.2 to the nominal property value. 

λ (test, min) =  property modification factor used to calculate the minimum value of the isolator property 

of interest, used to account for heating, rate of loading, and scragging.  λ (test, min) shall be 

determined as the ratio of the property value at a representative cycle determined by the 

RDP as obtained in the prototype testing, Items 2 and 3 of Section 17.8.2.2 to the nominal 

property value.  The default cycle is the third cycle. 

λ(spec, max) = property modification factor used to calculate the maximum value of the isolator property 

of interest, used to account for permissible manufacturing variation on the average 

properties of a group of same sized isolators.  

λ(spec, min) = property modification factor used to calculate the minimum value of the isolator property 

of interest, used to account for permissible manufacturing variation on the average 

properties of a group of same sized isolators.  
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EXCEPTION: If the prototype isolator testing is conducted on full-scale specimen that satisfies the 

dynamic test data of Sec. 17.8.2.3, then the values of the property modification factors shall be based on 

the test data and the upper and lower limits of Equations 17.2-1 and 17.2-2 need not apply. 

17.2.8.5 Upper-Bound and Lower-Bound Force-Deflection Behavior of Isolation System 

Components 

A mathematical model of upper-bound force-deflection (loop) behavior of each type of isolation 

system component shall be developed.  Upper-bound force-deflection behavior of isolation system 

components that are essentially hysteretic devices (e.g., isolator units) shall be modeled using the 

maximum values of isolator properties calculated using the property modification factors of Section 

17.2.8.4.  Upper-bound force-deflection behavior of isolation system components that are essentially 

viscous devices (e.g., supplementary viscous dampers), shall be modeled in accordance with the 

requirements of Chapter 18 for such devices. 

A mathematical model of lower-bound force-deflection (loop) behavior of each type of isolation 

system component shall be developed.  Lower-bound force-deflection behavior of isolation system 

components that are essentially hysteretic devices (e.g., isolator units) shall be modeled using the 

minimum values of isolator properties calculated using the property modification factors of Section 

17.2.8.4.  Lower-bound force-deflection behavior of isolation system components that are essentially 

viscous devices (e.g., supplementary viscous dampers), shall be modeled in accordance with the 

requirements of Chapter 18 for such devices. 

17.2.8.6 Isolation System Properties at Maximum Displacements 

The effective stiffness, kM, of the isolation system at the maximum displacement, DM, shall be 

computed using both upper-bound and lower-bound force-deflection behavior of individual isolator units, 

in accordance with Eq. 17.2-3: 
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The effective damping, βM, of the isolation system at the maximum displacement, DM, in inches (mm) 

shall be computed using both upper-bound and lower-bound force-deflection behavior of individual 

isolator units, in accordance with Eq. 17.2-4: 
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where 

∑EM  = total energy dissipated, in kips-in. (kN-mm), in the isolation system during a full cycle 

of response at the displacement DM. 

∑ FM
+    

= sum, for all isolator units, of the absolute value of force, in kips (kN), at a positive 

displacement equal to DM. 

∑ FM 
-    

= sum, for all isolator units, of the absolute value of force, in kips (kN), at a negative 

displacement equal to DM. 

17.2.8.7 Upper-Bound and Lower-Bound Isolation System Properties at Maximum Displacement 
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The analysis of the isolation system and structure shall be performed separately for upper-bound and 

lower-bound properties, and the governing case for each response parameter of interest shall be used for 

design. In addition the analysis shall comply with all of the following:   

For the equivalent linear force procedure, and for the purposes of establishing minimum forces and 

displacements for dynamic analysis, the following variables shall be calculated independently for upper-

bound and lower-bound isolation system properties: kM and DM per Section 17.2.8.6 (Eq.17.2-3 and Eq. 

17.2-4), DM per Section 17.5.3.1 (Eq. 17.5-1), TM per Section 17.5.3.2 (Eq. 17.5-2), DTM per Section 

17.5.3.3 (Eq. 17.5-3), Vb per Section 17.5.4.1 (Eq. 17.5-5), and Vs and Vst per Section 17.5.4.2 (Eq. 17.5-5 

and Eq. 17.5-6). 

The limitations on Vs established Section 17.5.4.3 shall be evaluated independently for both upper-

bound and lower-bound isolation system properties and the most adverse requirement shall govern. 

For the equivalent linear force procedure, and for the purposes of establishing minimum story shear 

forces for response spectrum analysis, the vertical force distribution from Section 17.5.4.3 shall be 

determined separately for upper-bound and lower-bound isolation system properties.  This will require 

independent calculation of F1, Fx, Cvx, and k, per Eqs. 17.5-8 through 17.5-11 respectively. 

17.3 SEISMIC GROUND MOTION CRITERIA 

17.3.1 Site-Specific Seismic Hazard 

The MCER response spectrum requirements of Section 11.4.5 and 11.4.6 are permitted to be used to 

determine the MCER response spectrum for the site of interest. The site-specific ground motion 

procedures set forth in Chapter 21 are also permitted to be used to determine ground motions for any 

isolated structure. For isolated structures on Site Class F sites, site response analysis shall be performed in 

accordance with Section 21.1. 

17.3.2 MCER Response Spectra and Spectral Response Acceleration Parameters, SMS, SM1 

The MCER response spectrum shall be the MCER response spectrum of 11.4.5, 11.4.6 or 11.4.7. The 

MCER response spectral acceleration parameters SMS and SM1 shall be determined in accordance with 

Section 11.4.3, 11.4.5, 11.4.6, or 11.4.7. 

17.3.4 MCER Ground Motion Records 

Where response history analysis procedures are used, MCER ground motions shall consist of not less 

than seven pairs of horizontal acceleration components selected and scaled from individual recorded 

events having magnitudes, fault distance and source mechanisms that are consistent with those that 

control the maximum considered earthquake (MCER). Amplitude or spectral matching is permitted to 

scale the ground motions.  Where the required number of recorded ground motion pairs is not available, 

simulated ground motion pairs are permitted to make up the total number required. 

For each pair of horizontal ground motion components, a square root of the sum of the squares 

(SRSS) spectrum shall be constructed by taking the SRSS of the 5 percent-damped response spectra for 

the scaled components (when amplitude scaling is used an identical scale factor is applied to both 

components of a pair). Each pair of motions shall be scaled such that in the period range from 0.75 TM, 

determined using upper bound isolation system properties, to 1.25TM, determined using lower bound 

isolation system properties, the average of the SRSS spectral from all horizontal component pairs does 

not fall below the corresponding ordinate of the response spectrum used in the design (MCER), 

determined in accordance with Section 11.4.6 or 11.4.7. 

For records that are spectrally matched each pair of motions shall be scaled such that in the period 

range from 0.2TM, determined using upper bound properties, to 1.25TM , determined using lower bound 
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properties, the response spectrum of one component of the pair is at least 90% of the corresponding 

ordinate of the response spectrum used in the design determined in accordance with Section 11.4.6 or 

11.4.7. 

For sites within 3 miles (5 km) of the active fault that controls the hazard, spectral matching shall 

not be utilized unless the pulse characteristics of the near field ground motions are included in the site 

specific response spectra, and pulse characteristics when present in individual ground motions are 

retained after the matching process has been completed. 

At sites within 3 miles (5 km) of the active fault that controls the hazard, each pair of components 

shall be rotated to the fault-normal and fault-parallel directions of the causative fault and shall be scaled 

so that the average spectrum of the fault normal components is not less than the MCER spectrum and the 

average spectrum of the fault-parallel components is not less than 50% of the MCER response spectrum 

for the period range 0.2TM, determined using upper bound properties, to 1.25TM, determined using lower 

bound properties. 

17.4 ANALYSIS PROCEDURE SELECTION 

Seismically isolated structures except those defined in Section 17.4.1 shall be designed using the 

dynamic procedures of Section 17.6. Where supplementary viscous dampers are used the response history 

analysis procedures of Section 17.4.2.2 shall be used.  

17.4.1 Equivalent Lateral Force Procedure 

The equivalent lateral force procedure of Section 17.5 is permitted to be used for design of a 

seismically isolated structure provided all of the following items are satisfied. These requirements shall be 

evaluated separately for upper-bound and lower-bound isolation system properties and the more 

restrictive requirement shall govern.  

1. The structure is located on a Site Class A, B, C and D. 

2. The effective period of the isolated structure at the maximum displacement, DM, is less than or 

equal to 5.0s. 

3. The structure above the isolation interface is less than or equal to 4 stories or 65 ft (19.8m) in 

structural height measured from the base level. Exception: These limits are permitted to be 

exceeded if there is no tension/uplift on the isolators.        

4. The effective damping of the isolation system at the maximum displacement, DM, is less than or 

equal to 30%. 

5. The effective period of the isolated structure TM is greater than three times the elastic, fixed-base 

period of the structure above the isolation system determined using a rational modal analysis. 

6. The structure above the isolation system does not have a structural irregularity, as defined in 

Section 17.2.2. 

7.  The isolation system meets all of the following criteria: 

a. The effective stiffness of the isolation system at the maximum displacement is greater 

than one-third of the effective stiffness at 20 percent of the maximum  displacement. 

b. The isolation system is capable of producing a restoring force as specified in Section 

17.2.4.4. 

c. The isolation system does not limit maximum earthquake displacement to less than the 

total maximum displacement, DTM. 
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17.4.2 Dynamic Procedures 

The dynamic procedures of Section 17.6 are permitted to be used as specified in this section. 

17.4.2.1 Response Spectrum Analysis Procedure 

Response spectrum analysis procedure shall not be used for design of a seismically isolated structure 

unless the structure and isolation system meet the criteria of Section 17.4.1 Items 1, 2, 3, 4 and 6.  

17.4.2.2 Response History Analysis Procedure 

The response history analysis procedure is permitted to be used for design of any seismically isolated 

structure and shall be used for design of all seismically isolated structures not meeting the criteria of 

Section 17.4.2.1. 

17.5 EQUIVALENT LATERAL FORCE PROCEDURE 

17.5.1 General 

Where the equivalent lateral force procedure is used to design seismically isolated structures, the 

requirements of this section shall apply. 

17.5.2 Deformation Characteristics of the Isolation System 

Minimum lateral earthquake design displacements and forces on seismically isolated structures shall 

be based on the deformation characteristics of the isolation system. The deformation characteristics of the 

isolation system include the effects of the wind-restraint system if such a system is used to meet the 

design requirements of this standard. The deformation characteristics of the isolation system shall be 

based on properly substantiated prototype tests performed in accordance with Section 17.8 and 

incorporate property modification factors in accordance with Section 17.2.8.  

The analysis of the isolation system and structure shall be performed separately for upper-bound and 

lower-bound properties, and the governing case for each response parameter of interest shall be used for 

design. 

17.5.3 Minimum Lateral Displacements Required for Design 

17.5.3.1 Maximum Displacement 

The isolation system shall be designed and constructed to withstand, as a minimum, the maximum 

displacement, DM, determined using upper-bound and lower-bound properties, in the most critical 

direction of horizontal response, calculated using Eq. 17.5-1: 
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where 

g = acceleration due to gravity, in units of in./s
2
 (mm/s

2
) if the units of the  displacement 

DM are in in. (mm) 

SM1  = MCER 5 -percent damped spectral acceleration parameter at 1-s period in units of g-

sec., as determined in Section 11.4.5 

TM  = effective period of the seismically isolated structure in seconds at the displacement DM 

in the direction under consideration, as prescribed by Eq. 17.5-2 
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BM = numerical coefficient as set forth in Table 17.5-1 for the effective damping of the 

isolation system M, at the displacement DM 

 

TABLE 17.5-1 Damping Coefficient, BM 

Effective Damping, βM  (percentage of critical)
a,b

 BM factor 

≤ 2 0.8 

5 1.0 

10 1.2 

20 1.5 

30 1.7 

40 1.9 

≥ 50 2.0 

a
The damping coefficient shall be based on the effective damping of the isolation system determined 

in accordance with the requirements of Section 17.2.8.6. 

b
The damping coefficient shall be based on linear interpolation for effective damping values other 

than those given. 

17.5.3.2 Effective Period at the Maximum Displacement 

The effective period of the isolated structure, TM, at the maximum displacement, DM, shall be 

determined using upper-bound and lower-bound deformational characteristics of the isolation system and 

Eq. 17.5-2: 
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M
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    (17.5-2) 

where 

W = effective seismic weight of the structure above the isolation interface as defined in Section 

12.7.2 

kM   = effective stiffness in kips/in. (kN/mm) of the isolation system at the maximum displacement, 

DM, as prescribed by Eq. 17.2-3 

g = acceleration due to gravity, in units of in./s
2
 (mm/s

2
) if the units of kM are in kips/in. (kN/mm). 

17.5.3.3 Total Maximum Displacement 

 

The total maximum displacement, DTM, of elements of the isolation system shall include additional 

displacement due to actual and accidental torsion calculated from the spatial distribution of the lateral 

stiffness of the isolation system and the most disadvantageous location of eccentric mass.  The total 

maximum displacement, DTM, of elements of an isolation system shall not be taken as less than that 

prescribed by Eq. 17.5-3: 
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where 

DM   = displacement at the center of rigidity of the isolation system in the direction under consideration 

as prescribed by Eq. 17.5-1 

y  = the distance in in. (mm) between the centers of rigidity of the isolation system and the element 

of interest measured perpendicular to the direction of seismic loading under consideration 

e  = the actual eccentricity measured in plan between the center of mass of the structure above the 

isolation interface and the center of rigidity of the isolation system, plus accidental eccentricity, in 

ft (mm), taken as 5 percent of the longest plan dimension of the structure perpendicular to the 

direction of force under consideration 

b = the shortest plan dimension of the structure in ft (mm) measured perpendicular to d 

d = the longest plan dimension of the structure in ft (mm) 

PT  = ratio of the effective translational period of the isolation system to the effective torsional 

period of the isolation system, as calculated by dynamic analysis or as prescribed by Eq. 17.5-3, 

but need not be taken as less than 1.0. 
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where: 

xi, yi  = horizontal distances in ft (mm) from the center of mass to the i
th
 isolator unit in the two 

horizontal axes of the isolation system 

N  = number of isolator units 

rI  = radius of gyration of the isolation system in ft (mm), which is equal to ((b
2
 + d

2
) /12)

1/2
  

for isolation systems of rectangular plan dimensions, b x d 

b  = the shortest plan dimension of the structure in ft (mm) measured perpendicular to d 

d  = the longest plan dimension of the structure in ft (mm) measured perpendicular to b 

 

The total maximum displacement, DTM, shall not be taken as less than 1.15 times DM. 

17.5.4 Minimum Lateral Forces Required for Design 

17.5.4.1 Isolation System and Structural Elements below the Base Level 

The isolation system, the foundation, and all structural elements below the base level shall be 

designed and constructed to withstand a minimum lateral seismic force, Vb, using all of the applicable 

requirements for a non-isolated structure and as prescribed by the value of Eq. 17.5-5, determined using 

both upper-bound and lower-bound isolation system properties: 
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 Vb = kMDM     (17.5-5) 

where 

kM   = effective stiffness, in kips/in. (kN/mm), of the isolation system at the displacement DM, as 

prescribed by Eq. 17.2-3 

DM  = maximum displacement, in in. (mm), at the center of rigidity of the isolation system in the 

direction under consideration, as prescribed by Eq. 17.5-3  

Vb shall not be taken as less than the maximum force in the isolation system at any displacement up to 

and including the maximum displacement DM, as defined in Section 17.5.3. 

Overturning loads on elements of the isolation system, the foundation, and structural elements below 

the base level due to lateral seismic force Vb shall be based on the vertical distribution of force of Section 

17.5.5, except that the unreduced lateral seismic design force Vst shall be used in lieu of Vs in Eq. 17.5-9. 

17.5.4.2 Structural Elements above the Base Level 

The structure above the base level shall be designed and constructed using all of the applicable 

requirements for a non-isolated structure for a minimum shear force, Vs, determined using upper-bound 

and lower-bound isolation system properties, as prescribed by Eq. 17.5-6: 

                                 I
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                         (17.5-6) 

where 

RI  = numerical coefficient related to the type of seismic force-resisting system above the isolation 

system 

Vst  = total unreduced lateral seismic design force or shear on elements above the base level, as 

prescribed by Eq. 17.5-7. 

 

The RI factor shall be based on the type of seismic force-resisting system used for the structure above 

the base level in the direction of interest and shall be three-eighths of the value of R given in Table 12.2-1, 

with a maximum value not greater than 2.0 and a minimum value not less than 1.0. 

EXCEPTION:  The value of RI is permitted to be taken greater than 2.0, provided the strength of 

structure above the base level in the direction of interest, as determined by nonlinear static analysis at a 

roof displacement corresponding to a maximum story drift the lesser of the MCE design drift or 0.015 hsx 

.is not less than 1.1 times Vb. 

The total unreduced lateral seismic force or shear on elements above the base level shall be 

determined using upper-bound and lower-bound isolation system properties, as prescribed by Eq. 17.5-7: 
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where 

W  = effective seismic weight, in kips (kN) of the structure above the isolation interface as defined in 

Section 12.7.2, in kip (kN) 
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Ws  = effective seismic weight, in kips (kN) of the structure above the isolation interface as defined in 

Section 12.7.2, in kips (kN), excluding the effective seismic weight, in kips (kN), of the base 

level 

The effective seismic weight Ws in Equation 17.5.7 shall be taken as equal to W when the average 

distance from top of isolator to the underside of base level floor framing above the isolators exceeds 3 

feet.  

EXCEPTION: For isolation systems whose hysteretic behavior is characterized by an abrupt 

transition from pre-yield to post-yield or pre-slip to post-slip behavior, the exponent term (1–2.5βM) in 

equation (17.5-7) shall be replaced by (1–3.5βM). 

17.5.4.3 Limits on Vs 

The value of Vs shall not be taken as less than each of the following: 

1. The lateral seismic force required by Section 12.8 for a fixed-base structure of the same effective 

seismic weight, WS, and a period equal to the period of the isolation system using the upper bound 

properties TM . 

2. The base shear corresponding to the factored design wind load. 

3. The lateral seismic force, Vst, calculated using Eq. 17.5-7, and with Vb set equal to the force 

required to fully activate the isolation system utilizing the greater of  the upper bound properties, or  

1.5 times the nominal properties, for the yield level of a softening system,  

the ultimate capacity of a sacrificial wind-restraint system,  

the break-away friction force of a sliding system, or  

the force at zero displacement of a sliding system following a complete dynamic cycle of motion at 

DM. 

17.5.5 Vertical Distribution of Force 

The lateral seismic force Vs shall be distributed over the height of the structure above the base level, 

using upper-bound and lower-bound isolation system properties, using the following equations: 

                                                        Istb RVVF /)(1 
                                                (17.5-8) 

and 
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and 

 fbTk M14      (17.5-11) 

where 

F1  = lateral seismic force, in kips (or kN) induced at Level 1, the base level 
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Fx = lateral seismic force, in kips (or kN) induced at Level x, x>1 

Cvx  = vertical distribution factor 

Vs = total lateral seismic design force or shear on elements above the base level as prescribed by Eq. 

17.5-6 and the limits of Section 17.5.4.3 

wx  = portion of Ws that is located at or assigned to Level i or x 

hx = height above the isolation interface of Level i or x 

Tfb  = the fundamental period, in s, of the structure above the isolation interface determined using a 

rational modal analysis assuming fixed-base conditions. 

 

EXCEPTION:  In lieu of Equation 17.5-7 and 17.5-9, the lateral seismic force Fx is permitted to be 

calculated as the average value of the force at Level x in the direction of interest using the results of a 

simplified stick model of the building and a lumped representation of the isolation system using response 

history analysis scaled to Vb/RI at the base level. 

17.5.6 Drift Limits 

The maximum story drift of the structure above the isolation system shall not exceed 0.015hsx. The 

drift shall be calculated by Eq. 12.8-15 with Cd for the isolated structure equal to RI as defined in Section 

17.5.4.2. 

17.6 DYNAMIC ANALYSIS PROCEDURES 

17.6.1 General 

Where dynamic analysis is used to design seismically isolated structures, the requirements of this 

section shall apply. 

17.6.2 Modeling 

The mathematical models of the isolated structure including the isolation system, the seismic force-

resisting system, and other structural elements shall conform to Section 12.7.3 and to the requirements of 

Sections 17.6.2.1 and 17.6.2.2. 

17.6.2.1 Isolation System 

The isolation system shall be modeled using deformational characteristics developed in accordance 

with Section 17.2.8.  The lateral displacements and forces shall be computed separately for upper-bound 

and lower-bound isolation system properties as defined in Section 17.2.8.5. The isolation system shall be 

modeled with sufficient detail to capture all of the following: 

1. Spatial distribution of isolator units. 

2. Translation, in both horizontal directions, and torsion of the structure above the isolation 

interface considering the most disadvantageous location of eccentric mass. 

3. Overturning/uplift forces on individual isolator units. 

4. Effects of vertical load, bilateral load, and/or the rate of loading if the force-deflection 

properties of the isolation system are dependent on one or more of these attributes. 
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The total maximum displacement, DTM, across the isolation system shall be calculated using a model 

of the isolated structure that incorporates the force-deflection characteristics of nonlinear elements of the 

isolation system and the seismic force-resisting system. 

 

17.6.2.2 Isolated Structure 

The maximum displacement of each floor and design forces and displacements in elements of the 

seismic force-resisting system are permitted to be calculated using a linear elastic model of the isolated 

structure provided that all elements of the seismic force-resisting system of the structure above the 

isolation system remain essentially elastic. 

Seismic force-resisting systems with essentially elastic elements include, but are not limited to, 

regular structural systems designed for a lateral force not less than 100 percent of Vs determined in 

accordance with Sections 17.5.4.2 and 17.5.4.3. 

The analysis of the isolation system and structure shall be performed separately for upper-bound and 

lower-bound properties, and the governing case for each response parameter of interest shall be used for 

design. 

17.6.3 Description of Procedures 

17.6.3.1 General 

Response-spectrum analysis shall be performed in accordance with Section 12.9 and the requirements 

of Section 17.6.3.3.  Response history analysis shall be performed in accordance with the requirements of 

Section 17.6.3.4. 

17.6.3.2 MCER Ground Motions 

The MCER ground motions of Section 17.3 shall be used to calculate the lateral forces and 

displacements in the isolated structure, the total maximum displacement of the isolation system, and the 

forces in the isolator units, isolator unit connections, and supporting framing immediately above and 

below the isolators used to resist isolator P-∆ demands. 

17.6.3.3 Response-Spectrum Analysis Procedure 

Response-spectrum analysis shall be performed using a modal damping value for the fundamental 

mode in the direction of interest not greater than the effective damping of the isolation system or 30 

percent of critical, whichever is less. Modal damping values for higher modes shall be selected consistent 

with those that would be appropriate for response-spectrum analysis of the structure above the isolation 

system assuming a fixed base. 

Response-spectrum analysis used to determine the total maximum displacement shall include 

simultaneous excitation of the model by 100 percent of the ground motion in the critical direction and 30 

percent of the ground motion in the perpendicular, horizontal direction. The maximum displacement of 

the isolation system shall be calculated as the vector sum of the two orthogonal displacements. 

17.6.3.4 Response-History Analysis Procedure 

Response-history analysis shall be performed for a set of ground motion pairs selected and scaled in 

accordance with Section 17.3.2. Each pair of ground motion components shall be applied simultaneously 

to the model considering the most disadvantageous location of eccentric mass. The maximum 

displacement of the isolation system shall be calculated from the vectorial sum of the two orthogonal 

displacements at each time step. 
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The parameters of interest shall be calculated for each ground motion used for the response-history 

analysis and the average value of the response parameter of interest shall be used for design. 

For sites identified as near fault each pair of horizontal ground motion components shall be rotated to 

the fault-normal and fault-parallel directions of the causative faults and applied to the building in such 

orientation.  

For all other sites, individual pairs of horizontal ground motion components need not be applied in 

multiple orientations.   

17.6.3.4.1 Accidental Mass Eccentricity  

Torsional response resulting from lack of symmetry in mass and stiffness shall be accounted for in the 

analysis.  In addition, accidental eccentricity consisting of displacement of the center-of-mass from the 

computed location by an amount equal to 5% of the diaphragm dimension, separately in each of two 

orthogonal directions at the level under consideration.    

The effects of accidental eccentricity are permitted to be accounted for by amplifying forces, drifts 

and deformations determined from an analysis using only the computed center-of-mass, provided that 

factors used to amplify forces, drifts and deformations of the center-of-mass analysis are shown to 

produce results that bound all the mass-eccentric cases. 

17.6.4 Minimum Lateral Displacements and Forces 

17.6.4.1 Isolation System and Structural Elements below the Base Level 

The isolation system, foundation, and all structural elements below the base level shall be designed 

using all of the applicable requirements for a non-isolated structure and the forces obtained from the 

dynamic analysis without reduction, but the design lateral force shall not be taken as less than 90 percent 

of Vb determined by Eq. 17.5-5. 

 

The total maximum displacement of the isolation system shall not be taken as less than 80 percent of 

DTM as prescribed by Section 17.5.3.3 except that D′M is permitted to be used in lieu of DM where: 
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and  

DM   = maximum displacement in in. (mm), at the center of rigidity of the isolation system in the 

direction under consideration, as prescribed by Eq. 17.5-1 

T  = elastic, fixed-base period, in s, of the structure above the isolation system as determined by 

Section 12.8.2, and including the coefficient Cu, if the approximate period formulas are used to 

calculate the fundamental period 

TM  = effective period, in s, of the seismically isolated structure, at the displacement DM in the 

direction under consideration, as prescribed by Eq. 17.5-2 

17.6.4.2 Structural Elements above the Base Level 

Subject to the procedure-specific limits of this section, structural elements above the base level shall 

be designed using the applicable requirements for a non-isolated structure and the forces obtained from 

the dynamic analysis reduced by a factor of RI as determined in accordance with Section 17.5.4.2. 
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For response spectrum analysis, the design shear at any story shall not be less than the story shear 

resulting from application of the forces calculated using Eq. 17.5-9 and a value of Vb equal to the base 

shear obtained from the response-spectrum analysis in the direction of interest. 

For response history analysis of regular structures, the value of Vb shall not be taken as less than 80 

percent of that determined in accordance with 17.5.4.1, and the value Vs shall not be taken as less than 

100 percent of the limits specified by Section 17.5.4.3. 

For response history analysis of irregular structures, the value of Vb shall not be taken as less than 100 

percent of that determined in accordance with 17.5.4.1, and the value Vs shall not be taken as less than 

100 percent of the limits specified by Section 17.5.4.3. 

17.6.4.3 Scaling of Results 

Where the factored lateral shear force on structural elements, determined using either response-

spectrum or response-history procedure, is less than the minimum values prescribed by Sections 17.6.4.1 

and 17.6.4.2, all design parameters shall be adjusted upward proportionally. 

17.6.4.4 Drift Limits 

Maximum story drift corresponding to the design lateral force including displacement due to vertical 

deformation of the isolation system shall comply with either of the following limits: 

1. Where response spectra analysis is used the maximum story drift of the structure above the 

isolation system shall not exceed 0.015hsx. 

2. Where response history analysis based on the force-deflection characteristics of nonlinear 

elements of the seismic force-resisting system is used the maximum story drift of the structure 

above the isolation system shall not exceed 0.020hsx. 

Drift shall be calculated using Eq. 12.8-15 with the Cd of the isolated structure equal to RI as defined 

in Section 17.5.4.2. 

The secondary effects of the maximum lateral displacement of the structure above the isolation 

system combined with gravity forces shall be investigated if the story drift ratio exceeds 0.010/RI. 

17.7 DESIGN REVIEW 

An independent design review of the isolation system and related test programs shall be performed by 

one or more individuals possessing knowledge of the following items with a minimum of one reviewer 

being a RDP.  Isolation system design review shall include, but not be limited to, all of the following: 

1. Project design criteria including site-specific spectra and ground motion histories. 

2. Preliminary design including the selection of the devices, determination of the total design 

displacement, the total maximum displacement, and the lateral force level. 

3. Review of qualification data and appropriate property modification factors for the manufacturer 

and device selected. 

4. Prototype testing program (Section 17.8). 

5. Final design of the entire structural system and all supporting analyses including modelling of 

isolators for response history analysis if performed. 

6. Isolator production testing program (Section 17.8.5). 

7.  
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17.8 TESTING 

17.8.1 General 

The deformation characteristics and damping values of the isolation system used in the design and 

analysis of seismically isolated structures shall be based on tests of a selected sample of the components 

prior to construction as described in this section. The isolation system components to be tested shall 

include the wind-restraint system if such a system is used in the design. 

The tests specified in this section are for establishing and validating the isolator unit and isolation 

system test properties which are used to determine design properties of the isolation system in accordance 

Section 17.2.8. 

17.8.1.1 Qualification Tests  

Isolation device manufacturers shall submit for approval by the registered design professional the 

results of qualification tests, analysis of test data and supporting scientific studies that are permitted to be 

used to quantify the effects of heating due to cyclic dynamic motion, loading rate, scragging, variability 

and uncertainty in production bearing properties, temperature, aging, environmental exposure, and 

contamination.  The qualification testing shall be applicable to the component types, models, materials 

and sizes to be used in the construction.  The qualification testing shall have been performed on 

components manufactured by the same manufacturer supplying the components to be used in the 

construction.  When scaled specimens are used in the qualification testing, principles of scaling and 

similarity shall be used in the interpretation of the data. 

17.8.2 Prototype Tests 

Prototype tests shall be performed separately on two full-size specimens (or sets of specimens, as 

appropriate) of each predominant type and size of isolator unit of the isolation system. The test specimens 

shall include the wind-restraint system if such a system is used in the design. Specimens tested shall not 

be used for construction unless accepted by the registered design professional responsible for the design 

of the structure. 

17.8.2.1 Record 

For each cycle of each test, the force-deflection behavior of the test specimen shall be recorded. 

17.8.2.2 Sequence and Cycles 

Each of the following sequence of tests shall be performed for the prescribed number of cycles at a 

vertical load equal to the average dead load plus one-half the effects due to live load on all isolator units 

of a common type and size. Prior to these tests being performed the production set of tests specified is 

Section 17.8.5 shall be performed on each isolator: 

1. Twenty fully reversed cycles of loading at a lateral force corresponding to the wind design 

force. 

2. The sequence of either item (a) or item (b) below shall be performed: 

a. Three fully reversed cycles of quasi-static loading at each of the following 

increments of the displacement — 0.25DM, 0.5DM, 0.67DM, and 1.0DM where DM is 

determined in Section 17.5.3.1 or Section 17.6, as appropriate. 

b. The following sequence, performed dynamically at the effective period, TM : 

continuous loading of one fully-reversed cycle at each of the following increments of 

the total maximum displacement 1.0 DM, 0.67 DM, 0.5 DM and 0.25 DM followed by 
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continuous loading of one fully-reversed cycle at 0.25 DM, 0.5 DM, 0.67 DM, and 1.0 

DM.  A rest interval is permitted between these two sequences. 

3. Three fully reversed cycles of quasi-static or dynamic (at the effective period TM) loading at 

the maximum displacement, 1.0DM. 

4. The sequence of either item (a) or item (b) below shall be performed: 

a. 30SM1/(SMSBM), but not less than 10, continuous fully reversed cycles of quasi-static 

loading at 0.75 times the total maximum displacement, 0.75DM. 

b. The test of 17.8.2.2.4.(a), performed dynamically at the effective period, TM. This test 

may comprise separate sets of multiple cycles of loading, with each set consisting of 

not less than five continuous cycles. 

If an isolator unit is also a vertical-load-carrying element, then item 2 of the sequence of cyclic tests 

specified in the preceding text shall be performed for two additional vertical load cases specified in 

Section 17.2.7.1. The load increment due to earthquake overturning, QE, shall be equal to or greater than 

the peak earthquake vertical force response corresponding to the test displacement being evaluated. In 

these tests, the combined vertical load shall be taken as the typical or average downward force on all 

isolator units of a common type and size.  Axial load and displacement values for each test shall be the 

greater of those determined by analysis using upper-bound and lower-bound values of isolation system 

properties determined in accordance with Section 17.2.8.5. The effective period TM shall be the lower of 

those determined by analysis using upper-bound and lower-bound values. 

17.8.2.3 Dynamic Testing 

Tests specified in Section 17.8.2.2 shall be performed either quasi-statically or dynamically at the 

lower of the effective periods, TM, determined using upper-bound and lower-bound properties.  The RDP 

shall specify whether testing shall be performed quasi-statically or dynamically.  When testing is 

performed quasi-statically, the dynamic effects shall be accounted for in analysis and design using 

appropriate property modification factors. 

Dynamic testing shall not be required if the prototype testing has been performed dynamically on 

similar sized isolators meeting the requirements of Section 17.8.2.7, and the testing was conducted at 

similar loads and accounted for the effects of velocity, amplitude of displacement, and heating affects. 

The prior dynamic prototype test data shall be used to establish factors that adjust three-cycle average 

values of kd and Eloop to account for the difference in test velocity and heating effects and to establish λ(test, 

min) and λ(test, max). 

Only if full scale testing is not possible reduced-scale prototype specimens can be used to quantify 

rate-dependent properties of isolators. The reduced-scale prototype specimens shall be of the same type 

and material and be manufactured with the same processes and quality as full-scale prototypes and shall 

be tested at a frequency that represents full-scale prototype loading rates.  

If the force-deflection properties of the isolator units exhibit bilateral load dependence, the tests 

specified in Sections 17.8.2.2 and 17.8.2.3 shall be augmented to include bilateral load at the following 

increments of the total design displacement, DM : 0.25 and 1.0, 0.5 and 1.0, 0.67 and 1.0, and 1.0 and 1.0. 

 If reduced-scale specimens are used to quantify bilateral-load-dependent properties they shall meet 

the requirements of Section 17.8.2.7., the reduced-scale specimens shall be of the same type and material 

and manufactured with the same processes and quality as full-scale prototypes. 

The force-deflection properties of an isolator unit shall be considered to be dependent on bilateral 

load if the effective stiffness where subjected to bilateral loading is different from the effective stiffness 

where subjected to unilateral loading, by more than 15 percent. 
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17.8.2.5 Maximum and Minimum Vertical Load 

Isolator units that carry vertical load shall be subjected to one fully reversed cycle of loading at the 

total maximum displacement, DTM, and at each of the vertical loads corresponding to the maximum and 

minimum downward vertical loads as specified in Section 17.2.7.1 on any one isolator of a common type 

and size.  Axial load and displacement values for each test shall be the greater of those determined by 

analysis using the upper-bound and lower-bound values of isolation system properties determined in 

accordance with Section 17.2.8.5. 

EXCEPTION: In lieu of envelope values for a single test, it shall be acceptable to perform two tests, 

one each for the combination of vertical load and horizontal displacement obtained from analysis using 

the upper-bound and lower-bound values of isolation system properties, respectively, determined in 

accordance with Section 17.2.8.5. 

17.8.2.6 Sacrificial Wind-Restraint Systems 

If a sacrificial wind-restraint system is to be utilized, its ultimate capacity shall be established by test. 

17.8.2.7 Testing Similar Units 

Prototype tests need not be performed if an isolator unit when compared to another tested unit, 

complies with all of the following criteria: 

1. The isolator design is not more than 15% larger nor more than 30% smaller than the 

previously tested prototype, in terms of governing device dimensions; and 

2. Is of the same type and materials; and 

3. Has an energy dissipated per cycle, Eloop, that is not less than 85% of the previously                 

tested unit, and 

4. Is fabricated by the same manufacturer using the same or more stringent documented 

manufacturing and quality control procedures.  

5. For elastomeric type isolators, the design shall not be subject to a greater shear strain nor 

greater vertical stress than that of the previously tested prototype.  

6. For sliding type isolators, the design shall not be subject to a greater vertical stress or sliding 

velocity than that of the previously tested prototype using the same sliding material.  

The prototype testing exemption above shall be approved by independent design review, as specified 

in Section 17.7. 

 

When the results of tests of similar isolator units are used to establish dynamic properties in 

accordance with Section 17.8.2.3, in addition to items 2 to 4 above, the following criteria shall be 

satisfied: 

7. The similar unit shall be tested at a frequency that represents design full-scale loading rates in 

accordance with principles of scaling and similarity. 

8. The length scale of reduced-scale specimens shall not be greater than two. 

17.8.3 Determination of Force-Deflection Characteristics 

The force-deflection characteristics of an isolator unit shall be based on the cyclic load tests of 

prototype isolators specified in Section 17.8.2. 
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As required, the effective stiffness of an isolator unit, keff, shall be calculated for each cycle of loading 

as prescribed by Eq. 17.8-1: 
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where F
+
 and F


 are the positive and negative forces, at the maximum positive and minimum negative 

displacements 
+
 and 


, respectively. 

As required, the effective damping, eff, of an isolator unit shall be calculated for each cycle of 

loading by Eq. 17.8-2: 
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where the energy dissipated per cycle of loading, Eloop, and the effective stiffness, keff, shall be based 

on peak test displacements of 
+
 and 


. 

As required, the post-yield stiffness, kd, of each isolator unit shall be calculated for each cycle of 

loading using the following assumptions: 

1. A test loop shall be assumed to have a bilinear hysteretic characteristics with values of k1, kd, 

Fo, Fy, keff, and Eloop as shown in Figure 17.8.3-1 

2. The computed loop shall have the same values of effective stiffness, keff, and energy 

dissipated per cycle of loading, Eloop, as the test loop. 

3. The assumed value of k1 shall be a visual fit to the elastic stiffness of the isolator unit during 

unloading immediately after DM. 

 

Figure 17.8.3-1 Nominal Properties of the Isolator Bilinear Force-Deflection Model 

It is permitted to use different methods for fitting the loop, such as a straight-line fit of kd directly to 

the hysteresis curve and then determining k1 to match Eloop, or defining Dy and Fy by visual fit and then 

determining kd to match Eloop. 
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17.8.4 Test Specimen Adequacy 

The performance of the test specimens shall be deemed adequate if all of the following conditions are 

satisfied: 

1. The force-deflection plots for all tests specified in Section 17.8.2 have a positive incremental 

force-resisting capacity. 

2. The average post-yield stiffness, kd, and energy dissipated per cycle, Eloop , for the three cycles 

of test specified in Section 17.8.2.2(3) for the vertical load equal to the average dead load 

plus one-half the effects due to live load, including the effects of heating and rate of loading 

in accordance with Section 17.2.8.3, shall fall within the range of the nominal design values 

defined by the permissible individual isolator range which are typically +/-5% greater than 

the   λ(spec, min) and λ(spec, max) range for the average of all isolators. 

3. For each increment of test displacement specified in item 2 and item 3 of Section 17.8.2.2 and 

for each vertical load case specified in Section 17.8.2.2, 

a. For each test specimen the value of the post-yield stiffness, kd, at each of the cycles of 

test at a common displacement shall fall within the range defined by λ(test, min) and λ(test, 

max) multiplied by the  nominal value of post-yield stiffness. 

b. For each cycle of test, the difference between post-yield stiffness, kd, effective 

stiffness of the two test specimens of a common type and size of the isolator unit and 

the average effective stiffness is no greater than 15 percent. 

4.    For each specimen there is no greater than a 20 percent change in the initial effective 

stiffness over the cycles of test specified in item 4 of Section 17.8.2.2. 

45. For each test specimen the value of the post-yield stiffness, kd, and energy dissipated per 

cycle, Eloop, for any number of cycles of each set of five cycles of test 17.8.2.2.4, as 

determined by the RDP and approved by the reviewer(s),  shall fall within the range of 

the nominal design values defined by λ(test, min) and λ(test, max).  The number of cycles 

specified by the RDP shall be consistent with the number of equivalent number of cycles 

at 0.75DM which is representative of the expected performance of the isolation system for 

the local seismic hazard conditions.  When not specified by the RDP, the number of 

cycles shall be four. 

6. For each specimen there is no greater than a 20 percent decrease in the initial effective 

damping over the cycles of test specified in item 4 of Section 17.8.2.2. 

57. All specimens of vertical-load-carrying elements of the isolation system remain stable 

where tested in accordance with Section 17.8.2.5. 

EXCEPTION: The registered design professional is permitted to adjust the limits of items 3 and 4 2 

and 3 to account for the property variation factors of Section 17.2.8 used for design of the isolation 

system. 

17.8.5 Production Tests 

A test program for the isolator units used in the construction shall be established by the registered 

design professional. The test program shall evaluate the consistency of measured values of nominal 

isolator unit properties by testing 100% of the isolators in combined compression and shear at not less 

than two-thirds of the maximum displacement, DM, determined using lower bound properties. 

The mean results of all tests shall fall within the range of values defined by the λ(spec, max) and λ(spec, min) 

values established in Section 17.2.8.4.  A different range of values is permitted to be used for individual 
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isolator units and for the average value across all isolators of a given unit type provided that differences in 

the ranges of values are accounted for in the design of the each element of the isolation system, as 

prescribed in Section 17.2.8.4. 
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APPENDIX E 

ASCE 7-2016 COMMENTARY- DEFAULT LAMBDA FACTORS 

Variable 
Unlubricated 

Interfaces 

Lubricated 

(liquid) 

Interfaces 

Plain Low 

Damping 

Elastomeric 

LRB LRB HDR HDR 

Symbol μ or Qd μ or Qd K Kd Qd Kd Qd  

Example - Aging and Environmental Factors   

Aging - λa 1.3 1.8 1.3 1.3 1 1.4 1.3 

Contamination - λc 1.2 1.4 1 1 1 1 1 

Example Upper Bound 

- λ(ae,max) 
1.56 2.52 1.3 1.3 1 1.4 1.3 

Example Lower Bound 

- λ(ae,min) 
1 1 1 1 1 1 1 

Example - Testing Factors   

All cyclic effects, 

Upper 
1.3 1.3 1.3 1.3 1.6 1.5 1.3 

All cyclic effects, 

Lower 
0.7 0.7 0.9 0.9 0.9 0.9 0.9 

Example Upper Bound 

- λ(test,max) 
1.3 1.3 1.3 1.3 1.6 1.5 1.3 

Example Lower Bound 

- λ(test,min) 
0.7 0.7 0.9 0.9 0.9 0.9 0.9 

λ (PM, max.) = (1+ (0.75*( 

λ (ae, max.) -1)) * λ (test, max.) 
1.85 2.78 1.59 1.59 1.6 1.95 1.59 

λ (PM, min.) = (1- (0.75*(1- 

λ (ae, min.)))  * λ (test, min.) 
0.7 0.7 0.9 0.9 0.9 0.9 0.9 

Example – Specification Factors   

Lambda factor for Spec. 

Tolerance - λ(spec, 

max)      

1.15 1.15 1.15 1.15 1.15 1.15 1.15 

Lambda factor for Spec. 

Tolerance - λ(spec, 

min)      

0.85 0.85 0.85 0.85 0.85 0.85 0.85 

Upper Bound Design 

Property Multiplier 
2.12 3.2 1.83 1.83 1.84 2.24 1.83 

Lower Bound Design 

Property Multiplier 
0.6 0.6 0.77 0.77 0.77 0.77 0.77 

Default UB Design 

Property Multiplier 
2.1 3.2 1.8 1.8 1.8 2.2 1.8 

Default LB Design 

Property Multiplier 
0.6 0.6 0.8 0.8 0.8 0.8 0.8 
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